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Summary

This note explores different methods of extracting the tune from transverse feedback and pick-
up data streams. Advanced algorithms such as the extended Kalman Filter, techniques employing
machine learning algorithms and the Fourier synchrosqueezed transform (FSST) are compared. Re-
inforcement learning is used to propose an alternative to the usual proportional feedback controller
for the transverse feedback systems and performances are compared. Lastly, model predictive con-
trol (MPC) is used in combination with online identification of the accelerator’s dynamics, and
compared with the aforementioned proportional controller.
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Abstract
This report describes the process and results of the different tasks carried out as a CERN engineer intern in the
Feedbacks and Beam Control section.
CERN, the European Organisation for Nuclear Research, investigates fundamental questions in particle physics.
To do so, particle accelerators and colliders accelerate beams of particles to then collide them against each other,
or against a fixed target. To successfully carry out acceleration and collisions, it is of paramount importance
to appropriately control the particle beams. Particularly, the transverse oscillations (oscillations in the plane
perpendicular to the particle’s direction of travel) need to be damped to obtain a stable beam. These oscillations
are characterised by the so-called betatron tune; the number of betatron oscillations done by a particle bunch
over one turn. Correctly tracking and controlling the transverse tune evolution is crucial to provide good quality
beams to the Large Hadron Collider (LHC), and other accelerators and experiments.

Measuring the tune can be challenging, given that the amplitude or frequency data of the beam’s oscillations
can be polluted with noise or artefacts. This report has the objective of exploring the potential of advanced
algorithms such as machine learning in determining the transverse tune from recorded data. Furthermore,
reinforcement learning control of the transverse dynamics of the accelerators is also investigated.

To measure the tune, three methods are investigated. The first method involves reconstructing the true am-
plitude of the oscillation data from the noisy measurements, to then estimate the tune, by using an Extended
Kalman Filter (EKF). The EKF is verified with simulated data, and then validated with real Super Proton
Synchrotron (SPS) data.
The second method uses machine learning models to estimate the tune from the frequency domain data of the
particle oscillations. The following machine learning models are used: feed forward artificial neural networks
(FF), convolutional neural networks (CNN), recurrent neural networks (RNN), and a combination of the differ-
ent models; the CNN-RNN.
The third method uses synchrosqueezing techniques to sharpen the tune spectrograms. In particular, the Fourier
synchrosqueezed transform (FSST) is used.

The EKF algorithm successfully tracks the tune with simulated data, until the oscillations are damped, where
the error induced by converting from amplitude modulation data to phase modulation data increases the variance
in the estimations of the tune. Moreover, the EKF successfully tracks the tune only in isolated regions of the
measured accelerator data. This occurs due to inaccuracies in the accelerator dynamics model used in the EKF
to estimate the tune.

Regarding the machine learning methods, all methods achieve tune estimation accuracy similar to the used
human labels, used as ground truth, when training on spectra with constant tunes. Furthermore, the CNN-
RNN model shows the best performance when a diversity of operational beams are used for training and
validation, closely matching human performance, albeit some outliers.

The FSST algorithm helps sharpen the conventionalBBQ spectrogram, reducing the tune line to fewer frequency
bins and heavily reducing the noise of the spectrogram.

The reinforcement learning controller is implemented by using Soft Actor Critic (SAC) agents in two different
scenarios; controlling the gain of a proportional controller, and directly kicking the beam. The agents observe
the amplitude oscillation of the beam and apply a transverse kick on it to damp the oscillations. Furthermore,
this agents control a simulated accelerator during training and validation, where their performance is compared
against a proportional controller.

Both agents successfully damp the beam, although with similar performance to that of the proportional con-
troller.

Finally, a model predictive controller with online system identification capabilities is shown to outperform the
proportional controller when damping the transverse beam oscillations in simulation.
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1 Introduction
This report describes the works carried as a CERN engineer intern in the Feedbacks and Beam Control section.
CERN, the European Organisation for Nuclear Research, utilises particle accelerators and colliders to investigate
fundamental questions in particle physics. Usually, the experiments carried out at CERN involve colliding a
high-energy particle beam against another, or against a fixed target. To correctly achieve such collisions, it is
of paramount importance to control the particle beam appropriately. One of such control goals is to correctly
damp any transverse (that is, in the plane perpendicular to the particles’ direction of travel) oscillation that
the particle beam may have. Specifically, the particles tend to oscillate at an oscillation frequency described by
the so-called betatron tune.

During the internship, the objective has been to investigate new algorithms to detect the betatron tune,
of which an accurate detection is essential to properly dampen the particles’ oscillations in the transverse plane
and improve the beam quality. CERN’s Feedbacks and Beam Control Section is thus heavily interested in
improving the accuracy of the tune detection.
Particularly, tune detection is attempted by implementing a well-known algorithm used for state estimation
(the Extended Kalman Filter), and also making use of machine learning techniques. Moreover, new ways of
controlling the particle beam have been investigated by testing reinforcement learning and model
predictive controllers. Thus four main research objectives are established; implementing the Extended
Kalman Filter and estimating the tune in time series data, implementing machine learning tune estimation
algorithms and correctly identifying the tune in spectral data, investigating alternative algorithms to post-
process the spectral data, and successfully damping beam oscillations with reinforcement learning and model
predictive control.

The report is structured as follows. Firstly, section 2 explains the background information needed to under-
stand the betatron tune, the challenges of measuring it, and describes the research objectives. Thirdly, the
methodology and results for each of the four main research topics are shown in sections 3, 4, 5, 6, and 7. Then,
the conclusion is discussed in section 8, and the future recommendations in section 9.
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2 Problem Statement and Background Information
In this report, work has been made to estimate the betatron (transverse) tune Qb in the CERN accelerators.
This chapter discusses the background information needed to understand the transverse motion of particles in
an accelerator (and why the tune is important in this regard), what the tune is, as well as the current methods
used to estimate the tune (and the challenges that come with it). This is done in accordance to S. Baird’s
"Accelerators for pedestrians" [1]. Finally, the research objective is described together with the steps taken to
create new algorithms to estimate Qb.

2.1 Background: Transverse beam dynamics
In a circular accelerator, the particles are steered by using dipole magnets [1]. This is illustrated in Figure 1,
where the magnetic field induces a centripetal force that makes the particle follow a circular path. For applica-
tions in large accelerators, several magnets are used to steer the particles, and since the magnets have a fixed
geometry with bending radius ρ, the magnetic field B needs to increase to accelerate the particles towards higher
velocities within the accelerator [1]. Thus, the physical bending radius of the magnet (for a given maximum B)
poses a physical constraint to the maximum momentum that the particles can achieve, and is one of the reasons
why CERN has built accelerators of increasing size over time.

Particle of
mass

Figure 1: Motion of a particle in a dipole magnetic field, the field is in/out of the page [1].

Moreover, accelerators have bunches of particles, and each particle can start its motion from a slightly different
initial horizontal angle. This causes them to follow different paths across a dipole magnet, as shown in the
left of Figure 2. As a result, particles oscillate with respect to each other (right of Figure 2). This is called a
Betatron Oscillation and is the foundation of the transverse dynamics in an accelerator [1].
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Figure 2: Left: two particles in a dipole field, with different initial angles. Right: Transverse oscillation of the
second particle around the first.

So far, only the horizontal motion of the particles has been considered. When looking at the vertical plane,
if the particles start with different initial vertical angles, the displacement plot shown in Figure 2 turns into
"a spiral that never closes. Therefore although particle motion in our simple dipole magnet is “stable” i.e. the

2



trajectories close in the horizontal plane, it is “unstable” i.e. different trajectories do not close in the vertical
plane" [1, p. 22]. Thus, a different kind of focusing (forcing the particles to follow the ideal trajectory on the
accelerator, that is, perfectly centred) is needed other than the dipoles. This is why quadruple magnets are
used. These magnets focus the particles in one plane but defocus them in the other [1]. To compensate for
the undesired defocusing, quadrupole magnets are placed rotated 90◦ with respect to each other along the
accelerator; focusing and defocusing the horizontal and vertical planes in alternate fashion (see Figure 3).

Quadrupole
magnet 

Particle beam
cross secton

N

S

S

N

S

N

N

S

Quadrupole
magnet 

Direction of travel

x plane

y plane

Figure 3: Conceptual impression of two quadrupole magnets focusing and defocusing the beam in different
planes.

Thus, in essence, the CERN circular accelerators use dipole magnets to steer the particles in an approximately
circular path, while using quadrupole (and other higher order magnets, such as octupoles) magnets to contain
the particle beam in the horizontal and vertical (x and y) planes [1]. As the particles diverge from the central
path in the transverse planes (shown in Figure 3), the quadrupoles "force" them back to the central trajectory
[1]. This makes them oscillate with respect to the central trajectory along the accelerator length s, as shown on
the left of Figure 4. In this manner, the Betratron Tune Qb is defined as the number of betatron oscillations
per turn [1], which consists of an integer number of oscillations, and a fractional number of oscillations. Here,
the motion of the particle is parameterised by using the displacement x from the central path as well as the
angle displacement x′ of the particle [1].

Phase Space (for one particle)

Turn1

Turn 2

Figure 4: Left: Transverse position and angle displacement of a particle moving through the accelerator [1].
Right: Phase space diagram (measured every turn) of a single particle, with the highlighted effect of Qb.

In the accelerators, the average x and x′ of a particle bunch is measured every turn at the same location by
using Pick Ups (PU) measurement devices. This measurement can be used to construct a phase space plot
(right part of Figure 4). By using the measurements of a single Pick Up, only the fractional part of the tune can
be measured, as there is ambiguity with respect the integer amount of oscillations done by the bunch. In this
context, the (fractional) betatron tune (referred to as Q or Qb in this report) is defined as the phase advance (in
the phase space diagram) done every turn by the particle bunch. This is an important parameter for describing

3



the transverse dynamics of a particle bunch. Particularly, the FB section uses kickers (which can be seen as
control actuators to change the transverse position of the particle bunch) to damp the betatron oscillations.
Thus, knowing (and suppressing) the tune is crucial for obtaining an adequate damping (that is, to ideally
reach the point (0, 0) in the phase space). Finally, it is important to realise that there are two different betatron
tunes; horizontal and vertical, corresponding to the two different transverse planes, as shown in Figure 3.

2.2 Background: Measuring the tune, and the challenges that come with it
In theory, the tune is estimated by gathering the transverse amplitude data from the PU (i.e. x in Figure 4)
for a certain amount of turns. This time-domain data can then be Fourier transformed to detect the tune in
the frequency domain, as it will be the frequency with the largest magnitude. In practice, measuring the tune
proves to be more challenging than simply taking the max operator of the Fourier spectrum.
Firstly, the time domain signal contains artefacts from errors in the accelerator magnets, as well as other dy-
namics occurring in the particle beam (bunch to bunch wake interactions, etc). This, combined with the bias
and errors in the PU measurement devices, results in a signal that contains noise. Furthermore, since the
transverse amplitude of the particles is damped by the feedback systems (which also add broadband noise [5]),
the signal-to-noise ratio is greatly reduced. When the Fourier analysis is performed, all these effects result in a
frequency spectrum containing noise, and sometimes peaks other than the tune (coupling between the horizontal
and vertical tunes can also occur, leading to tune peaks corresponding to the other transverse plane). Detecting
the tune in such a spectrum is thus non-trivial, and requires algorithms more advanced than the aforementioned
max operator.

One possible approach is to actively excite the particle beam to make the tune peak visible above the background
noise [5], however, this is an invasive method that can also create emittance blow-up (emittance is proportional to
the area of the ellipse of the phase-space diagram, see Figure 4) [5]. A second option is to average the frequency
spectrum over different particle bunches [5], greatly increasing the tune resolution, although, if bunch-by-bunch
tunes are to be estimated, a different algorithm is needed. Finally, the Base-Band-Tune BBQ algorithm [9],
which uses a PU "followed by a diode-based detection and acquisition system" [9, p. 1], is used at CERN. Although
generally providing accurate measurements, the BBQ’s signal accuracy has been a concern during the LHC
ramp mode [5], as well as other operation modes. Furthermore, the algorithm needs a narrow frequency window
in the Fourier spectrum in which to search for the tune, thus greatly limiting its flexibility in beams where the
tune changes drastically over time.

2.3 Research objective
At the beginning of the internship, the research objective was established:

"The hardware deployed for the transverse feedback systems in the CERN synchrotrons permits recording of long
time series of oscillation data of the individual bunches of a beam. Several techniques are available to extract
the transverse tune from these data. These include techniques using observation of the residual oscillations
during and after injection of the beam or following a kick. The project work will explore the potential of
advanced algorithms such as machine learning in determining the transverse tune from recorded
data. The project work gives the opportunity to test the invasive algorithms during machine developments
and process data online during normal operating periods. Matching of algorithms to the particularities of the
accelerator is also part of the study. Machine developments focus on the PSB, PS and SPS accelerators with
data also being available from LHC."

It should be noted that together with the tune estimation task, it was deemed that investigating rein-
forcement learning techniques applied on transverse feedback systems was also of interest, as well
as online model predictive control approaches.
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3 Model Based Tune Estimation: Extended Kalman Filter
The first step in the investigation of tune measurement algorithms was to consider methods that include physical
knowledge about the particle accelerator’s dynamics. With this in mind, the Extended Kalman Filter (EKF)
algorithm was implemented. In this section, the EKF algorithm is explained in subsection 3.1. Secondly, the
algorithm is implemented, as explained in subsection 3.2. Finally, the algorithm is verified and validated in
subsection 3.3.

3.1 The Extended Kalman Filter (EKF)
The Extended Kalman Filter is used to estimate the true states of a system in the presence of uncertainty.
The EKF is the version of the Kalman Filter [17] used in systems where the dynamics (state and observations)
are non-linear [14]. The EKF works by linearising the system dynamics around the last filtered estimate, then
applying the prediction step of the Kalman filter to the linearised system dynamics just obtained. The full EKF
algorithm is shown in Algorithm 1.

Furthermore, the EKF is implemented using time domain oscillation data from the PUs.

Algorithm 1 Extended Kalman Filter
1: while running do

x̂k+1|k = f
(
x̂k|k,uk

)
. One-step ahead prediction

ẑk+1 = h
(
x̂k+1|k,uk+1

)
. Predicted observation

P k+1|k = F k+1|kP k|kF
>
k+1|k+Q . Covariance matrix of state prediction error

Sk+1 = Hk+1P k+1|kH
>
k+1+R . Covariance matrix of innovation

Kk+1 = P k+1|kH
>
k+1S

−1
k+1 . Kalman gain calculation

x̂k+1|k+1=x̂k+1|k+Kk+1[zk+1 − ẑk+1] . Optimal state
P k+1|k+1 = (I −Kk+1Hk+1)P k+1|k . Updated covariance matrix
P k|k ←P k+1|k+1

x̂k|k ←x̂k+1|k+1

2: end while

3.2 Algorithm implementation
In order to implement the EKF, the phase space diagram of a particle bunch (similar to the one depicted in
Figure 4) is constructed from the oscillation data obtained from the PUs. Then, the phase changes in the
aforementioned phase space are used to estimate the tune, i.e. the tune is regarded as the main contributor of
a change in phase.

Thus, to estimate Qb from the PU measurements, a model of the transverse system, observations of the states,
and its noise characteristics (both from the system and measurements) is needed. The transverse phase-space
dynamics of a bunch of particles are modelled as having a rotation component caused by the tune Qb, and
damping caused by the feedback system (see Equation 1). The feedback is assumed to have a constant gain.
Furthermore, the states of the system are defined as the readings from the PUs (x = [PU1, PU2]T = [x, x′]T ).
This way, the next state of the system can be calculated by stating xk+1 = Fxk.

F =

[
cos(2πQb) − sin(2πQb)
sin(2πQb) cos(2πQb)−G

]
(1)

Also, the states of the system are measured directly from the PUs, thus H is the identity matrix (z = Hx).
Finally, the noise characteristics of the system are modelled to have a bias term, and a Gaussian random noise
distribution. The covariance matrices of the system and measurement noise are shown in Equations 2 and 3 .

Q =

[
σ2
w 0
0 σ2

w

]
(2)

R =

[
σ2
v 0
0 σ2

v

]
(3)
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With all the aforementioned definitions, an EKF routine can be constructed to estimate Qb. The EKF is
sensitive to changes in the parameters of the model, thus its prediction accuracy decreases if the real Qb greatly
differs from the estimated one. To prevent this, a crude Qb update is performed for every measurement done by
the system, as shown in Figure 5. This effectively results in a joint state-parameter estimator. Moreover, Qb is
estimated by using the current and previous states, and inverting the system dynamics described in Equation 1.

EKF

estimation

Figure 5: Joint state-parameter estimation routine.

3.3 Results
To asses the EKF algorithm, verification and validations analysis were done to make sure that the EKF accel-
erator model is implemented in the correct way, and that the EKF algorithm is correct enough when analysing
real data.

3.3.1 EKF Verification

To ensure that the EKF algorithm is implemented properly, its performance can be analysed using simulated
data with the same dynamics as in Equation 1, and known system and measurement noise statistics. Two
scenarios are analysed, namely, simulating constant and varying tunes. Figure 6 shows the constant tune
simulation, where the EKF starts by assuming an incorrect tune of 0.3, and later converges to the true tune
value, after 30 turns (see bottom-right plot). Also, the EKF’s PUs measurements estimations are not accurate
when the estimated tune greatly differs from the true tune, as expected, since its model of the dynamics is
inaccurate. Finally, when the signal from the PUs damps out, the tune prediction destabilises (as can be seen
after 350 turns). This is due to several reasons. Firstly, when the SNR figure deteriorates, the EKF estimation
is less accurate. Secondly, this state-parameter estimation routine effectively does an AM to PM conversion.
For small signal amplitudes, this makes the EKF very sensitive to small changes to the amplitude of the signal
for calculating Qb, thus small errors in the estimation of the amplitude of the PU signals lead to large phase
variations.
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Figure 6: EKF results with simulated constant tune.

Figure 7 shows a similar simulation, but with a changing tune. Here, it is observed that the EKF successfully
tracks changes in tune. The time delay when adjusting to the new tune value occurs due to the window size
used to average the tune. Reducing the window size decreases the time delay, with the trade-off of increasing
the variance in the prediction of the tune.
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3.3.2 EKF Validation

To validate the tune algorithm, real transverse oscillation data has been used from the SPS accelerator. This
is shown in Figure 8, where the PU data is compared with the EKF estimation, and the average tune of the
beam is set against the EFK. Here, it is observed that the tune prediction rapidly goes from the initial guess,
to values close to the actual average tune, to then correctly estimate the tune for roughly 150 turns. After 300
turns, the EKF tune estimation increasingly diverges from the true tune once the oscillation data is damped.

This occurs for several reasons. By inspecting the data, it is clear that the model of the accelerator dynamics
is not accurate enough. This is specially evident in the PU1 data, where the EKF wrongly estimates the true
oscillation amplitude, sometimes with errors larger than 100%. Since the model of the accelerator only included
the phase shifts due to the tune, not including a complete model of the accelerator accounting for the succession
of dipole and quadrupole magnets (and other effects, such as chromaticity), this is expected. Furthermore, the
divergence of the tune prediction after 300 turns is caused by the aforementioned inaccuracy in the modelling
of the accelerator, combined to the AM to PM induced error discussed in subsubsection 3.3.1. The AM to PM
error source was considered a hard limit for this algorithm in the current set up, and thus a shift to Machine
Learning methods was investigated (see section 4). Nevertheless, possible algorithm modifications are mentioned
in section 9.
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4 Supervised Learning Methods for Tune Estimation
After the implementation of model-based tune estimation algorithms in section 3, machine learning model are
used to estimate the tune, this time by analysing the frequency data of the BBQ spectrum. This section first
describes the data processing required to make the raw data from the accelerators suitable for the machine
learning models (subsection 4.1). Secondly, the different model architectures are described in subsection 4.2.
Finally, the results obtained from implementing the models are shown in subsection 4.4.

4.1 Data Processing
In order to implement machine learning (ML) models that are supervised, the learning data must come with
a label for the ground truth. Since the BBQ tune estimation is prone to identify other peaks in the spectrum
as the tune, as shown in Figure 9, where two peaks can be found in the BBQ spectrum (right image), human
labels are chosen instead. To achieve this, a data labelling tool was developed, with an example of the interface
shown in Figure 10. This tool allows for labelling tune spectra with human accuracy. Here, an argmax tune
function is interpolated over the spectrum according to some "tune checkpoints" (marked with red crosses)
labelled by a human. In this manner, large amounts of data can be labelled with minimum human input. The
data was collected directly from PS, PSB, and SPS accelerators, both from operational beams and machine
development beams. Furthermore, the data is normalised, since the activation functions of neural networks
work in normalised space [8]. The data is constructed by measuring during 512 turns, and using a rectangular
window for the FFT. The acquisition interval was set to 10 ms.
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Figure 10: Data labelling tool.

4.2 Machine Learning Models
Several ML models have been used to estimate the tune and assess an optimal ML architecture; Feed for-
ward (FF) models, convolutional (CNN) and recurrent (RNN) neural networks, and a combined convolutional-
recurrent neural network structure CNN-RNN [4]. These models/architectures have different characteristics
that can help improve the tune estimation accuracy. All models are implemented using TensorFlow in Python.

Feed forward neural networks (see Figure 11) are used to map an input to an output. This mapping is achieved
by using three main elements; weights w and biases b (the trainable parameters of the network), and the so-called
activation functions (which need to be specified beforehand, and can be non-linear), shown as dots in Figure 11.
Furthermore, a FF network can consist of several layers; each with its own sets of weights, biases, and activation
functions. Each layer maps an input vector x into an output vector y by performing a dot product between the
weights tensor W and the input x, and then adding the bias term: y =W · x+ b. This in itself induces a linear
transformation of the input. In this context, the activation functions are used as operators that, if desired, can
add non-linearities, or modify the mapping x → y in a certain way. Thus, for example, if the ReLu activation
function is used, the mapping is as follows y = ReLu(W · x+ b).
Different layers can be stacked (the output of one layer becomes the input of the next) in the network to achieve
increasingly complex mappings. Furthermore, the "learning" procedure consists on finding the correct weights
and biases to realise a certain mapping [3]. This is achieved by using the gradient of the loss (error), whose
metric needs to be defined (mean squared error, for example). This loss gradient is then related to each of the
trainable parameters (weights and biases) by using the derivatives chain rule [3]. FF networks are used in this
project as the first attempt to correctly map the BBQ spectrum to the tune, and also serve as a benchmark
for the other network architectures.

10



Input
Layer

Hidden
Layer

Hidden
Layer

Output
Layer

 

 

 

Figure 11: Feed forward network architecture.

While the FF network learns global patterns in the input spectrum, the CNN learns local patterns [3]. These
learned patterns are translation invariant [3]. Furthermore, the spatial hierarchies of patterns are also learned
[3]. This allow CNNs to understand spectrum features to identify the tune, possibly learning to differentiate
spectrum traits to correctly assess the tune maxima. The different CNN elements are shown in Figure 12. First,
a convolution operation is done over the data. Here, a sliding window (kernel) of predefined size stops at every
possible location in the data and extracts a 2D patch (window length, input depth) of the surrounding features
[3]. The number of features (the filters in Figure 12) is also predefined. After this, a max-pooling operation
is used to "to aggressively down sample feature maps, much like strided convolutions. Max pooling consists of
extracting windows from the input feature maps and outputting the max value of each channel. It’s conceptually
similar to convolution, except that instead of transforming local patches via a learned linear transformation (the
convolution kernel), they’re transformed via a hard-coded max tensor operation" [3, p. 209]. Convolution and
max-pooling layers can be stacked to extract higher level features from the data. Finally, the data from the last
max-pooling layer is flattened into a a 1D array which can then be connected to dense layers (much like the FF
model layers) to finally output the tune.

Flattened
 

Input

Convolution Max-Pooling Fully-Connected 
(Dense)

Input Shape 
(512 x 1)

Filters

Figure 12: Convolutional neural network architecture.

When looking at Figure 9, it can be observed that knowing past tune values can help better predict the current
tune. In this context, the RNN model is implemented since it can estimate present tunes values also considering
the time-series evolution of the tune. Particularly, the implemented RNN model has a many-to-one (many
inputs, one output) configuration, see Figure 13. Moreover, classic RNNs have the problem of catastrophically
forgetting information from the past, as sometimes the gradient used to update the network (i.e. learning)
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vanishes or increases to a very large number, over time. To overcome this issue, Long Short Term Memory cells
(LSTM) are used [11]. LSTM cells work by recursively transmitting two channels of information over the input;
the cell state C and the the self state H, shown in Figure 13. The cell state C can be seen as the long term
memory component of the cell, while H, the self state, is the short term memory component. The cell state
C transmits information down the entire time-series input chain, having only some minor linear interactions,
and short-term memory modifications are possible, but controlled by information gates who forget, store, and
update information. Furthermore, the H cells carry the more recent information, and directly concatenate with
the input at each time step.
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Input 1

 

Input N

LSTM LSTM LSTM

C1 C2 CN-1

H1 H2 HN-1

Figure 13: Recurrent neural network architecture (N tune spectra are inputted, and the current tune prediction
is the output).

Finally, it is interesting to combine the powerful spatial feature extraction capabilities of CNNs with the temporal
feature extraction of RNNs (see Figure 14). Thus CNN-RNN networks are also considered to estimate the tune.
Such networks are currently used in science, giving positive results in fields such as glaucoma detection [7]. For
the tune estimation problem, the network architecture consists of a CNN layer that extracts the features from
the BBQ spectrum which are then connected to a LSTM layer. Furthermore, a many-to-many configuration,
meaning that the network receives many temporal inputs and also has several temporal outputs (predicting the
tune at each time step), is used.
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Figure 14: CNN-RNN neural network architecture.
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4.3 Model Selection
When implementing the different ML models, several modifications where tried to optimise the network; stacking
layers, modifying the layers sizes, activation functions, loss, and optimiser. Importance was given to reduce the
amount of parameters of each model in order to decrease the computation complexity. Furthermore, in the final
configuration, the Adam optimiser was used with a mean squared error loss. For all models, the batch size was
set to 10 BBQ spectra, and 50 epochs were used. All the other learning parameters are the TensorFlow 2.3.0
defaults. The final architectures are shown in Tables 1, 2, 3, and 4.

Table 1: Feed Forward neural network architecture.

Layer (type) Output Shape Parameters Activation
Dense (None, 400) 205200 ReLu
Dense (None, 300) 120300 Linear
Dense (None, 70) 21070 Linear
Dense (None, 1) 71 Linear
Total parameters: 346,641

Table 2: CNN network architecture.

Layer (type) Output Shape Parameters Activation Kernel Size Filters
Conv1D (None, 493, 32) 672 Linear 20 32
MaxPooling1D (None, 246, 32) 0 - - -
Flatten (None, 7872) 0 - - -
Dense (None, 1) 7873 Linear - -
Total parameters: 8,545

Table 3: RNN network architecture.

Layer (type) Output Shape Parameters Activation Rec. Activation
LSTM (None, 1, 32) 69760 Tanh Sigmoid
Time Distributed Dense (None, 1, 1) 33 Linear -
Total parameters: 69,793

Table 4: CNN-RNN network architecture.

Layer (type) Output Shape Parameters Activation Kernel Size Filters
Time Distributed Conv1D (None, 10, 512, 10) 110 Linear 10 10
Time Distributed MaxPooling1D (None, 10, 256, 10) 0 - - -
Time Distributed Flatten (None, 10, 2560) 0 - - -
LSTM (None, 10, 32) 331904 Tanh - -
Time Distributed Dense (None, 10,1) 33 Linear - -
Total parameters: 332,047

Once trained on several operational beams, it was found that the CNN-RNN model showed better performance
when compared to the other models, as well as showing more robustness to over-fitting, which was found to be
a weakness of the other models, which showed worst generalisations capabilities. Thus, in the end the CNN-
RNN model was chosen. Figure 15 shows the different tune lines found by the model for an SPS SFTPRO1
beam. Although all models show good performance (low variance in this case, for a constant tune line), all
models except the CNN-RNN struggled to find the tune for spectra with heavily changing or severe noise, as is
sometimes the case in the PSB and PS beams.
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4.4 Results
Once trained with human-labelled data, the CNN-RNN model was validated with unseen BBQ spectra from
the PSB, PS and SPS beams. This is shown in Figure 16, where it can be observed (top right plot) that, except
for some outliers, the CNN-RNN model closely matches the human labels. It is also worth noting that, since the
output of the CNN-RNN is continuous, a discrete peak finder which looked 5 FFT bins away from the model
prediction was used to correctly identify the discrete FFT bin corresponding with the tune.
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Figure 16: Validation data with the CNN-RNN model tune estimates. Top left: example of model output for a
single BBQ spectrum, top right: comparison between model output and human label over several BBQ spectra,
bottom left: model prediction with error confidence bound, bottom right: MSE for the different tunes shown
in the top right figure.
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4.5 Miscellaneous
As a side-study, a LSTM model was used to predict the next pick up reading in the accelerator, using the
previous three readings. Such a model is shown in Figure 17, where it is observed, that, for the small dataset
shown, the model correctly predicts the next measuring of the pick up signal, as well as decreasing the learning
and validation losses over training epochs.
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Figure 17: LSTM model used to predict the next pick up reading.
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5 Fourier Synchrosqueezed Transform
Since the tune spectra generated by the classical FFT algorithms explored so far contain artefacts that can
mislead the tune-finding algorithms, a new algorithm was explored to produce tune spectra with sharper,
more protruding tune lines. The algorithm is described in subsection 5.1, and its performance is described in
subsection 5.2.

5.1 Algorithm description
To analyse the time-frequency evolution (TF) of the tune, the synchrosqueezing transform was used (ST) [15].
The ST belongs to the class of time-frequency reassignment (TFR) algorithms, and allows for the extrac-
tion of oscillatory signal components that change in amplitude and frequency over time [15]. This algorithm
post-processes the Pick Up (PU) signal’s spectrogram and "focuses the spectrograms’s energy towards the in-
stantaneous frequencies (IF) curves and results in a sharpened TF plot" [15].

Particularly, the synchrosqueezed short-time Fourier transform (FSST) [6] was used to extract the
tune from the PU signal. The PU signal f(t) was assumed to have the form of equation 4, where each
component fk(t) is an oscillating function with amplitude Ak(t) and phase φk(t). The IF is then dφk(t)/dt.
Obtaining the IF of the tune over turns is the objective.

f(t) =

K∑
k=1

fk(t) =

K∑
k=1

Ak(t)e
2πiφk(t) (4)

To estimate the tune, first, a modified short-time Fourier transform (STFT) of the PU signal f(t) can be
computed (referred to as Vg), using a spectral window g and adding a modulation factor with parameter η, as
described in [6]. The IF information is then defined as equation 5 [6, p. 2].

ωf(t, η) =
∂tVgf(t, η)

2πiVgf(t, η)
(5)

Furthermore, FSST is benchmarked against the STFT, and the Hilbert transform IF (see Equation 6), where
P+ is the single-sideband modulation or the analytic signal. This definition is further described in [6, p. 3].

IFHf(t) =
1

2π
Im

(
∂tP

+f(t)

P+f(t)

)
(6)
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5.2 Results
To analyse the FSST performance, a chirped PSB signal was measured, and the instantaneous frequency (tune)
of the signal was computed using the Hilbert, STFT, and FSST algorithms, as shown in Figure 18. Here, it is
observed that both the STFT and FSST compute more robust tune lines when compared against the Hilbert
transform, which is susceptible to noise, specially when the signal amplitude decreases. Furthermore, it can
be observed that the FSST tune line is sharper than the STFT one, with the tune line squeezed into fewer
frequency bins. Also, the FSST heavily reduces the noise in the spectrogram, which is still observable in the
SFTF spectrogram. This results in a spectrogram where extracting the tune line is facilitated by the fact that
there is less noise information. Furthermore, depending on the signal characteristics, it was found that using
windowing techniques can help further sharpening the tune line.

Figure 18: Top left: measured pick up signal, top right: IF Hilbert transform of the signal, bottom left: FSST
spectrogram, bottom right: STFT spectrogram.
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6 Reinforcement Learning for Transverse Damping
Regarding the control of the transverse dynamics in the accelerator, currently, a proportional control strategy
is used. With the emergence of machine learning, the study of other control algorithms is of interest, since
they have the potential to allow for a faster damping of the bunches’ transverse dynamics, or reducing the
power/energy needed for damping. More specifically, reinforcement learning is investigated. Subsection 6.1
describes the reinforcement learning implementation, and subsection 6.2 the obtained results.

6.1 The reinforcement learning scenario
The reinforcement learning RL scheme (shown in Figure 19) is as follows; an agent (which can be imagined as
the control law) interacts with an environment by taking actions. Also, the agent observes the environment, and
gets a reward based on the state of the environment and the action it took. In this context, the environment
is the particle accelerator, the observations are made via the PUs, and the action is the kicker input on the
bunch. The goal of the agent is to damp the transverse motion of the particles. The agent does this
by maximising the total cumulative reward after an episode is finished (in this case, after the particle bunch
completes a set amount of turns in the accelerator). In this manner, via trial and error (updating the agent’s
parameters) over multiple episodes, the agent learns to control the accelerator. The implementation of the
three main elements of RL (environment, agent and reward function) is described in subsections 6.1.1,
6.1.2, and 6.1.3.

Accelerator (SPS)

RL Agent

 

 

Figure 19: Reinforcement learning model.

6.1.1 The environment

To correctly deploy the RL agent, it is important to have a defined environment. In this study, the environment is
a particle accelerator, which is simulated for the purpose of this study. Specifically, the transverse beam dynamics
are simulated, accounting for tune effects, octupole magnets, the transverse contribution of the longitudinal
dynamics, and the effect of the feedback system, where the agent takes actions. Furthermore, for each RL
episode, the initial states of the accelerator are generated from a uniform distribution bounded to the desired
phase space limits. It is worth mentioning that the environment has four states embedded in two complex
numbers; the horizontal and vertical phase space components of the transverse and longitudinal directions, B
and BL. Only the transverse states are visible for the agent (via the PUs in the real accelerator). The simulated
particle accelerator environment scheme is shown in Algorithm 2.

Algorithm 2 Accelerator Environment (tailored for Scenario 1)

1: if Initialising = True then
2: <(B),<(BL) = U(-10,10) . Initialising real states
3: =(B),=(BL) = U(-10j,10j) . Initialising imaginary states
4: else
5: B ← B · exp (2πjQ) . Phase advance due to tune
6: B ← B · exp (2πjµ|B|2) . Phase advance due octupole magnets
7: BL ← BL · exp (2πjQL) . Longitudinal phase advance due to synchrotron tune
8: δ = <(BL) . Energy offset
9: B ← B · exp (2πjξδ) . Chromaticity

10: B ← B −G · action · j · =(B) . Feedback contribution
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In this study, two RL scenarios are treated; Scenario 1, where the agent scales a maximum allowed feedback
gain on the kicker (the control input to the particle beam), and Scenario 2, where the agent directly kicks
the beam with a maximum allowed strength. Furthermore, Scenario 1 uses the complete simulated model
(Algorithm 2), while Scenario 2 only takes into account the tune effects, but also initialises each episode with
a new, randomly generated tune. These two scenarios are used to investigate RL agents that could be deployed
in the current accelerator setup (for SPS) in the case of Scenario 1, while also giving a less restricted control
problem (Scenario 2) to the agent to observe whether new control policies emerge.

6.1.2 The agent

Several RL agents have been considered: A2C, DDPG, DQN, PPO, TD3, and SAC (these algorithms are
implemented with Stable Baselines3 [13]).
It is important to realise that the RL problem deals with both continuous action and observation spaces. Hence
DQN, although showing good performance in several control tasks [16], is not suited for continuous action
spaces, and is thus discarded. When inspecting the other algorithms, SAC is chosen because of its robustness
regarding convergence during learning [10], as well as in the face of model and estimation errors [18]. SAC also
outperforms the other algorithms in several control tasks, showing more stability and homogeneous performance
when different random seeds are used during training [10]. SAC is a maximum entropy RL algorithm, which
aims at succeeding at a certain control task while maximising its entropy [10]. One important aspect of SAC
is its sensitiveness to the scaling of the reward function, which is regarded as the main hyper parameter that
requires tuning [10].

6.1.3 The reward function

The objective of the implemented RL agent is to damp the transverse bunch oscillations as fast as possible.
Thus, the reward function is shaped to be inversely proportional to the norm of the PU readings. Initially,
sparse reward functions have been considered; providing positive rewards only after a very small norm in the
phase space is achieved. Such reward functions allow the agent to develop creative control strategies, since they
don’t contain previous knowledge on the control task, only the desired final state. However, when implemented,
this sparse function led to erratic learning, providing poor damping times and even making the phase space
norm increase over time. This is because it takes a great amount of turns (assuming good damping control) for
the phase space norm to be small enough such that a positive reward is obtained, thus, it is challenging for the
agent to converge to a specific control strategy.

To overcome this issue, a denser reward function is used which increases in reward (or decreases in penalty) as
the norm of B, the transverse states, is reduced.

6.2 Results
As discussed in subsubsection 6.1.1, each scenario has a specific setup for the environment. The environments’
settings are shown in Table 5. Here, the first SAC agent (Scenario 1) explores an environment where all
parameters are constant with the exception of the initial states of the beam, while the second agent explores a
simpler environment (see subsubsection 6.1.1), but also having a randomly varying tune at each episode. Also,
the first agent can take actions between 0 and 1, while the second agent takes actions between -1 and 1. Both
the observation and action spaces are continuous.

Table 5: Environment parameters.

Initial States Q QL µ ξ Gain Max Turns
Scenario 1 U(-10,10) 0.18 5.5e-3 2e-4 2 0.01 2000
Scenario 2 U(-1,1) U(0,0.5) - - - - 200

When deployed, both scenarios achieve transverse damping, although in different ways, as shown in Figure 20
and 21. In the case of Scenario 1, the agent first applies an action close to 1 (100% of the allowed damping
strength) until the norm decreases to a small value in 730 turns. Then, the action strength is decreased, and
the variance in the selected action increases (see top-right image of Figure 20). This is expected, because for
small norms, changing the scaling of the gain has very little impact, given that the control input of the kicker is
very small due to the nature of proportional controllers. Hence, the SAC agent receives very small changes in
reward for the different actions it takes when the norm is small, and thus it doesn’t correctly learn the optimum
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policy. This consists in using 100% of the kick strength, an action of 1 in Figure 20, since the maximum allowed
gain of 0.01 results in a very under-actuated control problem. Furthermore, it can be observed that the norm
damping curve of the SAC agent follows closely the proportional controller curve. This shows that the agent
learnt the optimal control strategy.

0 250 500 750 1000 1250 1500 1750 2000
Turns [-]

0

2

4

6

8

10

No
rm

 [a
.u

.]

Phase space norm
SAC
Gain

0 250 500 750 1000 1250 1500 1750 2000
Turns [-]

0.2

0.4

0.6

0.8

1.0

Ac
tio

n 
[a

.u
.]

Actions

Figure 20: Scenario 1 damping evolution for a given initial state (left), and the actions taken (right).

The damping curve in the phase space norm plot of Scenario 2, Figure 21, also shows that the SAC performance
is similar to the proportional controller. This is not expected. Since the SAC agent was given a larger control
authority, there is the possibility of outperforming the proportional controller. This way, a bang-bang control
strategy was expected; placing the beam close to the phase-space vertical axis (see bottom plot of Figure 21),
and then kicking with the required strength to damp the norm, reaching the point (0, 0) in the phase space.
Instead, the SAC agent damps the strength of its actions, much like a proportional controller, to damp the
particles. This could occur because, since the tune was also randomised for each learning episode, the agent
needed to find the bang-bang control approach for different starting positions in phase space, and different
tunes. This results in a large search space, and it is probable that with larger training times (the agent learnt
during several days), the bang-bang control strategy is found.
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Figure 21: Scenario 2 damping evolution for a given initial state (left), the actions taken (right), and the phase
space evolution (bottom).
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When inspecting the learnt control policies, Figure 22, it is observed that for Scenario 1, most of the phase
space actions correspond to a 100% kick, as expected. Also, as previously discussed, the action strength reduces
closer to the point (0, 0). Furthermore, some weak action traces can be seen in the top right of the phase space.
This traces lie very close to the tune line. This way, if the particles are in that region, they will land very close
to the vertical axis in the plot in the next turn, hence, specially when the norm is large (as is the case in the
region of the traces), the vertical kicking in the particles becomes more effective. This might have been learnt
by the SAC agent.
Moreover, the Scenario 2 policy shows a clear pattern of using positive actions in the positive X ′n regions of
the phase space, and negative actions in the negative counterparts. This is expected since a positive action
decreases the norm in the positive X ′n region, and viceversa.
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7 Model Predictive Control for Transverse Damping (MPC)
As discussed in section 6, machine learning algorithms are explored as an alternative to the proportional con-
troller currently used in the damper. In this section, model predictive control, combined with online system
identification, is investigated. subsection 7.1 describes the fundamentals of model predictive control, sub-
section 7.2 gives a brief overview of the online system identification algorithm, subsection 7.3 explains the
implemented controller, and subsection 4.4 discusses the simulation results and how they compare against a
proportional controller.

7.1 Model predictive control
Model predictive control is implemented with the idea of leveraging the fact that a model of the transverse
dynamics is available (described in subsubsection 6.1.1). In this fashion, the accelerator model is used to
propagate in a predefined horizon of turns the transverse position of the bunch (from the initial conditions defined
by the pick-up readings), and optimise a set of control action that would lead to mininmise a predefined cost
function. The control scheme is established to optimise a control input sequence that will minimise transverse
emittance, turns to damp the bunch below a threshold, and the aggressiveness of the changes in the control
actions, while respecting power constraints. The schematic of the control loop is shown in Figure 23, where
is observed that the controller optimise a set of actions with the pick-up reading as the initial conditions, and
then, the first action of the found sequence of optimum actions is applied on the accelerator.
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Figure 23: Model predictive control scheme.

7.2 Sparse identification of nonlinear dynamics (SINDy)
The model predictive control approach described in subsection 7.1 is limited by the accuracy of the model, which
can be affected by noise, or changes of non-modelled parameters in the accelerator. To allow for a controller
that is also flexible to changes in the dynamics of the accelerator, we use sparse identification of nonlinear
dynamics (SINDy) [2], a machine learning approach to obtain the governing equations of a dynamical system
from measured data. Here, the SINDy algorithm extracts from a predefined library of candidate functions that
can describe the dynamics, the fewest combination of possible terms that will describe the measured data. In
this way, a data-driven, flexible approach that results in a deterministic set of equations can be used to find the
accelerator dynamics.
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7.3 SINDy + MPC
By replacing the accelerator model of the MPC controller shown in Figure 23 by the set of equations discovered
by the SINDy algorithm; an explainable, adaptive and powerful control algorithm can be designed [12]. This
is schematised in Figure 24, where the SINDy model is constructed by a memory buffer containing past states
and control actions up to a predefined horizon.
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Figure 24: SINDY + MPC scheme.

7.4 Simulation results
The SINDy+MPC controller was bench-marked against a proportional controller in the task of damping the
transverse dynamics of a simulated bunch. As shown in Figure 25, after a certain amount of turns (19 in this
example), the SINDy+MPC controller achieves a better damping of the bunch, and reduces the bunch tail. The
cause of this reduction in bunch tail needs to be further investigated, and is yet to be tested with a real beam
(in this simulation, control actions could only be taken on the X ′n plane).

Figure 25: Transverse phase space after 19 turns.
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Moreover, the SINDy algorithm was proven to be robust to noise, identifying the correct dynamics with noise
levels tested up to µ = 0, σ = 0.35. Figure 26 shows how the propagated dynamics identified by the SINDy model
accurately match the true simulated dynamics (which where injected with noise during the system identification
phase) up to a range of 20-25 turns in this scenario, and thus making it suitable for the combination with MPC.

0 20 40 60 80 100

Turns [-]

6

4

2

0

2

4

Po
sit

io
n 

[a
.u

.]

 =0.15
Pick up 1

True simulation
SINDy simulation

0 20 40 60 80 100

Turns [-]

4

2

0

2

4

Po
sit

io
n 

[a
.u

.]

 =0.15
Pick up 2

True simulation
SINDy simulation

Figure 26: SINDy system identification with noisy measured dynamics (σ = 0.15), with the identified model
propagated and compared with the true dynamics.
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8 Conclusion
In this study, four main objectives have been established: implementing the Extended Kalman Filter and
estimating the tune in time series data, implementing machine learning tune estimation algorithms and correctly
identifying the tune in spectral data, investigating alternative methods for processing the BBQ spectrogram,
and successfully damping beam oscillations with reinforcement learning and model predictive control.

Regarding the first objective, the Extended Kalman Filter was successfully implemented in simulated data,
correctly estimating the tune, and tune changes. However, the algorithm’s performance in real data was deteri-
orated due to the lack of accuracy in representing the real accelerator dynamics. Furthermore, the EKF method
for tune estimation in time series data is fundamentally limited in its accuracy when the beam is well damped,
given the error source caused from converting the amplitude domain data to the phase domain to extract the
tune.

For the second objective, several machine learning algorithms were successfully implemented to identify the
tune from real frequency data; feed forward neural network models, CNN, RNN, and CNN-RNN. However, the
CNN-RNN model was more robust to tune changes and less prone to over-fitting, showing similar results to
those of human labels. Moreover, the FSST algorithm successfully post-processed the BBQ spectrogram to
sharpen the tune line and reduce the noise.

Finally, two reinforcement learning agents have been implemented to damp the beam in a higher fidelity ac-
celerator environment, and an accelerator model only including the tune dynamics. In both cases, the agents
successfully damp the beam, but fail to outperform the proportional controller strategy. Furthermore, the first
agent exhibits a very homogeneous policy, almost always choosing large actions, while the second agent has a
more varied policy, changing the magnitude and sign of the taken actions. As stated, both policies successfully
damp the beam oscillations.
Regarding the model predictive controller with online system identification, the controller exhibits better damp-
ing performance when compared with the proportional controller, achieving a smaller bunch tail, and the SINDy
algorithm can identify the system dynamics, even in the presence of noise.
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9 Recommendations for Future Work
The objectives of this internship were to explore the potential of advanced algorithms such as machine learning
in determining the transverse tune from recorded data, and investigating reinforcement learning techniques
applied on transverse feedback systems, at the CERN particle accelerators. Both goals were achieved. However,
to further continue with the examination of the different topics, several recommendations can be made.

Regarding the tune estimation, first, a model based tune estimation was implemented by using an Extended
Kalman Filter EKF with simplified transition dynamics, which estimated the phase-space transition of the par-
ticle beam dynamics from amplitude data. This method obtained good performance with simulated dynamics,
but limited accuracy with real data.
Also, machine learning methods to measure the tune were implemented using spectral BBQ data from the
PSB, PS, and SPS accelerators. All methods successfully predict the tune but also tend to over-fit the training
data (failing to extract the tune from unseen data, but having low prediction errors in the training dataset).
However, it was found that the CNN-LSTM model is more robust to over-fitting than the other models. With
this in mind, several modifications could be applied to both methods.

Firstly, when looking at the EKF problem, adding the full optics model of the accelerators, instead of the
simplified model used in this report, might increase the validation accuracy, given that the EKF will have more
accurate transition dynamics. Furthermore, the error caused by the AM to PM conversion will still remain in
this set up, although new Kalman Filter approaches can be implemented examining the frequency spectra of
the dynamics instead of the time series amplitude data, potentially unveiling new ways of circumventing this
issue.

Secondly, in the machine learning tune estimation, the models should be trained and tested with more data,
including that of LHC, to make them production-ready. Thus, next possible steps could include labelling data
where the BBQ has poor performance, such as in injection and the RAMP LHC mode. Furthermore, training
data including more varied tunes and tune changes over time is needed.

In the reinforcement learning investigation, two Soft Actor Critic reinforcement learning agents were imple-
mented in two different scenarios; changing the gain of the accelerator damper, and directly kicking the beam.
In both scenarios, the objective was to damp the particle oscillations as fast as possible.

Regarding the reinforcement learning control of the particle beam, it was observed that the reinforcement
learning agents failed to outperform the proportional controller, only matching its performance. To overcome
this issue, new control scenarios can be implemented; giving larger control authority to the agents (allowing for
higher power inputs on the kicker). Also, new reward functions could be implemented to explore their effect on
the agent’s learning. Moreover, to further breach the reality gap with the real accelerator, a one-turn delay for
the taken actions can be implemented.

Finally, the MPC+SINDy controller could further be implemented in a real accelerator and the causes of the
differences between the transverse phase-space bunch profile achieved by the MPC+SINDy and the proportional
controller, investigated.
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