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Abstract

The branching fraction of the decay B+ → ψ(2S)φ(1020)K+, relative to the topo-
logically similar decay B+ → J/ψφ(1020)K+, is measured using proton-proton
collision data collected by the LHCb experiment at center-of-mass energies of
7, 8, and 13 TeV, corresponding to an integrated luminosity of 9 fb−1. The ra-
tio is found to be 0.061 ± 0.004 ± 0.009, where the first uncertainty is statis-
tical and the second systematic. Using the world-average branching fraction for
B+ → J/ψφ(1020)K+, the branching fraction for the decay B+ → ψ(2S)φ(1020)K+

is found to be (3.0± 0.2± 0.5± 0.2)× 10−6, where the first uncertainty is statis-
tical, the second systematic, and the third is due to the branching fraction of the
normalization channel.
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1 Introduction

The B+ → ψ(2S)φK+ decay proceeds through the same quark transition b → cc̄s as
the topologically similar B+ → J/ψφK+ decay.1 In the latter, states compatible with
exotic mesons have been observed, such as the χc1(4140) state [1–4] and the Tcc̄s̄1(4000)
state [5].2 The B+ → ψ(2S)φK+ phase space is about 80 times smaller than that of the
B+ → J/ψφK+ decay, while the branching fraction B(B+ → ψ(2S)φK+) is about 15 times
smaller than that of the B+ → J/ψφK+ decay [7]. The average amplitude of the former
process is therefore greater than that of the latter process. Thus, the B+ → ψ(2S)φK+

decay provides the potential to make observations of high-mass resonant contributions
that are complementary to those observed in the decay B+ → J/ψφK+, such as the
χc(4700) state [8, 9].

This paper presents a measurement of the branching fraction of the decay
B+ → ψ(2S)φK+ relative to the normalization decay B+ → J/ψφK+. The interme-
diate resonances are reconstructed as ψ(2S) → µ+µ−, J/ψ → µ+µ−, and φ → K+K−.
This analysis uses the full Run 1 (2011–2012) and Run 2 (2015–2016, 2017, and 2018)
LHCb data samples of proton-proton (pp) collisions at center-of-mass energies of 7, 8,
and 13 TeV, corresponding to an integrated luminosity of about 9 fb−1. The branching
fraction of B+ → ψ(2S)φK+, calculated using the B(B+ → J/ψφK+) value provided by
the PDG [6], is also reported. This LHCb result is compared with a measurement of the
branching fraction of B+ → ψ(2S)φK+ reported by the CMS collaboration [7].

2 Detector and simulation

The LHCb detector [10, 11] is a single-arm forward spectrometer covering the
pseudorapidity range 2 < η < 5, designed for the study of particles containing b or
c quarks. The detector includes a high-precision tracking system consisting of a silicon-
strip vertex detector surrounding the pp interaction region [12], a large-area silicon-strip
detector located upstream of a dipole magnet with a bending power of about 4 T m, and
three stations of silicon-strip detectors and straw drift tubes [13,14] placed downstream
of the magnet. The tracking system provides a measurement of the momentum, p, of
charged particles with a relative uncertainty that varies from 0.5% at low momentum
to 1.0% at 200 GeV/c. The minimum distance of a track to a primary vertex (PV), the
impact parameter (IP), is measured with a resolution of (15 + 29/pT)µm, where pT is
the component of the momentum transverse to the beam, in GeV/c. Different types of
charged hadrons are distinguished using information from two ring-imaging Cherenkov
detectors [15]. Photons, electrons, and hadrons are identified by a calorimeter system
consisting of scintillating-pad and preshower detectors, an electromagnetic and a hadronic
calorimeter. Muons are identified by a system composed of alternating layers of iron
and multi-wire proportional chambers [16]. The online event selection is performed by a
trigger [17], which consists of a hardware stage, based on information from the calorimeter
and muon systems, followed by a software stage, which applies a full event reconstruction.

1Throughout this paper inclusion of the charge-conjugated decays is implied and the φ(1020) is referred
to as φ.

2In this paper the new PDG naming conventions [6] for exotic hadrons are used. The states formerly
known as the X(4140), Z+

cs(4000) and X(4700) are now referred to as the χc1(4140), Tcc̄s̄1(4000) and
χc(4700), respectively.
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Simulation is required to model the effects of the detector acceptance and the selection
requirements. In the simulation, pp collisions are generated using Pythia [18] with a spe-
cific LHCb configuration [19]. Decays of unstable particles are described by EvtGen [20],
in which final-state radiation is generated using Photos [21]. The interaction of the
generated particles with the detector, and its response, are implemented using the Geant4
toolkit [22] as described in Ref. [23].

3 Branching fraction measurement

The ratio of branching fractions RBF is measured as

RBF ≡
B(B+ → ψ(2S)φK+)

B(B+ → J/ψφK+)
=
NSignal

NNorm

FSignal

FNorm

εNorm

εSignal

B(J/ψ → µ+µ−)

B(ψ(2S)→ µ+µ−)
, (1)

where B(J/ψ → µ+µ−) = (5.961± 0.033)% and B(B+ → J/ψφK+) = (5.0± 0.4)× 10−5

are the world-average branching fractions [6]. Assuming lepton flavor universality of
the electroweak interaction, the branching fraction of the ψ(2S)→ µ+µ− decay can be
replaced by that of the ψ(2S)→ e+e− decay, equal to (0.793± 0.017)% [6], which has an
uncertainty approximately three times smaller. The number of B+ decays for the signal
(normalization) mode with a charmonium decay combined with three kaons, including
sidebands for the φ candidates in the K+K− mass spectra, is denoted by NSignal(Norm). This
is measured by fitting the B+ meson mass distribution. The fraction of candidates in the
K+K− invariant mass spectrum attributed to the φ decays is denoted by FSignal(Norm), and
is obtained by fitting the K+K− mass distribution. Finally, εSignal(Norm) is the efficiency
of the signal (normalization) channel, and is obtained from simulation.

3.1 Selection

Candidate B+ → ψ(2S)φK+ signal and B+ → J/ψφK+ normalization decays are selected
using a hardware trigger, a two-stage software trigger, and offline event reconstruction
criteria followed by two Boosted Decision Tree (BDT) [24, 25] classifiers that suppress
background significantly. Selection criteria are identical for both channels, with the
exception of the dimuon mass windows for the ψ, where ψ denotes either the ψ(2S) or
the J/ψ meson.

The hardware trigger selects events with at least one high-pT muon candidate later
associated with the ψ in the B+ decay or selects events independently of any track used
in the decay. The first stage of the software trigger selects a pair of oppositely charged
muons with high invariant mass or a muon with high pT and high χ2

IP for each track (or
composite particle). The variable χ2

IP is defined as the difference in the vertex-fit χ2 of
the primary-vertex fit reconstructed with and without the track under consideration. The
second stage of the software trigger selects pairs of muons with invariant mass within
120 MeV/c2 of the ψ mass that form vertices which are significantly detached from the
closest primary vertex.

Offline, B+ meson candidates are formed from combinations of ψ candidates with
three kaons where one of the K+K− pairs has an invariant mass between 1000 MeV/c2 and
1040 MeV/c2. Kaon candidates are required to have pT larger than 100 MeV/c, χ2

IP > 1,
and to have particle-identification signatures compatible with the kaon hypothesis. The
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φ candidates are formed from pairs of oppositely charged kaons that originate from a
common vertex and have pT greater than 200 MeV/c. The B+ candidates are required to
have good vertices, to have invariant masses within 60 MeV/c2 of the nominal B+ mass,
and to have momentum vectors aligned with the B+ line of flight. A vertex fit is performed
constraining the ψ mass to its nominal value as given by the PDG [6] and requiring the
B+ momentum vector to point back to its primary vertex. Candidates satisfying these
criteria are retained for further consideration.

Background is suppressed using two BDT classifiers [24,25] implemented in the TMVA
toolkit [26]. The first classifier is trained using fully simulated B+ → ψ(2S)φK+ samples
as a proxy for the signal and events from the far-upper sideband (5.8 < M(ψ(2S)φK+) <
6.0 GeV/c2) as a proxy for the background. The variables with highest discrimination
power are used as input to the classifier. These include: the pT and χ2

IP of the kaons,
muons, ψ, φ, and the B+ candidates, the cosine of the angle between the B+ momentum
and the vector connecting the PV and the B+ decay vertex, the sum of the χ2

IP of all
final-state particles with respect to the PV, the vertex χ2 of the B+ candidate, and the
B+ decay time and its significance. The chosen BDT threshold corresponds to a signal
efficiency close to 90% and a background rejection of about 99%.

After all previous steps, more than one B+ → ψ(2S)φK+ candidate in a single event
can satisfy the selection criteria. In the majority of cases (around 30% and 3% of events
in the signal and normalization channels, respectively), this occurs when the masses of
the two K+K− combinations in a single B+ → ψK+K−K+ candidate fall within the
nominal φ window. Combinatorial background may also produce additional candidates
in a single event, though on a smaller scale. To retain one B+ candidate per event, a
second BDT is trained. The input variables include properties of the B+ meson, such
as the χ2

IP, the decay-time significance, the decay-vertex quality, the cosine of the angle
between its momentum vector and the trajectory. Additionally, the input variables include
the significance of the maximum distance between the trajectories of final-state particles.
The candidate with the highest BDT output in each event is selected and its mass is
used in the B+ mass fit described below. The correlation between the mass of the B+

candidate and the BDT output is found to be negligible. When the masses of both K+K−

pairs in a B+ → ψK+K−K+ candidate fall within the nominal φ window, both K+K−

combinations are used in the fit to determine FSignal (FNorm).

3.2 Mass fits

Unbinned maximum-likelihood mass fits are performed separately for the B+ → ψ(2S)φK+

and B+ → J/ψφK+ samples, and for each data-taking period as the detector operating-
conditions varied for each interval. For both the signal and normalization channels, the
B+ peak is modeled by a double-sided Crystal Ball function (DSCB) [27], while the
background is described by an exponential function. The DSCB tail parameters are
obtained from simulation and are fixed in the fits to the data. The yields of signal
and background, the signal peak position MB+ and width σB+ , and the parameters
describing the exponential backgrounds, are floated in the fits. Mass distributions of
B+ → ψ(2S)φK+ and B+ → J/ψφK+ candidates are shown in Figs. 1 and 2, respectively,
along with the results of the fits. The fit parameters of each data taking periods are
reported in Table 1. The yields of the signal and normalization models determined from
the fits over the combined samples are 289±19 and 35 315±237 events, respectively, which
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Figure 1: Invariant-mass distributions of B+ → ψ(2S)φK+ candidates with fit projections for
(top left) Run 1, (top right) 2015–2016, (bottom left) 2017, and (bottom right) 2018 samples.

are compatible with the sum of the yields obtained independently, providing additional
confidence in the consistency of these values.

Although the samples are selected with K+K− invariant masses in the
1000–1040 MeV/c2 mass window, significant non-φ contributions are present. The fraction
of φ candidates is obtained from a binned χ2 fit to the extended K+K− mass distribution
of 1000–1060 MeV/c2. The selection criteria are the same as for the B+ samples except
for this relaxed K+K− mass range. In these fits, background is statistically subtracted by
means of the sPlot technique [28], using the results of the fit to the B+ mass distributions.
The mass distribution of the φ component is described by a P-wave Breit–Wigner func-
tion, convolved with a Gaussian function with resolution fixed to 1 MeV/c2 (taken from
simulation), while that of the non-φ component is described by an Argus function [29].
As the yields of signal in the disjoint data samples are small while the event-selection
efficiency does not vary much in the K+K− mass window, these fits are performed over the
integrated Run 1 + Run 2 data samples. Therefore, only one FSignal(Norm) is calculated for
each of the signal and normalization channels and used for all disjoint data samples. The
K+K− mass fit results are shown in Fig. 3, in which the different line shapes of the non-φ
component are mainly due to the different phase space of the signal and normalization
modes. The fractions of φ contribution within the nominal K+K− mass window are
determined to be FSignal = 0.73± 0.10 and FNorm = 0.91± 0.01, where the uncertainties
are statistical only.
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Figure 2: Invariant-mass distribution of B+ → J/ψφK+ candidates with fit projections for (top
left) Run 1, (top right) 2015–2016, (bottom left) 2017, and (bottom right) 2018 samples.

Table 1: Results of the fit to the invariant mass of signal and normalization decays.

Period Parameter B+ → ψ(2S)φK+ B+ → J/ψφK+

MB+ [ MeV/c2] 5279.45± 0.40 5279.30± 0.07
Run 1 σB+ [ MeV/c2] 2.04± 0.41 4.38± 0.07

NSignal(Norm) 43± 7 6835± 97
MB+ [ MeV/c2] 5279.79± 0.22 5279.28± 0.06

2015–2016 σB+ [ MeV/c2] 1.60± 0.23 4.46± 0.07
NSignal(Norm) 95± 11 9772± 129
MB+ [ MeV/c2] 5279.40± 0.22 5279.36± 0.06

2017 σB+ [ MeV/c2] 1.33± 0.23 4.26± 0.07
NSignal(Norm) 64± 9 8515± 118
MB+ [ MeV/c2] 5279.65± 0.19 5279.27± 0.06

2018 σB+ [ MeV/c2] 1.48± 0.16 4.29± 0.06
NSignal(Norm) 90± 11 10196± 128
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Figure 3: Distributions of the background-subtracted K+K− mass spectra from the full (Run 1
+ Run 2) data sample for (left) B+ → ψ(2S)φK+ and (right) B+ → J/ψφK+ decays.

3.3 Efficiencies

Particle-identification efficiencies are obtained from calibration data samples [30]. The
remaining efficiencies, for both the signal and normalization decay modes, are obtained
from simulated samples and calculated separately for each data-taking period. The
normalization simulation sample, generated as pure phase space, is weighted to account
for the structures in the ψφ and ψK+ masses observed in data. This correction is not
applied to the signal sample, as no significant intermediate structure is seen given its
smaller size. A systematic uncertainty is estimated to address possible residual effects. In
the normalization sample, per-candidate weights are calculated by training a gradient-
boosted decision-tree reweighter, GBReweighter, implemented in hep ml [31]. The data
distributions used here have the background subtracted statistically by means of the
sPlot technique [28], using the results of the fit to the B+ → J/ψφK+ invariant-mass
distribution.

Two factors distort the distribution of events in phase space (the ψ, φ,K+ Dalitz
plot), especially at the edges. First, the resolution of the reconstructed B+ invariant mass
cannot be neglected. To mitigate this problem, the masses of the B+ and ψ candidates
are constrained to their nominal values. Second, the natural line width of the φ meson
cannot be neglected. Therefore, the simulated samples are reweighted in the (sψK , cos(θ))
space, where sXY denotes the invariant-mass squared of the XY system and θ is the angle
between the ψ and φ, in the φK+ rest frame, calculated as

cos(θ) =
(m2

B+ − sφK −m2
ψ)(sφK +m2

φ −m2
K) + 2sφK(m2

ψ +m2
φ − sψφ)

λ
1
2 (m2

B+ , sφK ,mψ)λ
1
2 (sφK ,m2

φ,m
2
K)

, (2)

where mB+ ,mψ and mφ are the reconstructed mass of the B+, ψ and φ mesons, respectively,

mK is the known K+ mass [6], and λ
1
2 (x, y, z) is defined as

λ
1
2 (x, y, z) ≡

√
(x− y − z)(x− y − z)− 4yz . (3)

As this parametrization is not directly correlated with the φ mass, and −1 < cos(θ) < 1
by definition, the weighting at the limits of phase space is better behaved than if the usual
Dalitz plot variables are used.
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Table 2: Ratios of efficiencies for the signal and normalization channels for each data-taking
period, as described in the text, where the uncertainties are statistical only.

Period εSignal/εNorm

Run 1 0.823± 0.004
2015–2016 0.801± 0.007

2017 0.790± 0.004
2018 0.834± 0.003

Ratios of efficiencies for the signal and normalization channels are derived from
weighted, simulated data for each running period and are reported in Table 2. Although
the hardware and first-stage software triggers are more efficient for signal channel decays,
the second-stage software trigger and offline selection criteria are more efficient for the
normalization channel decays. This results from the much smaller phase space for the
kaons in the signal channel and the use of the track χ2

IP to exclude candidates with kaon
momentum and B+ flight directions consistent with each other.

3.4 Systematic uncertainties

Six sources of systematic uncertainty are discussed. Others were considered, but judged
to be negligible compared to the statistical and overall systematic uncertainties reported.

The model used to describe the signal and background shapes may affect the results.
Where the baseline fit uses a DSCB function to model the signal, a Johnson SU function [32]
is used as an alternative model to fit the data. Similarly, the baseline exponential
background shape is replaced with a second order Chebychev polynomial. Using the full
dataset, results obtained with Johnson SU show a difference of ∼ 2% in both signal and
normalization samples. Added in quadrature, the total systematic uncertainty associated
with the signal and background shapes is ∼ 3%.

The fractions of φ contributions in the nominal m(K+K−) signal windows, FSignal and
FNorm, are also subject to fluctuation. Their statistical uncertainties are propagated to
the branching fraction ratio measurements. These lead to a systematic effect of around
14%, almost entirely associated with the signal channel. This is the dominant systematic
uncertainty.

The Breit–Wigner function used to model the φ mass distribution is not corrected for
the B+ → ψK−K+K+ four-body phase-space shape. Fitting the reweighted simulation
samples with the same procedure yields a 3% deviation in the ratio of the fraction of φ
events between signal and normalization samples.

The limited sizes of simulation samples lead to statistical uncertainties in the efficiencies.
These are propagated to the final results as systematic uncertainties, explicitly accounting
for the weighting procedure discussed below. The relative uncertainty from this source
varies between 3% and 4%.

The weighting procedure accounting for resonant structure in phase space requires a
set of four parameters as input to train the gradient-boosted decision-tree reweighter [31].
On trialing a large number of alternative parameter sets, the distribution of results shows
a negligible spread. The distribution of results shows a negligible spread. Therefore, no
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Table 3: Systematic uncertainties on the ratio of branching fractions of the decays
B+ → ψ(2S)φK+ and B+ → J/ψφK+, by origin and data-taking period.

Period
Mass
model

φ fraction
Phase-space
correction

Simulation
statistics

Signal
efficiency
correction

External
inputs [6]

Total

Run 1 3% 14% 3% 4% 2% 2% 15%
2015–2016 3% 14% 3% 3% 1% 2% 15%

2017 3% 14% 3% 3% 3% 2% 15%
2018 3% 14% 3% 3% 4% 2% 15%

Combined 3% 14% 3% 1% 1% 2% 15%

systematic uncertainty is associated with weighting the normalization channel. As the
weighting procedure is not applied to the signal model in the baseline fit, the associated
systematic uncertainty is estimated by taking the difference between the efficiency with
and without this weighting. Uncertainties of 2%, 1%, 3% and 4% are found for the Run 1,
2015–2016, 2017 and 2018 samples, respectively.

The branching fractions B(J/ψ → µ+µ−) and B(ψ(2S)→ µ+µ−) are required
to calculate the relative branching fraction B(B+ → ψ(2S)φK+)/B(B+ → J/ψφK+),
and the branching fraction of the B+ → J/ψφK+ is additionally required for the
B(B+ → ψ(2S)φK+) calculation. These values are taken from the PDG [6] and their
uncertainties are propagated to the final results. The contribution to the systematic
uncertainty of the branching fraction ratio is ∼ 2% and the corresponding contribution to
the B+ → ψ(2S)φK+ branching fraction is ∼ 8%.

Table 3 summarizes the systematic uncertainties. With the exception of the uncer-
tainties due to simulation sample sizes and signal weighting, systematic uncertainties are
assumed to be fully correlated throughout all data-taking periods.

4 Results and summary

Using the yields, the φ fractions and efficiency ratios reported in Tables 1 and 2, respectively,
the ratio of branching fractions between the B+ → ψ(2S)φK+ and B+ → J/ψφK+ decays
is calculated. The results are reported in Table 4 and illustrated in Fig. 4. The derived
B+ → ψ(2S)φK+ branching fraction results are illustrated in Fig. 5. Results for each data-
taking period are combined using the Best Linear Unbiased Estimator method Blue [33],
which accounts for correlations among systematic effects. The reported results are
consistent throughout the data-taking periods.

The combined value obtained for the ratio of branching fractions is

RBF ≡
B(B+ → ψ(2S)φK+)

B(B+ → J/ψφK+)
= 0.061± 0.004± 0.009 ,

where the first uncertainty is statistical and the second is systematic. The corresponding
value for the B+ → ψ(2S)φK+ branching fraction is

B(B+ → ψ(2S)φK+) = (3.0± 0.2± 0.5± 0.2)× 10−6 ,
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Table 4: Ratio of branching fractions RBF for each data-taking period and for the combined
sample, where the first uncertainty is statistical and the second is systematic.

Period RBF

Run 1 0.046± 0.008± 0.007
2015–2016 0.072± 0.009± 0.011

2017 0.056± 0.008± 0.008
2018 0.064± 0.008± 0.010

Combined 0.061± 0.004± 0.009

Run 1 2016−2015 2017 2018 Average
0.02

0.04

0.06

0.08

B
F

R 1−LHCb 9 fb

Figure 4: Ratio RBF of branching fractions for the decays B+ → ψ(2S)φK+ and B+ → J/ψφK+

for each data-taking period and the confidence level region at one standard deviation for the
combined result in green. The inner error bars (in blue) and the outer error bars (in red)
delimit the statistical and total (statistical plus systematic, added in quadrature) uncertainties,
respectively.

where the third uncertainty is associated with the uncertainty of the branching fraction
of the normalization channel. The result is compatible with the CMS measurement
(4.0± 0.4± 0.6± 0.2)× 10−6 [7].

The phase space in B+ → ψ(2S)φK+ decays is about 80 times smaller than that
in B+ → J/ψφK+ decays. Considering Fermi’s golden rule that the transition rate
is proportional to the phase space times the magnitude of the amplitude squared, one
may conclude that the average amplitude squared for the B+ → ψ(2S)φK+ decay is
approximately 5 times larger than that for the B+ → J/ψφK+ decay. This suggests the
presence of resonant amplitudes in the B+ → ψ(2S)φK+ decay that enhance its average
decay rate. States such as the χc(4700) [8, 9] have the right masses and quark content to
play this role, so an amplitude analysis made possible with an increased data sample size
represents a promising avenue for further investigation.
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Figure 5: Branching fraction of the decay B+ → ψ(2S)φK+ for each data-taking period and the
confidence level region at one standard deviation for the combined result in green. The inner
error bars (in blue) and the outer error bars (in red) delimit the statistical and total (statistical
plus systematic, added in quadrature) uncertainties, respectively. The CMS result [7] is included
for comparison.
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S. Mrenna, and P. Skands, PYTHIA 6.4 physics and manual, JHEP 05 (2006) 026,
arXiv:hep-ph/0603175.

[19] I. Belyaev et al., Handling of the generation of primary events in Gauss, the LHCb
simulation framework, J. Phys. Conf. Ser. 331 (2011) 032047.

[20] D. J. Lange, The EvtGen particle decay simulation package, Nucl. Instrum. Meth.
A462 (2001) 152.

[21] P. Golonka and Z. Was, PHOTOS Monte Carlo: A precision tool for QED corrections
in Z and W decays, Eur. Phys. J. C45 (2006) 97, arXiv:hep-ph/0506026.

[22] Geant4 collaboration, J. Allison et al., Geant4 developments and applications, IEEE
Trans. Nucl. Sci. 53 (2006) 270; Geant4 collaboration, S. Agostinelli et al., Geant4:
A simulation toolkit, Nucl. Instrum. Meth. A506 (2003) 250.

[23] M. Clemencic et al., The LHCb simulation application, Gauss: Design, evolution and
experience, J. Phys. Conf. Ser. 331 (2011) 032023.

[24] L. Breiman, J. H. Friedman, R. A. Olshen, and C. J. Stone, Classification and
regression trees, Wadsworth international group, Belmont, California, USA, 1984.

[25] Y. Freund and R. E. Schapire, A decision-theoretic generalization of on-line learning
and an application to boosting, J. Comput. Syst. Sci. 55 (1997) 119.

[26] H. Voss, A. Hoecker, J. Stelzer, and F. Tegenfeldt, TMVA - Toolkit for Multi-
variate Data Analysis with ROOT, PoS ACAT (2007) 040; A. Hoecker et al.,
TMVA 4 — Toolkit for Multivariate Data Analysis with ROOT. Users Guide.,
arXiv:physics/0703039.

[27] T. Skwarnicki, A study of the radiative cascade transitions between the Upsilon-prime
and Upsilon resonances, PhD thesis, Institute of Nuclear Physics, Krakow, 1986,
DESY-F31-86-02.

[28] M. Pivk and F. R. Le Diberder, sPlot: A statistical tool to unfold data distributions,
Nucl. Instrum. Meth. A555 (2005) 356, arXiv:physics/0402083.

[29] ARGUS collaboration, H. Albrecht et al., Search for hadronic b→ u decays, Phys.
Lett. B241 (1990) 278.

[30] R. Aaij et al., Selection and processing of calibration samples to measure the particle
identification performance of the LHCb experiment in Run 2, EPJ Tech. Instrum. 6
(2019) 1, arXiv:1803.00824.

[31] A. Rogozhnikov, Reweighting with boosted decision trees, Journal of Physics: Confer-
ence Series 762 (2016) 012036.

12

https://doi.org/10.1088/1748-0221/8/04/P04022
http://arxiv.org/abs/1211.3055
https://doi.org/10.1016/j.cpc.2008.01.036
http://arxiv.org/abs/0710.3820
https://doi.org/10.1088/1126-6708/2006/05/026
http://arxiv.org/abs/hep-ph/0603175
https://doi.org/10.1088/1742-6596/331/3/032047
https://doi.org/10.1016/S0168-9002(01)00089-4
https://doi.org/10.1016/S0168-9002(01)00089-4
https://doi.org/10.1140/epjc/s2005-02396-4
http://arxiv.org/abs/hep-ph/0506026
https://doi.org/10.1109/TNS.2006.869826
https://doi.org/10.1109/TNS.2006.869826
https://doi.org/10.1016/S0168-9002(03)01368-8
https://doi.org/10.1088/1742-6596/331/3/032023
https://doi.org/10.1006/jcss.1997.1504
https://doi.org/10.22323/1.050.0040
http://arxiv.org/abs/physics/0703039
http://inspirehep.net/record/230779/
https://doi.org/10.1016/j.nima.2005.08.106
http://arxiv.org/abs/physics/0402083
https://doi.org/10.1016/0370-2693(90)91293-K
https://doi.org/10.1016/0370-2693(90)91293-K
https://doi.org/10.1140/epjti/s40485-019-0050-z
https://doi.org/10.1140/epjti/s40485-019-0050-z
http://arxiv.org/abs/1803.00824
https://doi.org/10.1088/1742-6596/762/1/012036
https://doi.org/10.1088/1742-6596/762/1/012036


[32] N. L. Johnson, Systems of frequency curves generated by methods of translation,
Biometrika 36 (1949) 149.

[33] R. Nisius, BLUE: combining correlated estimates of physics observables within ROOT
using the Best Linear Unbiased Estimate method, SoftwareX 11 (2020) 100468,
arXiv:2001.10310.

13

https://doi.org/10.1093/biomet/36.1-2.149
https://doi.org/10.1016/j.softx.2020.100468
http://arxiv.org/abs/2001.10310


LHCb collaboration

R. Aaij38 , A.S.W. Abdelmotteleb57 , C. Abellan Beteta51 , F. Abudinén57 ,
T. Ackernley61 , A. A. Adefisoye69 , B. Adeva47 , M. Adinolfi55 , P. Adlarson82 ,
C. Agapopoulou14 , C.A. Aidala83 , Z. Ajaltouni11, S. Akar66 , K. Akiba38 ,
P. Albicocco28 , J. Albrecht19,f , F. Alessio49 , M. Alexander60 , Z. Aliouche63 ,
P. Alvarez Cartelle56 , R. Amalric16 , S. Amato3 , J.L. Amey55 , Y. Amhis14 ,
L. An6 , L. Anderlini27 , M. Andersson51 , A. Andreianov44 , P. Andreola51 ,
M. Andreotti26 , D. Andreou69 , A. Anelli31,o , D. Ao7 , F. Archilli37,u ,
M. Argenton26 , S. Arguedas Cuendis9,49 , A. Artamonov44 , M. Artuso69 ,
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iUniversità di Bergamo, Bergamo, Italy
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kUniversità di Cagliari, Cagliari, Italy
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