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A search for Dark Sectors is performed using the unique M2 beam line at the CERN Super
Proton Synchrotron. New particles (𝑋) could be produced in the bremsstrahlung-like reaction of
high energy 160 GeV muons impinging on an active target, 𝜇𝑁 → 𝜇𝑁𝑋, followed by their decays,
𝑋 → invisible. The experimental signature would be a scattered single muon from the target, with
about less than half of its initial energy and no activity in the sub-detectors located downstream the
interaction point. The full sample of the 2022 run is analyzed through the missing energy/momentum
channel, with a total statistics of (1.98±0.02)×1010 muons on target. We demonstrate that various
muon-philic scenarios involving different types of mediators, such as scalar or vector particles, can be
probed simultaneously with such a technique. For the vector-case, besides a 𝐿𝜇−𝐿𝜏 𝑍

′ vector boson,
we also consider an invisibly decaying dark photon (𝐴′ → invisible). This search is complementary to
NA64 running with electrons and positrons, thus, opening the possibility to expand the exploration
of the thermal light dark matter parameter space by combining the results obtained with the three
beams.

I. INTRODUCTION

The observational pieces of evidence for the existence
of Dark Matter (DM) are derived from its gravitational
nature, including galaxy rotational curves [1–4], grav-
itational lensing [5–7], Cosmic Microwave Background
(CMB) anisotropies [8, 9], or large-scale structure (LSS)
formation [10–12]. Together, they suggest that the relic
density of DM, denoted ΩDM ≃ 0.27, surpasses that of

* Corresponding author:henri.hugo.sieber@cern.ch

baryonic matter by a factor of approximately six.
However, fundamental aspects concerning the intrinsic

nature of DM and the origin of its relic abundance persist
as open questions. The apparent dearth of significant
interactions with Standard Model (SM) particles could
be explained in the framework of Dark Sectors (DS),
with a particle and field content, which is singlet under
the SM gauge group. In this scenario, DM is a part of the
DS and is charged under a new force responsible for the
interaction with SM particles through a corresponding
mediator [13–17]. While the canonical DS model is
associated with a new light gauge vector boson from
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a broken 𝑈(1)𝐷 symmetry [18], the dark photon 𝐴′,
new portal scenarios with gauged SM symmetries have
gained popular interest. Those postulate in particular
new forces mediated by gauge bosons, 𝑍 ′, associated
with gauged symmetries such as 𝑈(1)𝐵−𝐿, 𝑈(1)𝐵−3𝐿,
𝑈(1)𝐿𝑚−𝐿𝑛

or 𝑈(1)𝐵 [19–23] with respectively 𝐵 the
baryon number and 𝐿𝑚, 𝑚 = 𝑒, 𝜇, 𝜏 , the lepton number
for the different generations. Within those models, the
mediator 𝑍 ′ is assumed to couple to DM with coupling
𝑔𝜒 ∼ 𝒪(1), and to SM particles through 𝑔 = 𝜖𝑒, with 𝑒
the electric charge and 𝜖 the coupling strength, 𝜖 ≪ 1.
Other well-motivated scenarios involve in particular the
exchange between DM and SM particles of lepto-philic
spin-0 mediators with either scalar or pseudo-scalar
interactions, or the existence of millicharged particles
(see e.g. [24] for a complete review of New Physics (NP)
scenarios associated with DM).

An attractive framework belongs to the class
of models with anomaly-free lepton numbers used
in gauge symmetries, such as 𝐿𝜇 − 𝐿𝜏 , cor-
responding to the SM gauge group extension
𝑆𝑈(3)𝑐

⨂︀
𝑆𝑈(2)𝐿

⨂︀
𝑈(1)𝑌

⨂︀
𝑈(1)𝐿𝜇−𝐿𝜏

. As such,
the 𝑍 ′ vector boson from the broken 𝑈(1)𝐿𝜇−𝐿𝜏

sym-
metry couples directly to the second and third lepton
generations, and their corresponding left-handed neu-
trinos [21–23, 25–27]. Our framework is based on the
following Lagrangian,

ℒ ⊃ −1

4
𝐹 ′
𝛼𝛽𝐹

𝛼𝛽′ +
𝑚2

𝑍′

2
𝑍 ′
𝛼𝑍

𝛼′ − 𝑔𝑍′𝑍 ′
𝛼𝐽

𝛼
𝜇−𝜏 , (1)

where 𝐽𝛼
𝜇−𝜏 is the 𝑈(1)𝐿𝜇−𝐿𝜏

leptonic current,

𝐽𝛼
𝜇−𝜏 =

(︀
𝜇̄𝛾𝛼𝜇− 𝜏𝛾𝛼𝜏 + 𝜈𝜇𝛾

𝛼𝑃𝐿𝜈𝜇 − 𝜈𝜏𝛾
𝛼𝑃𝐿𝜈𝜏

)︀
, (2)

and 𝐹 ′
𝛼𝛽 the field strength tensor associated with the

massive vector field 𝑍 ′
𝛼, 𝑔𝑍′ = 𝜖𝑍′𝑒 the coupling of 𝑍 ′

to SM particles, and 𝑃𝐿 the left-handed chiral projection
operator. Within this vanilla model, the gauge boson 𝑍 ′

decays invisibly to SM neutrinos, such that

Γ(𝑍 ′ → 𝜈𝜈) =
𝛼𝑍′𝑚𝑍′

3
, (3)

with 𝛼𝑍′ = 𝑔2𝑍′/(4𝜋). At 𝑚𝑍′ > 2𝑚𝜇 the visible decays
to SM leptons, 𝑍 ′ → 𝜇̄𝜇, open.

The extension of Eq. (1) to interactions with DM can-
didates, being consistent in predicting their thermal his-
tory [28, 29] through ⟨𝜎𝑣⟩ ≃ 1 pb × 𝑐 ≃ (1 − 3) × 10−26

cm3s−1 [9, 30], is achieved by adding a term of the type
ℒ ⊇ −𝑔𝜒𝑍 ′

𝛼𝐽
𝛼
𝜒 with 𝐽𝛼

𝜒 a DS current reading

𝐽𝛼
𝜒 = 𝑔𝜒

⎧⎪⎪⎪⎨⎪⎪⎪⎩
𝑖𝜒*𝜕𝛼𝜒+ h.c., complex scalar

1/2𝜒𝛾𝛼𝛾5𝜒, Majorana

𝑖𝜒1𝛾
𝛼𝜒2, pseudo-Dirac

𝜒𝛾𝛼𝜒, Dirac

, (4)

and the coupling 𝑔𝜒 to the DM candidates. In the
case where 𝑚𝑍′ > 𝑚𝜒 (away from the near on-shell

resonant enhancement 𝑚𝑍′ ≃ 2𝑚𝜒), the relic density

is set by 𝜒̄𝜒(→ 𝑍(*)′ →)𝑓𝑓 , 𝑓 = 𝜇, 𝜏, 𝜈, with the
relevant 𝑠−channel annihilation cross-section scaling as
[25, 30, 31] ⟨𝜎𝑣⟩ ∝ (𝑔𝜒𝑔𝑍′)2𝑚2

𝜒/𝑚
4
𝑍′ = 𝑦𝑚−2

𝜒 for Dirac
DM. This defines the dimensionless 𝑦 parameter for prob-
ing the DM relic abundance such that

𝑦 = (𝑔𝜒𝑔𝑍′)2
(︂
𝑚𝜒

𝑚𝑍′

)︂4

. (5)

In particular, in the case where 𝑚𝑍′ > 2𝑚𝜒, the light
vector boson predominantly decays into DM candidates,
provided that the coupling 𝑔𝜒 > 𝑔𝑍′ , and the correspond-
ing decay width is equal to

Γ(𝑍 ′ → 𝜒𝜒) =
𝛼𝐷𝑚𝑍′

3

(︂
1 +

2𝑚2
𝜒

𝑚2
𝑍′

)︂√︃
1− 4𝑚2

𝜒

𝑚2
𝑍′
, (6)

with 𝛼𝐷 = 𝑔2𝜒/(4𝜋). In the mass hierarchy below the
resonance, 𝑚𝑍′ < 2𝑚𝜒, the 𝑡−channel annihilation is
𝜒̄𝜒→ 𝑍 ′𝑍 ′, with ⟨𝜎𝑣⟩ ∝ 𝑔4𝜒/𝑚

2
𝜒.

Besides probing the particle nature of DM, this model
could be relevant to the muon anomalous magnetic mo-
ment (𝑔 − 2)𝜇. Within this framework, the discrepancy
between the experimental [32] and SM predicted [33]
(𝑔 − 2)𝜇 values is explained through the loop correction

[34, 35] ∆𝑎𝑍
′

𝜇 = 𝑎𝜇(Exp)− 𝑎𝜇(SM) given by [31, 34, 36–
39]

∆𝑎𝑍
′

𝜇 =
𝑔2𝑍′

4𝜋2

∫︁ 1

0

𝑑𝑥
𝑥2(1− 𝑥)

𝑥2 + (1− 𝑥)𝑚2
𝑍′/𝑚2

𝜇

. (7)

The current observables constraining the corresponding
viable 𝑚𝑍′ upper mass bound arise from direct searches,
sensitive to the kinematically allowed visible decay chan-
nel 𝑍 ′ → 𝜇+𝜇− [40–45], restricting 𝑚𝑍′ < 2𝑚𝜇. Con-
straints from invisible search, 𝑍 ′ → 𝜒̄𝜒 can be found in,
e.g., [46]. The lower bound is set through the 𝑍 ′ contri-
bution to the radiation density of the Universe through
∆𝑁eff, with its value being defined from both the CMB
spectrum [9] and the Big Bang nucleosynthesis (BBN)
[43, 47, 48] to 𝑚𝑍′ > 3− 10 MeV depending on the com-
bination of the data [49]. Within this range, it is found
that 𝑔𝑍′ ∼ 10−4 − 10−3.
In this work, an approach to search for such a vec-

tor boson is presented, relying on the missing en-
ergy/momentum technique with the NA64 [50] beam
dump experiment at the CERN Super Proton Syn-
chrotron (SPS). In particular, this paper relates in detail
the methodology and findings of Ref. [51]. Besides, new
results from both the search for a light spin−0 mediator
and 𝐴′ → invisible are discussed, together with expected
projections for the forthcoming years. The paper is orga-
nized as follows. In Sec. II, the method of search is pre-
sented as well as its experimental signature. In addition,
as a benchmark scenario, an overview of the underly-
ing 𝑍 ′ phenomenology is given, with particular emphasis
on the differential and total production cross-sections,
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following the works of [52, 53]. In this framework, the
Weiszäcker-Williams phase-space approximation is used
to simplify the computations. A detailed overview of the
M2 beam line and the experimental set-up detectors is
given in Sec. III. Sec. IV outlines the Monte Carlo (MC)
framework for both signal event and beam optics simula-
tions. The event reconstruction and detailed data analy-
sis are presented in Sec. V, together with the validation
of the aforementioned MC framework. Those are followed
by a detailed discussion of the background sources in Sec.
VII. The estimate of the signal yield, as well as its corre-
sponding systematics, are discussed in respectively Secs.
VIII and IX. The final results of the search for invisi-
bly decaying 𝑍 ′ are presented in Sec. X, and new limits
on both a muon-philic scalar particle and the invisibly
decaying dark photon are shown. For all scenarios, the
projected sensitivity to the expected statistics accumu-
lated before and after the CERN LS3 is given. Finally, in
Sec. XI, the main outcomes of this work are summarised.

II. METHOD OF SEARCH AND MODEL
PHENOMENOLOGY

The 𝑍 ′ vector boson could be produced in the
bremsstrahlung-like reaction of a muon interacting with a
target’s nucleus, 𝑁 . In particular, as discussed in the pre-
vious section, for sufficiently small coupling values of 𝑔𝑍′ ,
or within the kinematic limit set by𝑚𝑍′ ≤ 2𝑚𝜇, the light
mediator predominantly decays invisibly, 𝑍 ′ → invisible.

The method of search is described in details in [36, 54,
55]. Should a light 𝑍 ′ vector boson exists, it could be
produced in the bremsstrahlung process of highly ener-
getic muons, with incoming energy 𝐸0, impinging on an
active target

𝜇𝑁 → 𝜇𝑁𝑍 ′; 𝑍 ′ → invisible. (8)

The 𝑍 ′ then carries away a fraction 𝑥 of the muon beam
energy, 𝑥𝐸0, and either promptly decays invisibly or
propagates downstream of the target without interaction
in the sub-detectors, where the outgoing scattered muon
is detected with remaining energy (1− 𝑥)𝐸0 = 𝑦𝐸0.

The occurence of a 𝑍 ′ signal event produced through
the reaction of Eq. (8) would appear as a single scat-
tered muon with momentum about less than half that
of its initial one, no activity in the VETO detectors
downstream of the target, an energy deposition in the
calorimeters compatible with that of a minimum ionising
particle (MIP) and a single reconstructed particle track
past the interaction point.

The production cross-section associated with the pro-
cess of Eq. (8) is computed in detail in previous works
[52, 53], following the kinematics 𝜇(𝑝)+𝑁(𝑃𝑖) → 𝜇(𝑝′)+
𝑁(𝑃𝑓 ) +𝑍 ′(𝑘). Both the exact tree-level (ETL) and the
Weiszäcker-Williams (WW) phase space approximation
are covered. The computations are carried out under the
assumptions that the nucleus has zero spin and that the
contribution to the nucleus-photon vertex factor is purely

elastic. This implies neglecting the inelastic effects due
to the high atomic number 𝑍 of the lead (Pb) target ma-
terial, with 𝑍 = 82 and atomic weight 𝐴 = 207. As such,
it takes the form [52]

𝑖𝑒𝐹 (𝑡)𝒫𝜇, 𝐹
2(𝑡) ≡ 𝐺el(𝑡) = 𝑍2

(︂
𝑎2𝑡

1 + 𝑎2𝑡

)︂2(︂
1

1 + 𝑡/𝑑

)︂
,

(9)
with 𝒫𝜇 = (𝑃𝑖 − 𝑃𝑓 )𝜇 the four-momentum transfer as-

sociated with the nucleus, 𝑎 = 111𝑍−1/3/𝑚𝑒 and 𝑑 =
0.164𝐴−2/3GeV2 screening effect factors related to re-
spectively the Coulomb field from atomic electrons and
the nucleus size. In the WW approach, the 2 → 3 produc-
tion process depicted in Eq. (8) and given by the ETL
is factorised through the equivalent photon flux (WW)
approximation [56, 57] into a 2 → 2 process given the
virtual photon flux

𝜒WW =

∫︁ 𝑡max

𝑡min

𝑑𝑡
𝑡− 𝑡min

𝑡2
𝐹 2(𝑡), (10)

with 𝑡min and 𝑡max the minimum and maximum momen-
tum transfer to the nucleus given in, e.g. [52]. This leads
to the following simplification of the double-differential
cross-section

𝑑2𝜎𝑍′

2→3

𝑑𝑥𝑑 cos 𝜃𝑍′

⃒⃒⃒
WW

≃ 𝛼𝜒WW

𝜋(1− 𝑥)
𝐸2

0𝑥𝛽𝑍′
𝑑𝜎𝑍′

2→2

𝑑(𝑝𝑘)

⃒⃒⃒
𝑡=𝑡min

, (11)

with 𝜃𝑍′ the emission angle of 𝑍 ′, 𝛼 the fine structure
constant, 𝛽𝑍′ = 𝑘/𝑚𝑍′ the 𝛽-factor associated with the
𝑍 ′. It is worth noting that in the case where 𝑡max/min do
not depend on (𝑥, 𝜃𝑍′), Eq. (10) further simplifies and
Eq. (11) is computed through the so-called improved
WW (IWW) approximation at the cost of loosing accu-
racy. Because the method of search relies on the final-
state muon kinematics, Eq. (11) is also computed for the
(𝑦, 𝜓′

𝜇) tuple of variables, with 𝜓′
𝜇 being defined as the

scattered muon emission angle.

0 50 100 150

E0 [GeV]

0.96

0.98

1.00

1.02

1.04

1.06

σ
Z
′

2→
3
| W

W
/σ

Z
′

2→
3
| ET

L

10 MeV

100 MeV

500 MeV

1 GeV

Figure 1. Ratio of the cross-sections computed in the WW

approximation and at ETL, 𝜎𝑍′
2→3

⃒⃒
WW

/𝜎𝑍′
2→3

⃒⃒
ETL

, as a func-

tion of the muon beam energy, 𝐸0, for different 𝑍′ masses,
𝑚𝑍′ . More details can be found in [52].
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Within the kinematic regime of interest for the NA64𝜇
experiment, given 𝐸0 ≫ 𝑚𝜇, 𝑚𝑍′ , the WW approxima-
tion reproduces accurately the ETL, with relative error
defined as (𝒪ETL − 𝒪WW)/𝒪ETL of the order of ≤ 5%
over the mass range 𝑚𝑍′ ∈ [10 MeV, 1GeV], for 𝒪 being
the observables associated with the single-differential and
total cross-sections [52, 53]. For illustrative purposes, the

ratio of the total production cross-sections 𝜎𝑍′

2→3 evalu-
ated within the WW approximation and at ETL, as a
function of the beam energy, 𝐸0, is shown in Fig. 1. In
the lower energy regime, 𝐸0 < 10 GeV, the error is the
largest, especially for 𝑚𝑍′ = 1 GeV, due to the assump-
tion 𝐸0 ≫ 𝑚𝜇, 𝑚𝑍′ .
The computational framework is further validated in

the zero mass limit, 𝑚𝑍′ → 0, against SM muon
bremsstrahlung, 𝜇𝑁 → 𝜇𝑁𝛾, as expressed in [58–60].
The dependence of the single-differential cross-section
on the fractional energy is shown in Fig. 2. The dark
bremsstrahlung cross-section reproduces SM events with
photon emission with a relative error ≤ 2% in both the
ETL and WW frameworks, but exceed 50% for 𝑥→ 1 in
the IWW approach, due to the simplification of the flux
term’s boundaries of Eq. (10) [52].

0.0 0.2 0.4 0.6 0.8 1.0

x

100

101

102

103

d
σ
Z
′

2→
3
/(
ε2 Z
′d
x

)
[G

eV
−

2
]

ETL

WW

IWW

µN → µNγ

Figure 2. Comparison of the single-differential cross-section
as a function of the fractional energy of the emitted 𝛾 and
𝑍′ through respectively SM muon-bremsstrahlung and dark
bremsstrahlung, 𝜇𝑁 → 𝜇𝑁𝑍′, in the mass limit 𝑚𝑍′ → 0.
These results are obtained both at ETL and in the WW and
IWW approaches, with mixing strength 𝜖𝑍′ = 𝑔𝑍′/𝑒 = 1.
More details can be found in Ref. [52].

These computations lay the basis for implementing the
model within a computer-based program to perform a
realistic MC simulation and signal propagation study as
discussed in Sec. IVA.

III. THE M2 BEAM LINE AND NA64𝜇
DETECTORS

The experiment employs the unique M2 beam line [61]
at the CERN North Area (NA), delivering to the exper-

imental hall north 2 (EHN2) high-intensity muons up to
2×108 𝜇/spill, mostly in the energy range 100−225 GeV.
Those are produced by highly energetic ∼ 450 GeV/c
protons extracted from the CERN SPS with a maximum
flux of 1.5 × 1013 protons per SPS cycle [62], and im-
pinging on a thick Beryllium (Be) target, mostly pro-
ducing pions and kaons, 𝑝 + Be → 𝜋,𝐾 + 𝑋. These
secondary hadrons predominantly decay to muons along
a 600-meter-long decay section, while those surviving are
suppressed by a series of 2.7 interaction length (𝜆int)
Be absorbers yielding a level of hadron admixture 𝜋/𝜇
of 10−6 − 10−5 with 𝐾/𝜋 ∼ 0.3 [61]. The final muon
beam optics for NA64𝜇 are defined through a series of
quadrupoles in a focussing-defocussing (FODO) scheme,
as well as magnetic collimators, defining the muon sec-
tion, and resulting in muons mostly within the momen-
tum band ∼ 160± 3 GeV/c, with beam spot divergency
𝜎𝑥 ∼ 0.9 cm and 𝜎𝑦 ∼ 1.9 cm [55] at the entrance of
the experimental set-up shown in Fig. 3. This choice
of energy range results from detailed MC simulation to
optimize the hermeticity of the set-up given an optimal
beam intensity.
As highlighted in Sec. II, the method of search for a

signal event at NA64𝜇 must rely on a precise knowledge
of both the incoming, 𝑝in, and outgoing, 𝑝out, muon mo-
menta given the signature 𝑍 ′ → invisible. The different
parameters of the detectors used for the 2022 muon run
are summarized in Table I.
The initial momentum is measured along part of the

muon section utilizing the existing MBN-type dipole ver-
tical bending magnets (BEND6), each with length ≃ 5
meters and 𝐵 ·𝐿 = 5 T·m, and a set of six scintillator ho-
doscopes, the beam momentum stations (BMS1−6), with
a spatial and time resolution of respectively 𝜎𝑠 ≃ 0.4−2.5
mm and 𝜎𝑡 ≃ 0.3 − 0.5 ns [63, 64]. This first mag-
net spectrometer, MS1, is completed by a series of four
Micro-Mesh Gaseous (Micromegas) detectors (MM1−4)
and two straw-tube chambers (ST5,4), which form the
upstream part of the experimental set-up (see Fig. 3).
Those tracking detectors have respectively a spatial and
time resolution of 𝜎𝑠 ≃ 100 𝜇m, 𝜎𝑡 ≃ 15 ns [65] and
𝜎𝑠 ≃ 1 mm, 𝜎𝑡 ≃ 5 ns [66]. The resulting achieved reso-
lution on the momentum is 𝜎𝑝in

/𝑝in ≃ 3.8%.
Given a well-defined incoming muon, the signal event

is expected to be produced within an active Shashlik-
like electromagnetic calorimeter (ECAL). The detector
has a 150-layer longitudinal segmentation, with respec-
tively 1.5 mm thick lead (Pb) and 1.5 mm plastic scin-
tillator (Sc) plates for a total radiation length of 40𝑋0

(𝑋0(Pb) = 0.56 cm), among which 4𝑋0 are used as pre-
shower detector. The lateral granularity of the ECAL
module is given by a 5 × 6 matrix of cells, each with
a width and height of ≃ 3.83 cm. The light from the
scintillator plates is collected through 1 mm wavelength
shifter (WLS) fibers, achieving an energy resolution of

𝜎𝐸/𝐸 = 8%/
√
𝐸
⨁︀

1%. Following the ECAL, a large
55 × 55 cm2 veto counter (VETO) made of three 5 cm
thick scintillators stacked together is used to reject up-
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stream interactions from the target, with a minimum ion-
izing particle (MIP) inefficiency estimated from muon
data to be ≤ 10−3. To enforce the rejection of non
MIP-compatible events, the veto system is completed by
a 100-cm-long prototype sampling hadronic calorimeter
(VHCAL), with a 30-layer segmentation, each layer being
made of 25 mm thick copper (Cu) and 2 mm thick plastic
scintillator plates. The VHCAL cross-section is defined
by a 4× 4 matrix of cells, each with a 12× 12 cm2 area,
with the peculiarity of having a 12 × 6 cm2 hole in its
middle to reject events with large angle charged secon-
daries and identify single final-state muon events passing
through the detector without activity. The total stop-
ping power of the module is 5𝜆int. The optimization of
the VHCAL is an ongoing activity to provide a full-scale
detector aiming at improving the hermeticity of the set-
up required after the CERN Long Shutdown3 (LS3) (see
Sec. X).

The outgoing muon momentum is reconstructed
through a second magnet spectrometer, MS2, utilizing
an MBP-type horizontal dipole magnet, with maximum
bending power 𝐵 · 𝐿 = 3.8 T·m and with a length of
≃ 2 meters. Three Micromegas (MM5−7), two straw
chambers (ST2−1) and four Gaseous Electron Multiplier
(GEM1−4) trackers [67] sandwich the bending magnet to
achieve a momentum resolution of 𝜎𝑝out

/𝑝out ≃ 4.4%.
Similarly to the MM detectors, the GEMs achieve a
spatial and time resolution of 𝜎𝑠 ≃ 115 𝜇m and 𝜎𝑡 ≃
𝒪(10 ns).

The final-state muons are identified by two large
hadronic calorimeter (HCAL1,2) modules. Each of them
is a ∼ 154-cm-long sampling module, longitudinally seg-
mented with 48 layers of 25 mm thick steel (Fe) and 4
mm plastic scintillator plates, separated by a 9-mm-air
gap for a total interaction length of 7.5𝜆int. To ensure
maximal hermeticity along the deflection direction, a sin-
gle module has a lateral segmentation given by 6×3 ma-
trix with cell dimensions 194 × 192 cm2. Similarly, as
for the ECAL module, the readout is performed through
WLS fibers connected to the Sc plates toward the photo-
multipliers (PMTs), thus achieving an energy resolution

of 𝜎𝐸/𝐸 = 65%/
√
𝐸 + 6%. In addition to particle iden-

tification (PID) through energy deposit in the HCAL,
a large 120 × 60 cm2 UV straw chamber (ST11) is lo-
cated at the end of the second HCAL module, HCAL2.
The aforementioned spectrometer and detectors build the
downstream part of the experiment (see Fig. 4).
The trigger system is defined by a set of two 42-mm-

diameter, ∼ 8 × 10−3𝑋0 thick, scintillator counters (S0
and S1) together with a 10×10 cm2, ∼ 5×10−4𝑋0 thick,
veto counter (V0) with a 45-mm-diameter hole in its mid-
dle. This allows for a clean selection of muons from the
core of the beam [36, 55] and defines the calibration trig-

ger configuration (S0×S1×V0) coping with an intensity
as high as 2.8× 106 𝜇/spill. The system is completed by
two large rectangular 20 × 20 cm2 scintillator counters
(S4 and S𝜇) to trigger on the deflected muons after MS2,
with a relative measured trigger rate of 𝒪(10−4) that of
the calibration trigger coincidence. As such, this defines
the physical trigger configuration with

Trig. = S0 × S1 ×V0 × S4 × S𝜇, (12)

designed to accept events that hit in-time the scintillator
counters, such that 𝛿𝑡 ≤ 3 ns for the coincidence gate
S0 × S1 ×V0 and 𝛿𝑡 ≤ 20 ns for the full configuration of
Eq. (12).

Element 𝑁 Active area (cm2) Resolution

BMS1-4 4 (6− 12)× (9− 23) 𝜎𝑠 = 1.3− 2.5 mm

𝜎𝑡 = 0.3 ns

BMS5 1 12× 16 𝜎𝑠 = 0.7 mm

𝜎𝑡 = 0.5 ns

BMS6 1 12× 16 𝜎𝑠 = 0.4 mm

𝜎𝑡 = 0.5 ns

MM1-4 4 8× 8 𝜎𝑠 ≃ 100 𝜇m

𝜎𝑡 ≃ 15 ns

ST4-5 2 20× 20 𝜎𝑠 ≃ 1 mm

𝜎𝑡 ≃ 5 ns

ECAL 1 19× 23 𝜎𝐸/𝐸 = 8%/
√
𝐸
⨁︀

1%

VETO 1 55× 55 𝜎𝐸/𝐸 = 3% at 1 MeV

𝜎𝑡 ≃ 2 ns

VHCAL 1 50× 50 𝜎𝐸/𝐸 = 45%/
√
𝐸 + 5%

GEM1-4 4 10× 10 𝜎𝑠 ≃ 115 𝜇m

𝜎𝑡 ≃ 10 ns

ST1-2 2 20× 20 𝜎𝑠 ≃ 1 mm

𝜎𝑡 ≃ 5 ns

MM5-7 3 25× 80 𝜎𝑠 ≃ 100 𝜇m

𝜎𝑡 ≃ 15 ns

HCAL 2 120× 60 𝜎𝐸/𝐸 = 65%/
√
𝐸 + 6%

S0, S1 2 42 mm 𝜎𝑡 ≃ 1 ns

S4, S𝜇 2 20× 20 𝜎𝑡 ≃ 1 ns

V0 1 10× 10 𝜎𝑡 ≃ 1 ns

Table I. Summary of the detector elements for the 2022 muon
run NA64 experimental set-up. The first column refers to the
name of the detector, the second to the number of elements
within the set-up. The third columns gives the active area of
such a detector in cm2. In the fourth column, 𝜎𝑠, 𝜎𝑡 and 𝜎𝐸/𝐸
denote respectively the spatial, time and energy resolution of
the element.
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BMS1
<latexit sha1_base64="yIYDXVhHTk/YI4rshu8sxbQYZ5g=">AAAB9XicbVBNS8NAEN34WetX1aOXYBF6KkkV9Fj04kWoaD+gjWWznbZLN5uwO1FLyP/w4kERr/4Xb/4bt20O2vpg4PHeDDPz/EhwjY7zbS0tr6yurec28ptb2zu7hb39hg5jxaDOQhGqlk81CC6hjhwFtCIFNPAFNP3R5cRvPoDSPJR3OI7AC+hA8j5nFI1030F4wuTi+jbtJm7aLRSdsjOFvUjcjBRJhlq38NXphSwOQCITVOu260ToJVQhZwLSfCfWEFE2ogNoGyppANpLplen9rFRenY/VKYk2lP190RCA63HgW86A4pDPe9NxP+8doz9cy/hMooRJJst6sfCxtCeRGD3uAKGYmwIZYqbW202pIoyNEHlTQju/MuLpFEpuyflys1psVrK4siRQ3JESsQlZ6RKrkiN1AkjijyTV/JmPVov1rv1MWtdsrKZA/IH1ucPiamScw==</latexit>

BMS5
<latexit sha1_base64="5GMM5QvP3XkWW0pMBJykSkLAkXQ=">AAAB9XicbVBNS8NAEN3Ur1q/qh69LBahp5JURY9FL16EivYD2lg22027dLMJuxO1hPwPLx4U8ep/8ea/cdvmoK0PBh7vzTAzz4sE12Db31ZuaXlldS2/XtjY3NreKe7uNXUYK8oaNBShantEM8ElawAHwdqRYiTwBGt5o8uJ33pgSvNQ3sE4Ym5ABpL7nBIw0n0X2BMkF9e3aS85TXvFkl2xp8CLxMlICWWo94pf3X5I44BJoIJo3XHsCNyEKOBUsLTQjTWLCB2RAesYKknAtJtMr07xkVH62A+VKQl4qv6eSEig9TjwTGdAYKjnvYn4n9eJwT93Ey6jGJiks0V+LDCEeBIB7nPFKIixIYQqbm7FdEgUoWCCKpgQnPmXF0mzWnGOK9Wbk1KtnMWRRwfoEJWRg85QDV2hOmogihR6Rq/ozXq0Xqx362PWmrOymX30B9bnD4+9knc=</latexit>

ST5,4
<latexit sha1_base64="rUPcpgc9MUC3yGPMyKXTG2udQ1E=">AAAB+HicbVDLSsNAFJ34rPXRqEs3g0XoQkpSK7osuHFZsS9oQ5hMJ+3QyYOZG7GGfIkbF4q49VPc+TdO2yy09cCFwzn3cu89Xiy4Asv6NtbWNza3tgs7xd29/YOSeXjUUVEiKWvTSESy5xHFBA9ZGzgI1oslI4EnWNeb3Mz87gOTikdhC6YxcwIyCrnPKQEtuWZpAOwR0vtW5qaX5/XMNctW1ZoDrxI7J2WUo+maX4NhRJOAhUAFUapvWzE4KZHAqWBZcZAoFhM6ISPW1zQkAVNOOj88w2daGWI/krpCwHP190RKAqWmgac7AwJjtezNxP+8fgL+tZPyME6AhXSxyE8EhgjPUsBDLhkFMdWEUMn1rZiOiSQUdFZFHYK9/PIq6dSq9kW1dlcvNyp5HAV0gk5RBdnoCjXQLWqiNqIoQc/oFb0ZT8aL8W58LFrXjHzmGP2B8fkDanyS1w==</latexit>

MM1,2
<latexit sha1_base64="p9Ot58HWsNtRMShd/PIzEOqqWAU=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEIPUhJqqDHghcvhQq2FdoQNttNu3SzCbsTsYb+Ei8eFPHqT/Hmv3Hb5qCtDwYe780wMy9IBNfgON9WYW19Y3OruF3a2d3bL9sHhx0dp4qyNo1FrO4DopngkrWBg2D3iWIkCgTrBuPrmd99YErzWN7BJGFeRIaSh5wSMJJvl/vAHiFrNqd+5p7Vp75dcWrOHHiVuDmpoBwt3/7qD2KaRkwCFUTrnusk4GVEAaeCTUv9VLOE0DEZsp6hkkRMe9n88Ck+NcoAh7EyJQHP1d8TGYm0nkSB6YwIjPSyNxP/83ophFdexmWSApN0sShMBYYYz1LAA64YBTExhFDFza2YjogiFExWJROCu/zyKunUa+55rX57UWlU8ziK6BidoCpy0SVqoBvUQm1EUYqe0St6s56sF+vd+li0Fqx85gj9gfX5A01BksQ=</latexit>

BMS2
<latexit sha1_base64="g94Meinm4XPwNlZjSZWHA+DjrLg=">AAAB9XicbVBNS8NAEN34WetX1aOXYBF6KkkV9Fj04kWoaD+grWWznbRLN5uwO1FLyP/w4kERr/4Xb/4bt20O2vpg4PHeDDPzvEhwjY7zbS0tr6yurec28ptb2zu7hb39hg5jxaDOQhGqlkc1CC6hjhwFtCIFNPAENL3R5cRvPoDSPJR3OI6gG9CB5D5nFI1030F4wuTi+jbtJZW0Vyg6ZWcKe5G4GSmSDLVe4avTD1kcgEQmqNZt14mwm1CFnAlI851YQ0TZiA6gbaikAehuMr06tY+N0rf9UJmSaE/V3xMJDbQeB57pDCgO9bw3Ef/z2jH6592EyyhGkGy2yI+FjaE9icDucwUMxdgQyhQ3t9psSBVlaILKmxDc+ZcXSaNSdk/KlZvTYrWUxZEjh+SIlIhLzkiVXJEaqRNGFHkmr+TNerRerHfrY9a6ZGUzB+QPrM8fiy6SdA==</latexit>

QPL29
<latexit sha1_base64="8JCHNrpahOn8GYS03DqcfuFq63g=">AAAB+HicbVBNT8JAEN3iF+IHVY9eNhITTqRFE/VG4sWDB0gETKBptssCG7bbZndqxKa/xIsHjfHqT/Hmv3GBHhR8ySQv781kZl4QC67Bcb6twtr6xuZWcbu0s7u3X7YPDjs6ShRlbRqJSN0HRDPBJWsDB8HuY8VIGAjWDSbXM7/7wJTmkbyDacy8kIwkH3JKwEi+Xe4De4S01bzN/LR+lfl2xak5c+BV4uakgnI0ffurP4hoEjIJVBCte64Tg5cSBZwKlpX6iWYxoRMyYj1DJQmZ9tL54Rk+NcoADyNlSgKeq78nUhJqPQ0D0xkSGOtlbyb+5/USGF56KZdxAkzSxaJhIjBEeJYCHnDFKIipIYQqbm7FdEwUoWCyKpkQ3OWXV0mnXnPPavXWeaVRzeMoomN0gqrIRReogW5QE7URRQl6Rq/ozXqyXqx362PRWrDymSP0B9bnD5SjkvM=</latexit>

QPL30
<latexit sha1_base64="xRgdecawE4954Mg6UpALbhxVANk=">AAAB+HicbVDLSsNAFJ34rPXRqEs3g0XoqiStoMuCGxcuWrAPaEOYTCft0MkkzNyINeRL3LhQxK2f4s6/cfpYaOuBC4dz7uXee4JEcA2O821tbG5t7+wW9or7B4dHJfv4pKPjVFHWprGIVS8gmgkuWRs4CNZLFCNRIFg3mNzM/O4DU5rH8h6mCfMiMpI85JSAkXy7NAD2CFmreZf7Wd3JfbvsVJ058Dpxl6SMlmj69tdgGNM0YhKoIFr3XScBLyMKOBUsLw5SzRJCJ2TE+oZKEjHtZfPDc3xhlCEOY2VKAp6rvycyEmk9jQLTGREY61VvJv7n9VMIr72MyyQFJuliUZgKDDGepYCHXDEKYmoIoYqbWzEdE0UomKyKJgR39eV10qlV3Xq11rosNyrLOAroDJ2jCnLRFWqgW9REbURRip7RK3qznqwX6936WLRuWMuZU/QH1ucPiHyS6w==</latexit>

BEND6
<latexit sha1_base64="vb88FN13MJuFqv2A4dDxeWhroro=">AAAB83icbVBNS8NAEJ34WetX1aOXYBF6KkkV9Vj8AE9SwX5AE8pmu22XbjZhdyKW0L/hxYMiXv0z3vw3btsctPXBwOO9GWbmBbHgGh3n21paXlldW89t5De3tnd2C3v7DR0lirI6jUSkWgHRTHDJ6shRsFasGAkDwZrB8GriNx+Z0jySDziKmR+SvuQ9TgkayfOQPWF6eXN3fTbuFIpO2ZnCXiRuRoqQodYpfHndiCYhk0gF0brtOjH6KVHIqWDjvJdoFhM6JH3WNlSSkGk/nd48to+N0rV7kTIl0Z6qvydSEmo9CgPTGRIc6HlvIv7ntRPsXfgpl3GCTNLZol4ibIzsSQB2lytGUYwMIVRxc6tNB0QRiiamvAnBnX95kTQqZfekXLk/LVZLWRw5OIQjKIEL51CFW6hBHSjE8Ayv8GYl1ov1bn3MWpesbOYA/sD6/AGIBJFE</latexit> QPL31

<latexit sha1_base64="td1ux0IbduypIUAtx7updMD5EGk=">AAAB+HicbVDLSsNAFJ34rPXRqEs3g0XoqiStoMuCGxcuWrAPaEOYTCft0MkkzNyINeRL3LhQxK2f4s6/cfpYaOuBC4dz7uXee4JEcA2O821tbG5t7+wW9or7B4dHJfv4pKPjVFHWprGIVS8gmgkuWRs4CNZLFCNRIFg3mNzM/O4DU5rH8h6mCfMiMpI85JSAkXy7NAD2CFmreZf7Wd3NfbvsVJ058Dpxl6SMlmj69tdgGNM0YhKoIFr3XScBLyMKOBUsLw5SzRJCJ2TE+oZKEjHtZfPDc3xhlCEOY2VKAp6rvycyEmk9jQLTGREY61VvJv7n9VMIr72MyyQFJuliUZgKDDGepYCHXDEKYmoIoYqbWzEdE0UomKyKJgR39eV10qlV3Xq11rosNyrLOAroDJ2jCnLRFWqgW9REbURRip7RK3qznqwX6936WLRuWMuZU/QH1ucPigGS7A==</latexit>

QPL32
<latexit sha1_base64="DnHGLkKtU6rsfs8ZhbYrKKLgoRg=">AAAB+HicbVBNS8NAEN34WetHox69LBahp5K0gh4LXjx4aMF+QBvCZrtpl242YXci1tBf4sWDIl79Kd78N27bHLT1wcDjvRlm5gWJ4Boc59va2Nza3tkt7BX3Dw6PSvbxSUfHqaKsTWMRq15ANBNcsjZwEKyXKEaiQLBuMLmZ+90HpjSP5T1ME+ZFZCR5yCkBI/l2aQDsEbJW827mZ/XazLfLTtVZAK8TNydllKPp21+DYUzTiEmggmjdd50EvIwo4FSwWXGQapYQOiEj1jdUkohpL1scPsMXRhniMFamJOCF+nsiI5HW0ygwnRGBsV715uJ/Xj+F8NrLuExSYJIuF4WpwBDjeQp4yBWjIKaGEKq4uRXTMVGEgsmqaEJwV19eJ51a1a1Xa63LcqOSx1FAZ+gcVZCLrlAD3aImaiOKUvSMXtGb9WS9WO/Wx7J1w8pnTtEfWJ8/i4aS7Q==</latexit>

BMS3
<latexit sha1_base64="vKE2hW5MnIY5Hpv91vpjI4UYvjk=">AAAB9XicbVBNS8NAEN3Ur1q/qh69LBahp5K0gh6LXrwIFe0HtLFstpt26WYTdidqCfkfXjwo4tX/4s1/47bNQVsfDDzem2FmnhcJrsG2v63cyura+kZ+s7C1vbO7V9w/aOkwVpQ1aShC1fGIZoJL1gQOgnUixUjgCdb2xpdTv/3AlOahvINJxNyADCX3OSVgpPsesCdILq5v035SS/vFkl2xZ8DLxMlICWVo9ItfvUFI44BJoIJo3XXsCNyEKOBUsLTQizWLCB2TIesaKknAtJvMrk7xiVEG2A+VKQl4pv6eSEig9STwTGdAYKQXvan4n9eNwT93Ey6jGJik80V+LDCEeBoBHnDFKIiJIYQqbm7FdEQUoWCCKpgQnMWXl0mrWnFqlerNaalezuLIoyN0jMrIQWeojq5QAzURRQo9o1f0Zj1aL9a79TFvzVnZzCH6A+vzB4yzknU=</latexit>

MM3,4
<latexit sha1_base64="ckccA1JLqbogK31JzhhUONmRd74=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEIPUhJ2oIeC168FCrYVmhD2Gw37dLNB7sTsYb8Ei8eFPHqT/Hmv3Hb5qCtDwYe780wM8+LBVdgWd9GYWNza3unuFva2z84LJtHxz0VJZKyLo1EJO89opjgIesCB8HuY8lI4AnW96bXc7//wKTiUXgHs5g5ARmH3OeUgJZcszwE9ghpu525aeOimblmxapZC+B1YuekgnJ0XPNrOIpoErAQqCBKDWwrBiclEjgVLCsNE8ViQqdkzAaahiRgykkXh2f4XCsj7EdSVwh4of6eSEmg1CzwdGdAYKJWvbn4nzdIwL9yUh7GCbCQLhf5icAQ4XkKeMQloyBmmhAqub4V0wmRhILOqqRDsFdfXie9es1u1Oq3zUqrmsdRRKfoDFWRjS5RC92gDuoiihL0jF7Rm/FkvBjvxseytWDkMyfoD4zPH1NZksg=</latexit>

BMS6
<latexit sha1_base64="23254JudrzMWDRgeS1T4ZKclz1w=">AAAB9XicbVBNS8NAEN3Ur1q/qh69LBahp5JUUY9FL16EivYD2lg22027dLMJuxO1hPwPLx4U8ep/8ea/cdvmoK0PBh7vzTAzz4sE12Db31ZuaXlldS2/XtjY3NreKe7uNXUYK8oaNBShantEM8ElawAHwdqRYiTwBGt5o8uJ33pgSvNQ3sE4Ym5ABpL7nBIw0n0X2BMkF9e3aS85TXvFkl2xp8CLxMlICWWo94pf3X5I44BJoIJo3XHsCNyEKOBUsLTQjTWLCB2RAesYKknAtJtMr07xkVH62A+VKQl4qv6eSEig9TjwTGdAYKjnvYn4n9eJwT93Ey6jGJiks0V+LDCEeBIB7nPFKIixIYQqbm7FdEgUoWCCKpgQnPmXF0mzWnGOK9Wbk1KtnMWRRwfoEJWRg85QDV2hOmogihR6Rq/ozXq0Xqx362PWmrOymX30B9bnD5FCkng=</latexit>

BMS4
<latexit sha1_base64="bkg8WbnDZmgBacxBxolF5WKD8+g=">AAAB9XicbVBNS8NAEN3Ur1q/qh69LBahp5LUgh6LXrwIFe0HtLFstpt26WYTdidqCfkfXjwo4tX/4s1/47bNQVsfDDzem2FmnhcJrsG2v63cyura+kZ+s7C1vbO7V9w/aOkwVpQ1aShC1fGIZoJL1gQOgnUixUjgCdb2xpdTv/3AlOahvINJxNyADCX3OSVgpPsesCdILq5v035SS/vFkl2xZ8DLxMlICWVo9ItfvUFI44BJoIJo3XXsCNyEKOBUsLTQizWLCB2TIesaKknAtJvMrk7xiVEG2A+VKQl4pv6eSEig9STwTGdAYKQXvan4n9eNwT93Ey6jGJik80V+LDCEeBoBHnDFKIiJIYQqbm7FdEQUoWCCKpgQnMWXl0mrWnFOK9WbWqlezuLIoyN0jMrIQWeojq5QAzURRQo9o1f0Zj1aL9a79TFvzVnZzCH6A+vzB444knY=</latexit>

QPL33
<latexit sha1_base64="qSSCvYu1T0IOxEkLyPjz4Q4LX6w=">AAAB+HicbVBNS8NAEN34WetHox69LBahp5K0gh4LXjx4aMF+QBvCZrtpl242YXci1tBf4sWDIl79Kd78N27bHLT1wcDjvRlm5gWJ4Boc59va2Nza3tkt7BX3Dw6PSvbxSUfHqaKsTWMRq15ANBNcsjZwEKyXKEaiQLBuMLmZ+90HpjSP5T1ME+ZFZCR5yCkBI/l2aQDsEbJW827mZ/X6zLfLTtVZAK8TNydllKPp21+DYUzTiEmggmjdd50EvIwo4FSwWXGQapYQOiEj1jdUkohpL1scPsMXRhniMFamJOCF+nsiI5HW0ygwnRGBsV715uJ/Xj+F8NrLuExSYJIuF4WpwBDjeQp4yBWjIKaGEKq4uRXTMVGEgsmqaEJwV19eJ51a1a1Xa63LcqOSx1FAZ+gcVZCLrlAD3aImaiOKUvSMXtGb9WS9WO/Wx7J1w8pnTtEfWJ8/jQuS7g==</latexit>

680
<latexit sha1_base64="JYyw98bbEksaDUq48G1pU+oYWjk=">AAAB6nicbVDLTgJBEOzFF+IL9ehlIpp4IrtolCOJF48Y5ZHAhswOszBhdnYz02tCCJ/gxYPGePWLvPk3DrAHBSvppFLVne6uIJHCoOt+O7m19Y3Nrfx2YWd3b/+geHjUNHGqGW+wWMa6HVDDpVC8gQIlbyea0yiQvBWMbmd+64lrI2L1iOOE+xEdKBEKRtFKD9dVt1csuWV3DrJKvIyUIEO9V/zq9mOWRlwhk9SYjucm6E+oRsEknxa6qeEJZSM64B1LFY248SfzU6fk3Cp9EsbalkIyV39PTGhkzDgKbGdEcWiWvZn4n9dJMaz6E6GSFLlii0VhKgnGZPY36QvNGcqxJZRpYW8lbEg1ZWjTKdgQvOWXV0mzUvYuy5X7q1LtLIsjDydwChfgwQ3U4A7q0AAGA3iGV3hzpPPivDsfi9ack80cwx84nz9ilo0c</latexit>
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<latexit sha1_base64="HYiFV1lzjqu79KmRwieWJcDWkU8=">AAAB6nicbVDLTgJBEOzFF+IL9ehlIpp4IruokSOJF48Y5ZHAhswOszBhdnYz02tCCJ/gxYPGePWLvPk3DrAHBSvppFLVne6uIJHCoOt+O7m19Y3Nrfx2YWd3b/+geHjUNHGqGW+wWMa6HVDDpVC8gQIlbyea0yiQvBWMbmd+64lrI2L1iOOE+xEdKBEKRtFKD5Xqda9YcsvuHGSVeBkpQYZ6r/jV7ccsjbhCJqkxHc9N0J9QjYJJPi10U8MTykZ0wDuWKhpx40/mp07JuVX6JIy1LYVkrv6emNDImHEU2M6I4tAsezPxP6+TYlj1J0IlKXLFFovCVBKMyexv0heaM5RjSyjTwt5K2JBqytCmU7AheMsvr5Jmpexdliv3V6XaWRZHHk7gFC7AgxuowR3UoQEMBvAMr/DmSOfFeXc+Fq05J5s5hj9wPn8AZBKNHQ==</latexit>
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<latexit sha1_base64="bj4tuFWzfX3VtNZyrCNn0HgqZUQ=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSp4KkkV1FvBi8cq9gPaUDbbSbt0swm7G6GE/gMvHhTx6j/y5r9x2+agrQ8GHu/NMDMvSATXxnW/nZXVtfWNzcJWcXtnd2+/dHDY1HGqGDZYLGLVDqhGwSU2DDcC24lCGgUCW8Hoduq3nlBpHstHM07Qj+hA8pAzaqz0cOP2SmW34s5AlomXkzLkqPdKX91+zNIIpWGCat3x3MT4GVWGM4GTYjfVmFA2ogPsWCpphNrPZpdOyJlV+iSMlS1pyEz9PZHRSOtxFNjOiJqhXvSm4n9eJzXhtZ9xmaQGJZsvClNBTEymb5M+V8iMGFtCmeL2VsKGVFFmbDhFG4K3+PIyaVYr3kWlen9Zrp3mcRTgGE7gHDy4ghrcQR0awCCEZ3iFN2fkvDjvzse8dcXJZ47gD5zPH+zijN0=</latexit>
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<latexit sha1_base64="/AacbUUzD07+tpkOTfAeBXdExF8=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSp4Kkkr6LHgxWMV+wFtKJvtpl262YTdiVBC/4EXD4p49R9589+4bXPQ1gcDj/dmmJkXJFIYdN1vZ219Y3Nru7BT3N3bPzgsHR23TJxqxpsslrHuBNRwKRRvokDJO4nmNAokbwfj25nffuLaiFg94iThfkSHSoSCUbTSQ83tl8puxZ2DrBIvJ2XI0eiXvnqDmKURV8gkNabruQn6GdUomOTTYi81PKFsTIe8a6miETd+Nr90Si6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhjZ8JlaTIFVssClNJMCazt8lAaM5QTiyhTAt7K2EjqilDG07RhuAtv7xKWtWKV6tU76/K9fM8jgKcwhlcggfXUIc7aEATGITwDK/w5oydF+fd+Vi0rjn5zAn8gfP5A+PEjNc=</latexit>

90
<latexit sha1_base64="bj4tuFWzfX3VtNZyrCNn0HgqZUQ=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSp4KkkV1FvBi8cq9gPaUDbbSbt0swm7G6GE/gMvHhTx6j/y5r9x2+agrQ8GHu/NMDMvSATXxnW/nZXVtfWNzcJWcXtnd2+/dHDY1HGqGDZYLGLVDqhGwSU2DDcC24lCGgUCW8Hoduq3nlBpHstHM07Qj+hA8pAzaqz0cOP2SmW34s5AlomXkzLkqPdKX91+zNIIpWGCat3x3MT4GVWGM4GTYjfVmFA2ogPsWCpphNrPZpdOyJlV+iSMlS1pyEz9PZHRSOtxFNjOiJqhXvSm4n9eJzXhtZ9xmaQGJZsvClNBTEymb5M+V8iMGFtCmeL2VsKGVFFmbDhFG4K3+PIyaVYr3kWlen9Zrp3mcRTgGE7gHDy4ghrcQR0awCCEZ3iFN2fkvDjvzse8dcXJZ47gD5zPH+zijN0=</latexit>
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<latexit sha1_base64="EWsOwGshS8Dzc8gPHjVWUlSuDUM=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSp4KkkV6rHgxWNF+wFtKJvtpl262YTdiVBCf4IXD4p49Rd589+4bXPQ1gcDj/dmmJkXJFIYdN1vZ219Y3Nru7BT3N3bPzgsHR23TJxqxpsslrHuBNRwKRRvokDJO4nmNAokbwfj25nffuLaiFg94iThfkSHSoSCUbTSg1dz+6WyW3HnIKvEy0kZcjT6pa/eIGZpxBUySY3pem6CfkY1Cib5tNhLDU8oG9Mh71qqaMSNn81PnZILqwxIGGtbCslc/T2R0ciYSRTYzojiyCx7M/E/r5tieONnQiUpcsUWi8JUEozJ7G8yEJozlBNLKNPC3krYiGrK0KZTtCF4yy+vkla14l1VqvfX5fp5HkcBTuEMLsGDGtThDhrQBAZDeIZXeHOk8+K8Ox+L1jUnnzmBP3A+fwBZc40W</latexit> 870

<latexit sha1_base64="kmt7lX96ZGxOhsO6ufkCbjUXn2s=">AAAB6nicbVDLTgJBEOzFF+IL9ehlIpp4IrtoAkcSLx4xyiOBDZkdGpgwO7uZmTUhGz7BiweN8eoXefNvHGAPClbSSaWqO91dQSy4Nq777eQ2Nre2d/K7hb39g8Oj4vFJS0eJYthkkYhUJ6AaBZfYNNwI7MQKaRgIbAeT27nffkKleSQfzTRGP6QjyYecUWOlh1rV7RdLbtldgKwTLyMlyNDoF796g4glIUrDBNW667mx8VOqDGcCZ4VeojGmbEJH2LVU0hC1ny5OnZFLqwzIMFK2pCEL9fdESkOtp2FgO0NqxnrVm4v/ed3EDGt+ymWcGJRsuWiYCGIiMv+bDLhCZsTUEsoUt7cSNqaKMmPTKdgQvNWX10mrUvauy5X7m1L9IosjD2dwDlfgQRXqcAcNaAKDETzDK7w5wnlx3p2PZWvOyWZO4Q+czx9kHY0d</latexit> 1640
<latexit sha1_base64="4YcXww4BllNkvDFjNjxCLyiqE84=">AAAB63icbVBNSwMxEJ2tX7V+VT16CVbBU9lti3osePFYwX5Au5Rsmm1Dk+ySZIWy9C948aCIV/+QN/+N2XYP2vpg4PHeDDPzgpgzbVz32ylsbG5t7xR3S3v7B4dH5eOTjo4SRWibRDxSvQBrypmkbcMMp71YUSwCTrvB9C7zu09UaRbJRzOLqS/wWLKQEWwyybtuuMNyxa26C6B14uWkAjlaw/LXYBSRRFBpCMda9z03Nn6KlWGE03lpkGgaYzLFY9q3VGJBtZ8ubp2jS6uMUBgpW9Kghfp7IsVC65kIbKfAZqJXvUz8z+snJrz1UybjxFBJlovChCMToexxNGKKEsNnlmCimL0VkQlWmBgbT8mG4K2+vE46tapXr9YeGpXmRR5HEc7gHK7Agxtowj20oA0EJvAMr/DmCOfFeXc+lq0FJ585hT9wPn8AzEGNUw==</latexit> 1640

<latexit sha1_base64="4YcXww4BllNkvDFjNjxCLyiqE84=">AAAB63icbVBNSwMxEJ2tX7V+VT16CVbBU9lti3osePFYwX5Au5Rsmm1Dk+ySZIWy9C948aCIV/+QN/+N2XYP2vpg4PHeDDPzgpgzbVz32ylsbG5t7xR3S3v7B4dH5eOTjo4SRWibRDxSvQBrypmkbcMMp71YUSwCTrvB9C7zu09UaRbJRzOLqS/wWLKQEWwyybtuuMNyxa26C6B14uWkAjlaw/LXYBSRRFBpCMda9z03Nn6KlWGE03lpkGgaYzLFY9q3VGJBtZ8ubp2jS6uMUBgpW9Kghfp7IsVC65kIbKfAZqJXvUz8z+snJrz1UybjxFBJlovChCMToexxNGKKEsNnlmCimL0VkQlWmBgbT8mG4K2+vE46tapXr9YeGpXmRR5HEc7gHK7Agxtowj20oA0EJvAMr/DmCOfFeXc+lq0FJ585hT9wPn8AzEGNUw==</latexit> 870
<latexit sha1_base64="kmt7lX96ZGxOhsO6ufkCbjUXn2s=">AAAB6nicbVDLTgJBEOzFF+IL9ehlIpp4IrtoAkcSLx4xyiOBDZkdGpgwO7uZmTUhGz7BiweN8eoXefNvHGAPClbSSaWqO91dQSy4Nq777eQ2Nre2d/K7hb39g8Oj4vFJS0eJYthkkYhUJ6AaBZfYNNwI7MQKaRgIbAeT27nffkKleSQfzTRGP6QjyYecUWOlh1rV7RdLbtldgKwTLyMlyNDoF796g4glIUrDBNW667mx8VOqDGcCZ4VeojGmbEJH2LVU0hC1ny5OnZFLqwzIMFK2pCEL9fdESkOtp2FgO0NqxnrVm4v/ed3EDGt+ymWcGJRsuWiYCGIiMv+bDLhCZsTUEsoUt7cSNqaKMmPTKdgQvNWX10mrUvauy5X7m1L9IosjD2dwDlfgQRXqcAcNaAKDETzDK7w5wnlx3p2PZWvOyWZO4Q+czx9kHY0d</latexit>
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<latexit sha1_base64="zFjLHB9CRJMmFM9RrVHXqQkuIRw=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSp4KkkV1FvBi8eK9gPaUDbbSbt0swm7G6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvSATXxnW/nZXVtfWNzcJWcXtnd2+/dHDY1HGqGDZYLGLVDqhGwSU2DDcC24lCGgUCW8Hoduq3nlBpHstHM07Qj+hA8pAzaqz0UL1xe6WyW3FnIMvEy0kZctR7pa9uP2ZphNIwQbXueG5i/Iwqw5nASbGbakwoG9EBdiyVNELtZ7NTJ+TMKn0SxsqWNGSm/p7IaKT1OApsZ0TNUC96U/E/r5Oa8NrPuExSg5LNF4WpICYm079JnytkRowtoUxxeythQ6ooMzadog3BW3x5mTSrFe+iUr2/LNdO8zgKcAwncA4eXEEN7qAODWAwgGd4hTdHOC/Ou/Mxb11x8pkj+APn8wdeA40Z</latexit>
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<latexit sha1_base64="INHtdMX7w9bRG2pP8SFWC/8NZIE=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mqoMeCF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB6/m9ssVt+rOQVaJl5MK5Gj0y1+9QczSiCtkkhrT9dwE/YxqFEzyaamXGp5QNqZD3rVU0YgbP5ufOiXnVhmQMNa2FJK5+nsio5ExkyiwnRHFkVn2ZuJ/XjfF8MbPhEpS5IotFoWpJBiT2d9kIDRnKCeWUKaFvZWwEdWUoU2nZEPwll9eJa1a1bus1u6vKvWzPI4inMApXIAH11CHO2hAExgM4Rle4c2Rzovz7nwsWgtOPnMMf+B8/gBR2o0R</latexit>

120
<latexit sha1_base64="INHtdMX7w9bRG2pP8SFWC/8NZIE=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mqoMeCF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB6/m9ssVt+rOQVaJl5MK5Gj0y1+9QczSiCtkkhrT9dwE/YxqFEzyaamXGp5QNqZD3rVU0YgbP5ufOiXnVhmQMNa2FJK5+nsio5ExkyiwnRHFkVn2ZuJ/XjfF8MbPhEpS5IotFoWpJBiT2d9kIDRnKCeWUKaFvZWwEdWUoU2nZEPwll9eJa1a1bus1u6vKvWzPI4inMApXIAH11CHO2hAExgM4Rle4c2Rzovz7nwsWgtOPnMMf+B8/gBR2o0R</latexit> 950

<latexit sha1_base64="uO61KrvsnsI1Um1Fvq2DBiLL9bQ=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBqPgKexGRb0FvHiMaB6QLGF20kmGzM4uM7NCWPIJXjwo4tUv8ubfOEn2oIkFDUVVN91dQSy4Nq777eRWVtfWN/Kbha3tnd294v5BQ0eJYlhnkYhUK6AaBZdYN9wIbMUKaRgIbAaj26nffEKleSQfzThGP6QDyfucUWOlh5tLt1ssuWV3BrJMvIyUIEOtW/zq9CKWhCgNE1TrtufGxk+pMpwJnBQ6icaYshEdYNtSSUPUfjo7dUJOrdIj/UjZkobM1N8TKQ21HoeB7QypGepFbyr+57UT07/2Uy7jxKBk80X9RBATkenfpMcVMiPGllCmuL2VsCFVlBmbTsGG4C2+vEwalbJ3Xq7cX5SqJ1kceTiCYzgDD66gCndQgzowGMAzvMKbI5wX5935mLfmnGzmEP7A+fwBYpmNHA==</latexit>
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<latexit sha1_base64="fOPf4ty6U9VdG+WrFnQCT26rqgc=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSp4Kkkt6LHgxWNF+wFtKJvtpF262YTdjVBCf4IXD4p49Rd589+4bXPQ1gcDj/dmmJkXJIJr47rfztr6xubWdmGnuLu3f3BYOjpu6ThVDJssFrHqBFSj4BKbhhuBnUQhjQKB7WB8O/PbT6g0j+WjmSToR3QoecgZNVZ6qHluv1R2K+4cZJV4OSlDjka/9NUbxCyNUBomqNZdz02Mn1FlOBM4LfZSjQllYzrErqWSRqj9bH7qlFxYZUDCWNmShszV3xMZjbSeRIHtjKgZ6WVvJv7ndVMT3vgZl0lqULLFojAVxMRk9jcZcIXMiIkllClubyVsRBVlxqZTtCF4yy+vkla14l1Vqve1cv08j6MAp3AGl+DBNdThDhrQBAZDeIZXeHOE8+K8Ox+L1jUnnzmBP3A+fwBU540T</latexit>
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<latexit sha1_base64="wBFaVmMsj25AXJlYJorztKbYgCI=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgQcpuFfRY8OKxgv2A7lKyabYNTbJrMlssS3+HFw+KePXHePPfmLZ70NYHA4/3ZpiZFyaCG3Ddb6ewtr6xuVXcLu3s7u0flA+PWiZONWVNGotYd0JimOCKNYGDYJ1EMyJDwdrh6Hbmt8dMGx6rB5gkLJBkoHjEKQErBb5Mez6wJ8i4mvbKFbfqzoFXiZeTCsrR6JW//H5MU8kUUEGM6XpuAkFGNHAq2LTkp4YlhI7IgHUtVUQyE2Tzo6f4zCp9HMXalgI8V39PZEQaM5Gh7ZQEhmbZm4n/ed0UopvA/pOkwBRdLIpSgSHGswRwn2tGQUwsIVRzeyumQ6IJBZtTyYbgLb+8Slq1qndZrd1fVeoXeRxFdIJO0Tny0DWqozvUQE1E0SN6Rq/ozRk7L86787FoLTj5zDH6A+fzB3Cyknc=</latexit>

pin ' 160 GeV/c
<latexit sha1_base64="oNPWGVo+hdsIG8bMPEu5LlCyNi0=">AAACC3icbVC7SgNBFJ31GeMramkzJAgWEnejqGXAQssI5gHZZZmd3CRDZh/O3BVDSG/jr9hYKGLrD9j5N04ehSYeGDiccy93zgkSKTTa9re1sLi0vLKaWcuub2xubed2dms6ThWHKo9lrBoB0yBFBFUUKKGRKGBhIKEe9C5Hfv0elBZxdIv9BLyQdSLRFpyhkfxcPvFdhAcciGjoahHCnXNmu3SiXUHtmA/9XMEu2mPQeeJMSYFMUfFzX24r5mkIEXLJtG46doLegCkUXMIw66YaEsZ7rANNQyMWgvYG4yxDemCUFm3HyrwI6Vj9vTFgodb9MDCTIcOunvVG4n9eM8X2hWdiJilCxCeH2qmkGNNRMbQlFHCUfUMYV8L8lfIuU4yjqS9rSnBmI8+TWqnonBRLN6eF8tG0jgzZJ3lySBxyTsrkmlRIlXDySJ7JK3mznqwX6936mIwuWNOdPfIH1ucP9OWa5w==</latexit>

Figure 3. Experimental set-up schematic overview of the search for 𝑍′ → invisible [51]. Top: The upstream experimental
region for the reconstruction of the incoming muon momentum through the MS1 (BEND6) magnet spectrometer using MM1−4,
ST5,4 and BMS1−6. The beam-defining optics quadrupoles, QPL29−32 and QPL33, part of the FODO scheme, are shown. For
completeness, the distances between the different detector elements are given in cm. See text for more details.
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<latexit sha1_base64="/AacbUUzD07+tpkOTfAeBXdExF8=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSp4Kkkr6LHgxWMV+wFtKJvtpl262YTdiVBC/4EXD4p49R9589+4bXPQ1gcDj/dmmJkXJFIYdN1vZ219Y3Nru7BT3N3bPzgsHR23TJxqxpsslrHuBNRwKRRvokDJO4nmNAokbwfj25nffuLaiFg94iThfkSHSoSCUbTSQ83tl8puxZ2DrBIvJ2XI0eiXvnqDmKURV8gkNabruQn6GdUomOTTYi81PKFsTIe8a6miETd+Nr90Si6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhjZ8JlaTIFVssClNJMCazt8lAaM5QTiyhTAt7K2EjqilDG07RhuAtv7xKWtWKV6tU76/K9fM8jgKcwhlcggfXUIc7aEATGITwDK/w5oydF+fd+Vi0rjn5zAn8gfP5A+PEjNc=</latexit> 80

<latexit sha1_base64="hnkRYKwEsHa60XVSssRYMh3iybE=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSp4KkkV7LHgxWMV+wFtKJvtpF262YTdjVBC/4EXD4p49R9589+4bXPQ1gcDj/dmmJkXJIJr47rfztr6xubWdmGnuLu3f3BYOjpu6ThVDJssFrHqBFSj4BKbhhuBnUQhjQKB7WB8O/PbT6g0j+WjmSToR3QoecgZNVZ6qLn9UtmtuHOQVeLlpAw5Gv3SV28QszRCaZigWnc9NzF+RpXhTOC02Es1JpSN6RC7lkoaofaz+aVTcmGVAQljZUsaMld/T2Q00noSBbYzomakl72Z+J/XTU1Y8zMuk9SgZItFYSqIicnsbTLgCpkRE0soU9zeStiIKsqMDadoQ/CWX14lrWrFu6pU76/L9fM8jgKcwhlcggc3UIc7aEATGITwDK/w5oydF+fd+Vi0rjn5zAn8gfP5A+tdjNw=</latexit> 70
<latexit sha1_base64="44eNNAHRTGkwn0hTTywEZ8D9bTc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSp4KkkV6rHgxWMV+wFtKJvtpF262YTdjVBC/4EXD4p49R9589+4bXPQ1gcDj/dmmJkXJIJr47rfztr6xubWdmGnuLu3f3BYOjpu6ThVDJssFrHqBFSj4BKbhhuBnUQhjQKB7WB8O/PbT6g0j+WjmSToR3QoecgZNVZ6qLn9UtmtuHOQVeLlpAw5Gv3SV28QszRCaZigWnc9NzF+RpXhTOC02Es1JpSN6RC7lkoaofaz+aVTcmGVAQljZUsaMld/T2Q00noSBbYzomakl72Z+J/XTU1442dcJqlByRaLwlQQE5PZ22TAFTIjJpZQpri9lbARVZQZG07RhuAtv7xKWtWKd1Wp3l+X6+d5HAU4hTO4BA9qUIc7aEATGITwDK/w5oydF+fd+Vi0rjn5zAn8gfP5A+nYjNs=</latexit>

20
<latexit sha1_base64="ojUXhwh9UYPq8Oq8i4B0JVQ8JVc=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0mqoMeCF49V7Ae0oWy2k3bpZhN2N0IJ/QdePCji1X/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4dua3n1BpHstHM0nQj+hQ8pAzaqz0UHP75Ypbdecgq8TLSQVyNPrlr94gZmmE0jBBte56bmL8jCrDmcBpqZdqTCgb0yF2LZU0Qu1n80un5NwqAxLGypY0ZK7+nshopPUkCmxnRM1IL3sz8T+vm5rwxs+4TFKDki0WhakgJiazt8mAK2RGTCyhTHF7K2EjqigzNpySDcFbfnmVtGpV77Jau7+q1M/yOIpwAqdwAR5cQx3uoAFNYBDCM7zCmzN2Xpx352PRWnDymWP4A+fzB+I/jNY=</latexit>

40
<latexit sha1_base64="vDf60ogDO0NJaxnhVInORksKu6k=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSp4Kkkt6LHgxWMV+wFtKJvtpl262YTdiVBC/4EXD4p49R9589+4bXPQ1gcDj/dmmJkXJFIYdN1vZ219Y3Nru7BT3N3bPzgsHR23TJxqxpsslrHuBNRwKRRvokDJO4nmNAokbwfj25nffuLaiFg94iThfkSHSoSCUbTSQ83tl8puxZ2DrBIvJ2XI0eiXvnqDmKURV8gkNabruQn6GdUomOTTYi81PKFsTIe8a6miETd+Nr90Si6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhjZ8JlaTIFVssClNJMCazt8lAaM5QTiyhTAt7K2EjqilDG07RhuAtv7xKWtWKd1Wp3tfK9fM8jgKcwhlcggfXUIc7aEATGITwDK/w5oydF+fd+Vi0rjn5zAn8gfP5A+VJjNg=</latexit>

150
<latexit sha1_base64="CwFBVzurCygbCpu97RfVfTPW1pE=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSp4KklV9Fjw4rGi/YA2lM120y7dbMLuRCihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLEikMuu63s7K6tr6xWdgqbu/s7u2XDg6bJk414w0Wy1i3A2q4FIo3UKDk7URzGgWSt4LR7dRvPXFtRKwecZxwP6IDJULBKFrpwbtye6WyW3FnIMvEy0kZctR7pa9uP2ZpxBUySY3peG6CfkY1Cib5pNhNDU8oG9EB71iqaMSNn81OnZAzq/RJGGtbCslM/T2R0ciYcRTYzoji0Cx6U/E/r5NieONnQiUpcsXmi8JUEozJ9G/SF5ozlGNLKNPC3krYkGrK0KZTtCF4iy8vk2a14l1UqveX5dppHkcBjuEEzsGDa6jBHdShAQwG8Ayv8OZI58V5dz7mrStOPnMEf+B8/gBWaY0U</latexit>

150
<latexit sha1_base64="CwFBVzurCygbCpu97RfVfTPW1pE=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSp4KklV9Fjw4rGi/YA2lM120y7dbMLuRCihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLEikMuu63s7K6tr6xWdgqbu/s7u2XDg6bJk414w0Wy1i3A2q4FIo3UKDk7URzGgWSt4LR7dRvPXFtRKwecZxwP6IDJULBKFrpwbtye6WyW3FnIMvEy0kZctR7pa9uP2ZpxBUySY3peG6CfkY1Cib5pNhNDU8oG9EB71iqaMSNn81OnZAzq/RJGGtbCslM/T2R0ciYcRTYzoji0Cx6U/E/r5NieONnQiUpcsXmi8JUEozJ9G/SF5ozlGNLKNPC3krYkGrK0KZTtCF4iy8vk2a14l1UqveX5dppHkcBjuEEzsGDa6jBHdShAQwG8Ayv8OZI58V5dz7mrStOPnMEf+B8/gBWaY0U</latexit> 35

<latexit sha1_base64="aLan9XELg7/1mOnXx2QgQpgZb4M=">AAAB6XicbVDLTgJBEOzFF+IL9ehlIpp4Irug0SOJF49o5JHAhswOvTBhdnYzM2tCCH/gxYPGePWPvPk3DrAHBSvppFLVne6uIBFcG9f9dnJr6xubW/ntws7u3v5B8fCoqeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7cxvPaHSPJaPZpygH9GB5CFn1FjpoXrVK5bcsjsHWSVeRkqQod4rfnX7MUsjlIYJqnXHcxPjT6gynAmcFrqpxoSyER1gx1JJI9T+ZH7plJxbpU/CWNmShszV3xMTGmk9jgLbGVEz1MveTPzP66QmvPEnXCapQckWi8JUEBOT2dukzxUyI8aWUKa4vZWwIVWUGRtOwYbgLb+8SpqVslctV+4vS7WzLI48nMApXIAH11CDO6hDAxiE8Ayv8OaMnBfn3flYtOacbOYY/sD5/AHrWIzc</latexit>

20
<latexit sha1_base64="ojUXhwh9UYPq8Oq8i4B0JVQ8JVc=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0mqoMeCF49V7Ae0oWy2k3bpZhN2N0IJ/QdePCji1X/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4dua3n1BpHstHM0nQj+hQ8pAzaqz0UHP75Ypbdecgq8TLSQVyNPrlr94gZmmE0jBBte56bmL8jCrDmcBpqZdqTCgb0yF2LZU0Qu1n80un5NwqAxLGypY0ZK7+nshopPUkCmxnRM1IL3sz8T+vm5rwxs+4TFKDki0WhakgJiazt8mAK2RGTCyhTHF7K2EjqigzNpySDcFbfnmVtGpV77Jau7+q1M/yOIpwAqdwAR5cQx3uoAFNYBDCM7zCmzN2Xpx352PRWnDymWP4A+fzB+I/jNY=</latexit> 20

<latexit sha1_base64="ojUXhwh9UYPq8Oq8i4B0JVQ8JVc=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0mqoMeCF49V7Ae0oWy2k3bpZhN2N0IJ/QdePCji1X/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4dua3n1BpHstHM0nQj+hQ8pAzaqz0UHP75Ypbdecgq8TLSQVyNPrlr94gZmmE0jBBte56bmL8jCrDmcBpqZdqTCgb0yF2LZU0Qu1n80un5NwqAxLGypY0ZK7+nshopPUkCmxnRM1IL3sz8T+vm5rwxs+4TFKDki0WhakgJiazt8mAK2RGTCyhTHF7K2EjqigzNpySDcFbfnmVtGpV77Jau7+q1M/yOIpwAqdwAR5cQx3uoAFNYBDCM7zCmzN2Xpx352PRWnDymWP4A+fzB+I/jNY=</latexit>

120
<latexit sha1_base64="INHtdMX7w9bRG2pP8SFWC/8NZIE=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mqoMeCF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB6/m9ssVt+rOQVaJl5MK5Gj0y1+9QczSiCtkkhrT9dwE/YxqFEzyaamXGp5QNqZD3rVU0YgbP5ufOiXnVhmQMNa2FJK5+nsio5ExkyiwnRHFkVn2ZuJ/XjfF8MbPhEpS5IotFoWpJBiT2d9kIDRnKCeWUKaFvZWwEdWUoU2nZEPwll9eJa1a1bus1u6vKvWzPI4inMApXIAH11CHO2hAExgM4Rle4c2Rzovz7nwsWgtOPnMMf+B8/gBR2o0R</latexit> 200

<latexit sha1_base64="VOO392MThjQlsJ7w5/6qHYCNpPE=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mqoMeCF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilh5rr9ssVt+rOQVaJl5MK5Gj0y1+9QczSiCtkkhrT9dwE/YxqFEzyaamXGp5QNqZD3rVU0YgbP5ufOiXnVhmQMNa2FJK5+nsio5ExkyiwnRHFkVn2ZuJ/XjfF8MbPhEpS5IotFoWpJBiT2d9kIDRnKCeWUKaFvZWwEdWUoU2nZEPwll9eJa1a1bus1u6vKvWzPI4inMApXIAH11CHO2hAExgM4Rle4c2Rzovz7nwsWgtOPnMMf+B8/gBQVo0Q</latexit>

200
<latexit sha1_base64="VOO392MThjQlsJ7w5/6qHYCNpPE=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mqoMeCF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilh5rr9ssVt+rOQVaJl5MK5Gj0y1+9QczSiCtkkhrT9dwE/YxqFEzyaamXGp5QNqZD3rVU0YgbP5ufOiXnVhmQMNa2FJK5+nsio5ExkyiwnRHFkVn2ZuJ/XjfF8MbPhEpS5IotFoWpJBiT2d9kIDRnKCeWUKaFvZWwEdWUoU2nZEPwll9eJa1a1bus1u6vKvWzPI4inMApXIAH11CHO2hAExgM4Rle4c2Rzovz7nwsWgtOPnMMf+B8/gBQVo0Q</latexit>

V0
<latexit sha1_base64="yCNVmKuMwJlqZcf0w7muGLuIwro=">AAAB83icbVBNS8NAEN3Ur1q/qh69BIvQU0mqoMeCF48V7Ac0oWy2k3bpZhN2J2IJ+RtePCji1T/jzX/jts1BWx8MPN6bYWZekAiu0XG+rdLG5tb2Tnm3srd/cHhUPT7p6jhVDDosFrHqB1SD4BI6yFFAP1FAo0BAL5jezv3eIyjNY/mAswT8iI4lDzmjaCTPQ3jCrJsPMycfVmtOw1nAXiduQWqkQHtY/fJGMUsjkMgE1XrgOgn6GVXImYC84qUaEsqmdAwDQyWNQPvZ4ubcvjDKyA5jZUqivVB/T2Q00noWBaYzojjRq95c/M8bpBje+BmXSYog2XJRmAobY3segD3iChiKmSGUKW5utdmEKsrQxFQxIbirL6+TbrPhXjaa91e1Vr2Io0zOyDmpE5dckxa5I23SIYwk5Jm8kjcrtV6sd+tj2VqyiplT8gfW5w9hKpHS</latexit>

S0
<latexit sha1_base64="mR2qAdmzv9stRjnPQ2AS9xeieIk=">AAAB83icbVBNS8NAEJ3Ur1q/qh69LBahp5JUQY8FLx4r2lZoQtlsN+3SzQe7E7GE/A0vHhTx6p/x5r9x2+agrQ8GHu/NMDPPT6TQaNvfVmltfWNzq7xd2dnd2z+oHh51dZwqxjsslrF68KnmUkS8gwIlf0gUp6Evec+fXM/83iNXWsTRPU4T7oV0FIlAMIpGcl3kT5jd5YPMzgfVmt2w5yCrxClIDQq0B9UvdxizNOQRMkm17jt2gl5GFQomeV5xU80TyiZ0xPuGRjTk2svmN+fkzChDEsTKVIRkrv6eyGio9TT0TWdIcayXvZn4n9dPMbjyMhElKfKILRYFqSQYk1kAZCgUZyinhlCmhLmVsDFVlKGJqWJCcJZfXiXdZsM5bzRvL2qtehFHGU7gFOrgwCW04Aba0AEGCTzDK7xZqfVivVsfi9aSVcwcwx9Ynz9cj5HP</latexit>

S1
<latexit sha1_base64="Uusu1DwHXBadPlDHWJsS3BA50rU=">AAAB83icbVBNS8NAEN3Ur1q/qh69LBahp5JUQY8FLx4r2lZoQtlsJ+3SzQe7E7GE/A0vHhTx6p/x5r9x2+agrQ8GHu/NMDPPT6TQaNvfVmltfWNzq7xd2dnd2z+oHh51dZwqDh0ey1g9+EyDFBF0UKCEh0QBC30JPX9yPfN7j6C0iKN7nCbghWwUiUBwhkZyXYQnzO7yQebkg2rNbthz0FXiFKRGCrQH1S93GPM0hAi5ZFr3HTtBL2MKBZeQV9xUQ8L4hI2gb2jEQtBeNr85p2dGGdIgVqYipHP190TGQq2noW86Q4ZjvezNxP+8forBlZeJKEkRIr5YFKSSYkxnAdChUMBRTg1hXAlzK+VjphhHE1PFhOAsv7xKus2Gc95o3l7UWvUijjI5IaekThxySVrkhrRJh3CSkGfySt6s1Hqx3q2PRWvJKmaOyR9Ynz9eFJHQ</latexit>

GEM1
<latexit sha1_base64="sMfMptCGgYTMcDoLh1oRYcX++y0=">AAAB9XicbVBNS8NAEN34WetX1aOXYBF6KkkV9FgQ0YtQwX5AG8tmO22XbjZhd6KWkP/hxYMiXv0v3vw3btsctPXBwOO9GWbm+ZHgGh3n21paXlldW89t5De3tnd2C3v7DR3GikGdhSJULZ9qEFxCHTkKaEUKaOALaPqji4nffACleSjvcByBF9CB5H3OKBrpvoPwhMnV5U3aTdy0Wyg6ZWcKe5G4GSmSDLVu4avTC1kcgEQmqNZt14nQS6hCzgSk+U6sIaJsRAfQNlTSALSXTK9O7WOj9Ox+qExJtKfq74mEBlqPA990BhSHet6biP957Rj7517CZRQjSDZb1I+FjaE9icDucQUMxdgQyhQ3t9psSBVlaILKmxDc+ZcXSaNSdk/KldvTYrWUxZEjh+SIlIhLzkiVXJMaqRNGFHkmr+TNerRerHfrY9a6ZGUzB+QPrM8fe9qSag==</latexit>

ECAL
<latexit sha1_base64="TlWwbZPN/tZML8bh33Xr3iDjE3U=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BIvQU9mtgh4rRfDgoYL9gO1SsmnahmaTJZkVy9Kf4cWDIl79Nd78N6btHrT1wcDjvRlm5oWx4AZc99vJra1vbG7ltws7u3v7B8XDo5ZRiaasSZVQuhMSwwSXrAkcBOvEmpEoFKwdjuszv/3ItOFKPsAkZkFEhpIPOCVgJb8L7AnSm/r13bRXLLkVdw68SryMlFCGRq/41e0rmkRMAhXEGN9zYwhSooFTwaaFbmJYTOiYDJlvqSQRM0E6P3mKz6zSxwOlbUnAc/X3REoiYyZRaDsjAiOz7M3E/zw/gcFVkHIZJ8AkXSwaJAKDwrP/cZ9rRkFMLCFUc3srpiOiCQWbUsGG4C2/vEpa1Yp3XqneX5Rq5SyOPDpBp6iMPHSJaugWNVATUaTQM3pFbw44L86787FozTnZzDH6A+fzBwctkQA=</latexit>

GEM2
<latexit sha1_base64="d6CeIN8pHkoY4TqjA0pmKCIMSj8=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBF6KkkV9FgQ0YtQwX5AW8tmu2mXbjZhd6KWkP/hxYMiXv0v3vw3btsctPXBwOO9GWbmeZHgGh3n21paXlldW89t5De3tnd2C3v7DR3GirI6DUWoWh7RTHDJ6shRsFakGAk8wZre6GLiNx+Y0jyUdziOWDcgA8l9Tgka6b6D7AmTq8ubtJdU0l6h6JSdKexF4makCBlqvcJXpx/SOGASqSBat10nwm5CFHIqWJrvxJpFhI7IgLUNlSRguptMr07tY6P0bT9UpiTaU/X3REICrceBZzoDgkM9703E/7x2jP55N+EyipFJOlvkx8LG0J5EYPe5YhTF2BBCFTe32nRIFKFogsqbENz5lxdJo1J2T8qV29NitZTFkYNDOIISuHAGVbiGGtSBgoJneIU369F6sd6tj1nrkpXNHMAfWJ8/fV+Saw==</latexit>

VETO
<latexit sha1_base64="xrJDvccsRSDAaOkfoLeb7zDo208=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BIvQU9mtgh4LInizQlsL26Vk02wbmk2WZFYsS3+GFw+KePXXePPfmLZ70NYHA4/3ZpiZFyaCG3Ddb6ewtr6xuVXcLu3s7u0flA+POkalmrI2VULpbkgME1yyNnAQrJtoRuJQsIdwfD3zHx6ZNlzJFkwSFsRkKHnEKQEr+T1gT5B1blp303654tbcOfAq8XJSQTma/fJXb6BoGjMJVBBjfM9NIMiIBk4Fm5Z6qWEJoWMyZL6lksTMBNn85Ck+s8oAR0rbkoDn6u+JjMTGTOLQdsYERmbZm4n/eX4K0VWQcZmkwCRdLIpSgUHh2f94wDWjICaWEKq5vRXTEdGEgk2pZEPwll9eJZ16zTuv1e8vKo1qHkcRnaBTVEUeukQNdIuaqI0oUugZvaI3B5wX5935WLQWnHzmGP2B8/kDRcSRKQ==</latexit>

VHCAL
<latexit sha1_base64="356nIlhDfu/HNwB7noB5C1xsop4=">AAAB83icbVBNS8NAEN3Ur1q/qh69BIvQU0mqoMdKLz14qGA/oAlls522SzebsDsRS+jf8OJBEa/+GW/+G7dtDtr6YODx3gwz84JYcI2O823lNja3tnfyu4W9/YPDo+LxSVtHiWLQYpGIVDegGgSX0EKOArqxAhoGAjrBpD73O4+gNI/kA05j8EM6knzIGUUjeR7CE6btRv32btYvlpyKs4C9TtyMlEiGZr/45Q0iloQgkQmqdc91YvRTqpAzAbOCl2iIKZvQEfQMlTQE7aeLm2f2hVEG9jBSpiTaC/X3REpDradhYDpDimO96s3F/7xegsMbP+UyThAkWy4aJsLGyJ4HYA+4AoZiaghliptbbTamijI0MRVMCO7qy+ukXa24l5Xq/VWpVs7iyJMzck7KxCXXpEYapElahJGYPJNX8mYl1ov1bn0sW3NWNnNK/sD6/AG3X5Fj</latexit>

GEM3
<latexit sha1_base64="AGeS+8+lvDcenR7/tvpMS88dffU=">AAAB9XicbVBNS8NAEN3Ur1q/qh69LBahp5K0gh4LInoRKtgPaGPZbDft0s0m7E7UEvI/vHhQxKv/xZv/xm2bg7Y+GHi8N8PMPC8SXINtf1u5ldW19Y38ZmFre2d3r7h/0NJhrChr0lCEquMRzQSXrAkcBOtEipHAE6ztjS+mfvuBKc1DeQeTiLkBGUruc0rASPc9YE+QXF3epP2klvaLJbtiz4CXiZOREsrQ6Be/eoOQxgGTQAXRuuvYEbgJUcCpYGmhF2sWETomQ9Y1VJKAaTeZXZ3iE6MMsB8qUxLwTP09kZBA60ngmc6AwEgvelPxP68bg3/uJlxGMTBJ54v8WGAI8TQCPOCKURATQwhV3NyK6YgoQsEEVTAhOIsvL5NWteLUKtXb01K9nMWRR0foGJWRg85QHV2jBmoiihR6Rq/ozXq0Xqx362PemrOymUP0B9bnD37kkmw=</latexit>

GEM4
<latexit sha1_base64="k1Qx6wuBKfccEQSp37IkzfTHOH8=">AAAB9XicbVBNS8NAEN3Ur1q/qh69LBahp5LUgh4LInoRKtgPaGPZbDft0s0m7E7UEvI/vHhQxKv/xZv/xm2bg7Y+GHi8N8PMPC8SXINtf1u5ldW19Y38ZmFre2d3r7h/0NJhrChr0lCEquMRzQSXrAkcBOtEipHAE6ztjS+mfvuBKc1DeQeTiLkBGUruc0rASPc9YE+QXF3epP2klvaLJbtiz4CXiZOREsrQ6Be/eoOQxgGTQAXRuuvYEbgJUcCpYGmhF2sWETomQ9Y1VJKAaTeZXZ3iE6MMsB8qUxLwTP09kZBA60ngmc6AwEgvelPxP68bg3/uJlxGMTBJ54v8WGAI8TQCPOCKURATQwhV3NyK6YgoQsEEVTAhOIsvL5NWteKcVqq3tVK9nMWRR0foGJWRg85QHV2jBmoiihR6Rq/ozXq0Xqx362PemrOymUP0B9bnD4Bpkm0=</latexit>

ST2
<latexit sha1_base64="ptUs9Zl5x3AsMN1rvQzpMUXEpPg=">AAAB9HicbVBNS8NAEN3Ur1q/qh69BIvQU0mqoMeCF48V+wVtKJvtpF262cTdSbGE/g4vHhTx6o/x5r9x2+agrQ8GHu/NMDPPjwXX6DjfVm5jc2t7J79b2Ns/ODwqHp+0dJQoBk0WiUh1fKpBcAlN5CigEyugoS+g7Y9v5357AkrzSDZwGoMX0qHkAWcUjeT1EJ4wfWjM+ml11i+WnIqzgL1O3IyUSIZ6v/jVG0QsCUEiE1TrruvE6KVUIWcCZoVeoiGmbEyH0DVU0hC0ly6OntkXRhnYQaRMSbQX6u+JlIZaT0PfdIYUR3rVm4v/ed0Egxsv5TJOECRbLgoSYWNkzxOwB1wBQzE1hDLFza02G1FFGZqcCiYEd/XlddKqVtzLSvX+qlQrZ3HkyRk5J2XikmtSI3ekTpqEkUfyTF7JmzWxXqx362PZmrOymVPyB9bnDwiFki8=</latexit>

MS2
<latexit sha1_base64="Ecws/AvoKDxOzGw8v0z+ZyAMLxc=">AAAB8XicbVA9SwNBEJ2LXzF+RS1tFoOQKtxFQcuAjY0Q0SRicoS9zSZZsrd37M6J4ci/sLFQxNZ/Y+e/cZNcoYkPBh7vzTAzL4ilMOi6305uZXVtfSO/Wdja3tndK+4fNE2UaMYbLJKRvg+o4VIo3kCBkt/HmtMwkLwVjC6nfuuRayMidYfjmPshHSjRF4yilR46yJ8wvb6tTrrFkltxZyDLxMtICTLUu8WvTi9iScgVMkmNaXtujH5KNQom+aTQSQyPKRvRAW9bqmjIjZ/OLp6QE6v0SD/SthSSmfp7IqWhMeMwsJ0hxaFZ9Kbif147wf6FnwoVJ8gVmy/qJ5JgRKbvk57QnKEcW0KZFvZWwoZUU4Y2pIINwVt8eZk0qxXvtFK9OSvVylkceTiCYyiDB+dQgyuoQwMYKHiGV3hzjPPivDsf89ack80cwh84nz95FJCz</latexit>

MM6,5
<latexit sha1_base64="kzQKVZ4ayk7YxTW3w23B4DwWG/A=">AAAB+HicbVDLSsNAFJ34rPXRqEs3g0XoQkpSn8uCGzeFCvYBbQiT6aQdOnkwcyPWkC9x40IRt36KO//GaZuFth64cDjnXu69x4sFV2BZ38bK6tr6xmZhq7i9s7tXMvcP2ipKJGUtGolIdj2imOAhawEHwbqxZCTwBOt445up33lgUvEovIdJzJyADEPuc0pAS65Z6gN7hLTRyNz08vQic82yVbVmwMvEzkkZ5Wi65ld/ENEkYCFQQZTq2VYMTkokcCpYVuwnisWEjsmQ9TQNScCUk84Oz/CJVgbYj6SuEPBM/T2RkkCpSeDpzoDASC16U/E/r5eAf+2kPIwTYCGdL/ITgSHC0xTwgEtGQUw0IVRyfSumIyIJBZ1VUYdgL768TNq1qn1Wrd2dl+uVPI4COkLHqIJsdIXq6BY1UQtRlKBn9IrejCfjxXg3PuatK0Y+c4j+wPj8AVlzksw=</latexit>

MM7
<latexit sha1_base64="JOlpU8G9r4TkGSdHvkXYvCiMUuc=">AAAB9HicbVBNSwJRFH1jX2ZfVss2jyRwJTMW2FJo00YwSA10kDfPO/rwzUfv3ZFk8He0aVFE235Mu/5NT51FaQcuHM65l3vv8WIpNNr2t5Xb2Nza3snvFvb2Dw6PiscnbR0likOLRzJSDx7TIEUILRQo4SFWwAJPQscb38z9zgSUFlF4j9MY3IANQ+ELztBIbg/hCdNGY9ZPa7N+sWRX7AXoOnEyUiIZmv3iV28Q8SSAELlkWncdO0Y3ZQoFlzAr9BINMeNjNoSuoSELQLvp4ugZvTDKgPqRMhUiXai/J1IWaD0NPNMZMBzpVW8u/ud1E/Sv3VSEcYIQ8uUiP5EUIzpPgA6EAo5yagjjSphbKR8xxTianAomBGf15XXSrlacy0r17qpUL2dx5MkZOSdl4pAaqZNb0iQtwskjeSav5M2aWC/Wu/WxbM1Z2cwp+QPr8wf8FJIn</latexit>

ST1
<latexit sha1_base64="u/cOCDEtO+oM9GGAtZuMvE0tXDQ=">AAAB9HicbVBNS8NAEN3Ur1q/qh69BIvQU0mqoMeCF48V+wVtKJvtpF262cTdSbGE/g4vHhTx6o/x5r9x2+agrQ8GHu/NMDPPjwXX6DjfVm5jc2t7J79b2Ns/ODwqHp+0dJQoBk0WiUh1fKpBcAlN5CigEyugoS+g7Y9v5357AkrzSDZwGoMX0qHkAWcUjeT1EJ4wfWjM+qk76xdLTsVZwF4nbkZKJEO9X/zqDSKWhCCRCap113Vi9FKqkDMBs0Iv0RBTNqZD6BoqaQjaSxdHz+wLowzsIFKmJNoL9fdESkOtp6FvOkOKI73qzcX/vG6CwY2XchknCJItFwWJsDGy5wnYA66AoZgaQpni5labjaiiDE1OBROCu/ryOmlVK+5lpXp/VaqVszjy5IyckzJxyTWpkTtSJ03CyCN5Jq/kzZpYL9a79bFszVnZzCn5A+vzBwcAki4=</latexit>

ST11
<latexit sha1_base64="Cy47YA37oKTY3rK51/wPAO0+tvg=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BIvQU0mqoMeCF48V+wVtLJvttF262YTdiVpC/ocXD4p49b9489+4bXPQ1gcDj/dmmJnnR4JrdJxvK7e2vrG5ld8u7Ozu7R8UD49aOowVgyYLRag6PtUguIQmchTQiRTQwBfQ9ifXM7/9AErzUDZwGoEX0JHkQ84oGum+h/CEyV0j7Seum/aLJafizGGvEjcjJZKh3i9+9QYhiwOQyATVuus6EXoJVciZgLTQizVElE3oCLqGShqA9pL51al9ZpSBPQyVKYn2XP09kdBA62ngm86A4lgvezPxP68b4/DKS7iMYgTJFouGsbAxtGcR2AOugKGYGkKZ4uZWm42pogxNUAUTgrv88ippVSvueaV6e1GqlbM48uSEnJIyccklqZEbUidNwogiz+SVvFmP1ov1bn0sWnNWNnNM/sD6/AF7PJJp</latexit>

HCAL0
<latexit sha1_base64="Bt6JO9fuA1lOZ1Dm6G8b6J3OpUY=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoJViEnkpSBT1WeunBQwX7AW0Im+2mXbrZhN2JWEN+iRcPinj1p3jz37htc9DWBwOP92aYmefHnCmw7W+jsLG5tb1T3C3t7R8cls2j466KEkloh0Q8kn0fK8qZoB1gwGk/lhSHPqc9f9qc+70HKhWLxD3MYuqGeCxYwAgGLXlmeQj0EdJW8+Y281I788yKXbMXsNaJk5MKytH2zK/hKCJJSAUQjpUaOHYMboolMMJpVhomisaYTPGYDjQVOKTKTReHZ9a5VkZWEEldAqyF+nsixaFSs9DXnSGGiVr15uJ/3iCB4NpNmYgToIIsFwUJtyCy5ilYIyYpAT7TBBPJ9K0WmWCJCeisSjoEZ/XlddKt15yLWv3ustKo5nEU0Sk6Q1XkoCvUQC3URh1EUIKe0St6M56MF+Pd+Fi2Fox85gT9gfH5A3s2kuM=</latexit>

HCAL1
<latexit sha1_base64="oYudLNsCcTmoqLh2S2krJq4DJ9o=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoJViEnkpSBT1WeunBQwX7AW0Im+2mXbrZhN2JWEN+iRcPinj1p3jz37htc9DWBwOP92aYmefHnCmw7W+jsLG5tb1T3C3t7R8cls2j466KEkloh0Q8kn0fK8qZoB1gwGk/lhSHPqc9f9qc+70HKhWLxD3MYuqGeCxYwAgGLXlmeQj0EdJW8+Y281In88yKXbMXsNaJk5MKytH2zK/hKCJJSAUQjpUaOHYMboolMMJpVhomisaYTPGYDjQVOKTKTReHZ9a5VkZWEEldAqyF+nsixaFSs9DXnSGGiVr15uJ/3iCB4NpNmYgToIIsFwUJtyCy5ilYIyYpAT7TBBPJ9K0WmWCJCeisSjoEZ/XlddKt15yLWv3ustKo5nEU0Sk6Q1XkoCvUQC3URh1EUIKe0St6M56MF+Pd+Fi2Fox85gT9gfH5A3y7kuQ=</latexit>

S4
<latexit sha1_base64="a4zg68a8GNZyg2BjrkwD/GLSTWU=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoOQU9iNAT0GvHiMaB6QXcLsZDYZMvtgplcMS37DiwdFvPoz3vwbJ8keNLGgoajqprvLT6TQaNvfVmFjc2t7p7hb2ts/ODwqH590dJwqxtsslrHq+VRzKSLeRoGS9xLFaehL3vUnN3O/+8iVFnH0gNOEeyEdRSIQjKKRXBf5E2b3s0HWmA3KFbtmL0DWiZOTCuRoDcpf7jBmacgjZJJq3XfsBL2MKhRM8lnJTTVPKJvQEe8bGtGQay9b3DwjF0YZkiBWpiIkC/X3REZDraehbzpDimO96s3F/7x+isG1l4koSZFHbLkoSCXBmMwDIEOhOEM5NYQyJcythI2pogxNTCUTgrP68jrp1GvOZa1+16g0q3kcRTiDc6iCA1fQhFtoQRsYJPAMr/BmpdaL9W59LFsLVj5zCn9gff4AYqOR0w==</latexit>

Sµ
<latexit sha1_base64="vsIl8iY29YN4ZOD8qLj7kp8Eku4=">AAAB9XicbVBNSwMxEM36WetX1aOXYBF6KrtV0GPBi8eK9gPatWTTbBuaZJdkVi3L/g8vHhTx6n/x5r8xbfegrQ8GHu/NMDMviAU34Lrfzsrq2vrGZmGruL2zu7dfOjhsmSjRlDVpJCLdCYhhgivWBA6CdWLNiAwEawfjq6nffmDa8EjdwSRmviRDxUNOCVjpvgfsCdLbrJ/2ZJL1S2W36s6Al4mXkzLK0eiXvnqDiCaSKaCCGNP13Bj8lGjgVLCs2EsMiwkdkyHrWqqIZMZPZ1dn+NQqAxxG2pYCPFN/T6REGjORge2UBEZm0ZuK/3ndBMJLP+UqToApOl8UJgJDhKcR4AHXjIKYWEKo5vZWTEdEEwo2qKINwVt8eZm0alXvrFq7OS/XK3kcBXSMTlAFeegC1dE1aqAmokijZ/SK3pxH58V5dz7mrStOPnOE/sD5/AFKmpLx</latexit>

µout
<latexit sha1_base64="Cwz1hbgonHr48sjyCwuqRzFeeIE=">AAAB9XicbVBNSwMxEM3Wr1q/qh69BIvgQcpuFfRY8OKxgv2A7lqyabYNzWaXZKKWpf/DiwdFvPpfvPlvTNs9aOuDgcd7M8zMC1PBNbjut1NYWV1b3yhulra2d3b3yvsHLZ0YRVmTJiJRnZBoJrhkTeAgWCdVjMShYO1wdD312w9MaZ7IOxinLIjJQPKIUwJWuvdj0/OBPUGWGJj0yhW36s6Al4mXkwrK0eiVv/x+Qk3MJFBBtO56bgpBRhRwKtik5BvNUkJHZMC6lkoSMx1ks6sn+MQqfRwlypYEPFN/T2Qk1noch7YzJjDUi95U/M/rGoiugozL1ACTdL4oMgJDgqcR4D5XjIIYW0Ko4vZWTIdEEQo2qJINwVt8eZm0alXvvFq7vajUz/I4iugIHaNT5KFLVEc3qIGaiCKFntErenMenRfn3fmYtxacfOYQ/YHz+QNe5ZMC</latexit>

pout  80 GeV/c
<latexit sha1_base64="mMWjZ7EUcHvYx1sH5kzDrwVoSo0=">AAACCXicbVDJSgNBEO2JW4zbqEcvjUHwIHEmCuYY8KDHCGaBTAg9nUrSpGexu0YMQ65e/BUvHhTx6h9482/sLAdNfFDweK+Kqnp+LIVGx/m2MkvLK6tr2fXcxubW9o69u1fTUaI4VHkkI9XwmQYpQqiiQAmNWAELfAl1f3A59uv3oLSIwlscxtAKWC8UXcEZGqlt07jtITxgGiU48iTclRyPTpUrqJ3yUdvOOwVnArpI3BnJkxkqbfvL60Q8CSBELpnWTdeJsZUyhYJLGOW8REPM+ID1oGloyALQrXTyyYgeGaVDu5EyFSKdqL8nUhZoPQx80xkw7Ot5byz+5zUT7JZaqQjjBCHk00XdRFKM6DgW2hEKOMqhIYwrYW6lvM8U42jCy5kQ3PmXF0mtWHDPCsWb83z5ZBZHlhyQQ3JMXHJByuSaVEiVcPJInskrebOerBfr3fqYtmas2cw++QPr8wfBVZpI</latexit>

�, ⌫
<latexit sha1_base64="+LVcLotudFuFo0oQg7uQAlKJHiw=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBahBylJFfRY8OKxgm3FJpTNdtMu3WzC7kQopf/CiwdFvPpvvPlv3LY5aOuDgcd7M8zMC1MpDLrut1NYW9/Y3Cpul3Z29/YPyodHbZNkmvEWS2SiH0JquBSKt1Cg5A+p5jQOJe+Eo5uZ33ni2ohE3eM45UFMB0pEglG00qPPhuLcJ77KeuWKW3PnIKvEy0kFcjR75S+/n7As5gqZpMZ0PTfFYEI1Cib5tORnhqeUjeiAdy1VNOYmmMwvnpIzq/RJlGhbCslc/T0xobEx4zi0nTHFoVn2ZuJ/XjfD6DqYCJVmyBVbLIoySTAhs/dJX2jOUI4toUwLeythQ6opQxtSyYbgLb+8Str1mndRq99dVhrVPI4inMApVMGDK2jALTShBQwUPMMrvDnGeXHenY9Fa8HJZ47hD5zPH8ZLkD8=</latexit>

�, ⌫
<latexit sha1_base64="1APp3a3/IHbb8Uy53CV7/pBmmqc=">AAACCXicbVDLSsNAFL3xWesr6tLNYBG6kJJUQZcFNy4r2Ac0oUymk3boZBJmJkIJ2brxV9y4UMStf+DOv3HSdlFbDwwczrmHO/cECWdKO86Ptba+sbm1Xdop7+7tHxzaR8dtFaeS0BaJeSy7AVaUM0FbmmlOu4mkOAo47QTj28LvPFKpWCwe9CShfoSHgoWMYG2kvo282NhFOvPIiOUX3qIi0rxvV5yaMwVaJe6cVGCOZt/+9gYxSSMqNOFYqZ7rJNrPsNSMcJqXvVTRBJMxHtKeoQJHVPnZ9JIcnRtlgMJYmic0mqqLiQxHSk2iwExGWI/UsleI/3m9VIc3fsZEkmoqyGxRmHKkY1TUggZMUqL5xBBMJDN/RWSEJSbalFc2JbjLJ6+Sdr3mXtbq91eVRnVeRwlO4Qyq4MI1NOAOmtACAk/wAm/wbj1br9aH9TkbXbPmmRP4A+vrF3TEmrw=</latexit>

Figure 4. The downstream region of the experiment for final-state muon identification through detector response and momentum
reconstruction in MS2. The distances between the detector elements are given in cm. See text for more details.

IV. MONTE CARLO APPROACH

A. Signal event production

The signal is simulated within the GEANT4-based [68,
69] application programming interface (API) DMG4 toolkit
[70–72]. The number of 𝑍 ′ produced at each step 𝑘 within
the target is given through

𝒩 (𝑘)
𝑍′ =

𝜌𝒩𝐴

𝐴
𝜎𝑍′

2→3

⃒⃒⃒
WW

(𝐸𝑘)∆𝑙𝑘, (13)

with 𝜌 and 𝐴 respectively the density and atomic weight
of the lead ECAL target, 𝒩𝐴 ≃ 6.022× 10−23 mol−1 the

Avogadro’s number, 𝜎𝑍′

2→3

⃒⃒⃒
WW

(𝐸𝑘) the total production

cross-section for the 𝑍 ′ boson discussed in Sec. II for a
muon with energy 𝐸𝑘 and ∆𝑙𝑘 the corresponding step
length.

During this phase, a signal event is simulated as fol-
lows: (i) The interaction probability is inferred from run-
time tabulated cross-sections values through the mean
free path associated with the production process. (ii)
Shall a 𝑍 ′ vector boson be produced, its phase-space is

sampled from the single- and double-differential cross-
sections 𝑑2𝜎𝑍′

2→3/𝑑𝑥𝑑𝜃𝑍′ and 𝑑𝜎𝑍′

2→3/𝑑𝑥 through a di-
rect Von Neumann accept/reject scheme [73]. The final
state’s muon kinematics are similarly treated for the vari-
ables 𝑦 and 𝜓′

𝜇. (iii) Finally, depending on the selected
decay channels and values of (𝑚𝑍′ , 𝑔𝑍′), the newly pro-
duced particle can decay within the set-up.
The computer-based program implementation of the

production cross-sections discussed in Sec. II are done
within the WW approach. For a decrease of the comput-
ing time, and thus an improved run-time performance,
the analytical expressions of Ref. [53] are adopted by
integrating out the emission angle 𝜃𝑍′ of Eq. (11) to

obtain an exact form for 𝑑𝜎𝑍′

2→3/𝑑𝑥, such that the total
production cross-section reads

𝜎𝑍′

2→3

⃒⃒⃒
WW

=∫︁ 𝑥max

𝑥min

𝑑𝑥

(︂
𝜖2𝑍′𝛼3

√︃
1− 𝑚2

𝑍′

𝐸2
0

1− 𝑥

𝑥

6∑︁
𝑖=1

𝐼𝑍
′

𝑖 (𝑥, 𝑢̃)

⃒⃒⃒⃒𝑢̃=𝑢̃max

𝑢̃=𝑢̃min

)︂
,

(14)
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where the six special functions 𝐼𝑍
′

𝑖 , 𝑖 = 1, 2, ...6 and the
definition of the variable 𝑢̃min and 𝑢̃max can be found in
[53]. As discussed in Sec. II, the accuracy of the method
is inferred by comparing the absolute yield of the photon
and massless 𝑍 ′ bremsstrahlung productions. In this op-
tic, events are extracted from a GEANT4 simulation of the
NA64𝜇 ECAL target. For an appreciable comparison,
an adequate choice of production cut (threshold), set to
1 GeV, similar values of 𝑡min and 𝑡max within the two
processes, and equal parameters 𝑥min and 𝑥max (respec-
tively 𝑣cut and 𝑣max within GEANT4, see [74]) are chosen.

The resulting single-differential distributions are shown
in Fig. 5, left, for the events’ sampled fractional en-
ergies, 𝑥, assuming a muon beam with mono-energetic
energy 𝐸0 = 160 GeV.
This procedure is repeated for several values of 𝐸0, and

the resulting distributions 𝑑𝑁2→3/𝑑𝑥 integrated to com-
pute the absolute 𝛾 and 𝑍 ′ yields. Over the full beam
energy range, it is found that the ratio of the yields,
𝑁𝑍′/𝑁𝛾 , is on average ∼ 0.98 ± 0.01. The correspond-
ing extracted values of the production cross-sections are
shown in Fig. 5, right.
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Figure 5. Left: Distributions of the fractional energy, 𝑥, for repsectively SM muon bremsstrahlung, 𝜇𝑁 → 𝜇𝑁𝛾 and dark
bremsstrahlung in the limit𝑚𝑍′ → 0. The events are obtained from a minimal GEANT4 simulation of the NA64𝜇 target, assuming
a fixed muon beam energy 𝐸0 = 160 GeV. Right: Production cross-sections 𝜎2→3 as a function of the muon beam energy, 𝐸0,
extracted from a realistic GEANT4 simulation of both SM muon bremsstrahlung, 𝜇𝑁 → 𝜇𝑁𝛾, and dark bremsstrahlung in the
limit 𝑚𝑍′ → 0, within the NA64𝜇 ECAL.

Because the experimental signature strongly relies on the
scattered muon kinematics, the sampling of the final state
emission angle is implemented based on the WW approx-
imation of 𝑑2𝜎𝑍′

2→3/𝑑𝑦𝑑𝜓
′
𝜇, which reads [52]

𝑑2𝜎𝑍′

2→3

𝑑𝑦𝑑 cos𝜓′
𝜇

⃒⃒⃒
WW

≃ 𝛼𝜒WW

𝜋(1− 𝑦)
𝐸2

0𝑦𝛽
′
𝜇

𝑑𝜎𝑋
2→2

𝑑(𝑝𝑝′)

⃒⃒⃒
𝑡=𝑡min

, (15)

with 𝑦 the final-state muon fractional energy, 𝜓′
𝜇 its

emission angle, 𝛽′
𝜇 its Lorentz 𝛽−factor and 𝑝′ its four-

momenta. The accuracy in reproducing the underly-
ing probability distribution function (PDF) is inferred
through a Kolmogorov-Smirnov (KS) statistical test for
goodness of the fit [75, 76]. In Fig. 6 is shown the sam-
pled values of the muon scattered angles 𝜓′

𝜇 for a mass
𝑚𝑍′ = 10 MeV.
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N
/d
ψ
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Reference 10 MeV
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Reference500 MeV

Figure 6. The muon emission angles 𝜓′
𝜇 for kinematical

regimes with 𝑚𝑍′ = 10, 500 MeV. The normalized sampled
angle (crosses) and the normalized target partial distribution
function (PDF, lines) are shown for comparison. Small de-
viations from the target PDF at larger 𝜓′

𝜇 are due to fewer
statistics in the binned sample distribution.
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B. Beam optics simulations and trigger
configuration optimisation

The full NA64𝜇 beam optics are simulated through the
TURTLE [77], TRANSPORT [78] and HALO [79] programs as
to transport the muon particles up to the first BMS de-
tector (BMS1), reproducing accurately the momenta and
spatial distributions of both the core of the beam and its
halo that constitutes about 20% of the full beam inten-
sity [55]. Additionally, the beam particle composition is
included based on the beam delivery simulation (BDSIM)
GEANT4 API [80–83], allowing secondaries produced in
interactions with the upstream beam line material to be
propagated towards the set-up. The above lays the basis
for precisely propagating muons within the set-up and
building the trigger system.

To efficiently remove the halo component of the beam
being associated with low-momenta scattered muons be-
ing transported in the return fields of the upstream mag-
net yokes, the geometry of S0, S1 and V0 is optimized to
maximize the number of triggers on the core of the beam
[55] using the calibration trigger configuration (beam
scintilaltor counters coincidences)). For 42-mm-diameter
counters, (57 ± 3)% of the MOT pass the trigger condi-
tion, while most of the lower-energetic component of the
beam is rejected (see Fig. 7).
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Figure 7. Calibration trigger acceptance effects (blue solid
line) on the initial-state beam muons before the ECAL target.

The second part of the trigger system introduced in
Sec. III is optimized under several constraints, namely
(i) an appreciable DAQ performance (limited to 10 kHz),
maximizing (ii) the beam intensity (𝜇/spill) and (iii) the
number of triggers on produced signal events, scaling as
𝜎𝑍′

2→3 ∼ 𝑔2𝑍′𝛼2𝑍2/𝑚2
𝑍′ . To maximize the rejection of

non-signal events, referred to as beam muons, the typ-
ical trajectory of 160 GeV/c muons compatible with a
MIP in the ECAL is studied within the set-up using a
GenFit-based [84] Runge-Kutta track extrapolator, ac-
counting for the proper initial muon momentum and an-
gular distributions. At the position of S4 along the beam

line, it is found that the average deflection past MS2 is
⟨𝛿𝑥⟩ ≃ −12 mm. Based on this result, the trigger coun-
ters’ positions and dimensions are optimized considering
also the typical final-state signal muon emission angle
scaling as 𝜓′

𝜇 ∼ 𝑚𝑍′/𝐸0 [52], thus compensating the low
production yield at high masses. In particular, for an
appreciable comparison with the available data (see Sec.
V), the MIP-compatible muons in the ECAL are com-
pared against single hard-bremsstrahlung muon events in
this detector, given by the reaction 𝜇𝑁 → 𝜇𝑁𝛾, as this
mimics the final-state kinematics of signal muons (see
Secs. II and IVA). A sample of muons from this reac-
tion is simulated with GEANT4 in the downstream part of
the experimental set-up described in Sec. III, requiring
a single-photon emission in the ECAL from impinging
muons. Fig. 8 shows the energy distributions of final-
state muons from both reactions (8) and 𝜇𝑁 → 𝜇𝑁𝛾
under different physical trigger configurations, with for
the later case also the distribution under the trigger con-
dition S0×S1×V0. For a value of S4 shifted 65 mm and
S𝜇 shifted 152 mm along the deflection axis past MS2,
it is found that the acceptance of signal candidates is
optimized for the mass range 10 MeV to 1 GeV, with
a scattered muon angle peaking around 𝜓′

𝜇 ∼ 10−2 rad.
The effect on beam muon rejection is inferred by sim-
ulating, in addition to muon bremsstrahlung, the whole
class of muon-induced electromagnetic and hadronic pro-
cesses within the target with a single muon among the
final states. From simulation, the corresponding physical
trigger rate is found to be (0.026 ± 0.004)% that of the
calibration trigger, in good agreement with the results of
Sec. V, and satisfying the constraints (i-ii).
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Figure 8. Final-state muons energy distribution from the SM
process 𝜇𝑁 → 𝜇𝑁𝛾 using the calibration trigger configuration
(green line) and different physical trigger configurations with
the S4 counter shifted respectively -40 mm (black line) and
-65 mm (blue line) along the deflection axis past MS2. For
completeness, bremsstrahlung-like events 𝜇𝑁 → 𝜇𝑁𝑍′ in the
𝑚𝑍′ = 1 MeV scenario (solid red dots) are shown for S4 at
-65 mm.
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C. Detector hermeticity and optimization

As mentioned in Sec. II, the method of search relies on
a well-defined final-state muon with about less than half
of its initial energy, and energy compatible with that of
a MIP in the sub-detectors. To maximize the hermetic-
ity of the set-up, and avoid background due to energy
leakage (see discussion of Sec. VII), the detector ge-
ometry has been optimized through MC simulation. In
particular, the HCAL acceptance has been maximized
to suppress non-hermeticity from events with hard muon
bremsstrahlung or nuclear interactions in the target, with
a low energetic final-state muon accompanied by large-
angle emitted secondaries. This is achieved by isolating
from simulation both charged and neutral secondaries
produced in the target and respectively deflected through
MS2 outside of the HCAL acceptance or emitted at large
angles for different HCAL transverse sizes. In Fig. 9, the
energy distributions of the sum of ECAL+HCAL from
interactions in the target are shown for both the NA64𝑒
HCAL modules [85] with longitudinal depth 7.5𝜆int and
lateral size 60× 60 cm2 and the newly-designed 120× 60
cm2 modules. The spectra assume a single scattered
muon with energy 𝐸′

𝜇 < 100 GeV, and no energy deposit
on the VHCAL. The reduction in non-hermeticity due to
lateral energy leakage is estimated through a power law
fit of the exponential tail of the distributions, showing
a gain of ∼ 𝒪(104) in hermeticity with respect to the
NA64𝑒 geometry.
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Figure 9. Energy distributions for both HCAL and ECAL
from secondary products from hard muon bremsstrahlung and
nuclear interactions in the target. A final-state muon with
energy less than 𝐸′

𝜇 ≤ 100 GeV is required. Both HCAL
transverse sizes with 60×60 cm2 (blue) and 120 × 60 cm2

(red) are shown. The upper bound of the signal box (black
dashed line) is shown (see Sec. V).

To further improve the set-up hermeticity, the VHCAL
prototype was optimized through simulation to maximize
the acceptance for the passage of non-interacting beam
muons in the target and minimize events from upstream
interactions. The 120× 60 mm2 central hole size, lateral

50×50 cm2 dimension, and 5𝜆int were extracted from MC
simulation based on the ratio of beam muons to scattered
secondaries. Its placements within the set-up was defined
from simulations to provide nearly full hermetic coverage
for secondary particles produced in the ECAL.

V. DATA ANALYSIS

In this work, the analysis of the search for an invisi-
ble decaying 𝑍 ′ boson from the reaction 𝜇𝑁 → 𝜇𝑁𝑍 ′ is
performed on the full data sample collected during the
NA64 May 2022 run. This corresponds to a total statis-
tics of 𝑁MOT = (1.98± 0.02)× 1010 gathered at a mod-
erate beam intensity of 2.8 × 106 𝜇/spill. In particular,
the presented results are obtained by the combination
of two sets of data, with different trigger configurations
(hereafter called trigger 1 and 2 configurations) given
the S𝜇 counter shifted respectively 152 mm and 117 mm

along the deflection axis. This corresponds to 𝑁
(1)
MOT =

(1.17 ± 0.01) × 1010 and 𝑁
(2)
MOT = (0.81 ± 0.01) × 1010,

with a relative trigger efficiency of 0.04% and 0.07% that
of the calibration trigger coincidence. More details on
the analysis can be found in [86].
The analysis aims at identifying single final-state

muons from the reaction (8), with an activity in the sub-
detectors comparable with that of a MIP. This is achieved
by precisely reconstructing both the incoming and out-
going momenta of such events while rejecting multi-track
events, and appropriately defining MIP-compatible selec-
tion cuts to veto possible hard muon breamsstrahlung or
nuclear upstream interactions. The approach is thus cho-
sen to be that of a cut-flow-based analysis, with a blinded
signal region in the kinematic variable space associated
with (𝑝out, 𝐸CAL), with 𝐸CAL = 𝐸ECAL + 𝐸VHCAL +
𝐸HCAL the total energy deposited on the calorimeters.

𝜅𝑍′ (%) for 𝑚𝑍′ in MeV

𝑝out (GeV) 1 10 102 5× 102 103 𝐵

60 4.4 9.4 41.1 70.0 75.1 5 · 10−5

70 5.7 12.4 50.1 77.2 81.9 0.001

80 7.6 15.9 58.6 82.2 86.0 0.05

90 9.7 19.5 67.1 86.3 90.1 1.6

100 12.1 24.8 74.9 89.7 93.2 53.0

Table II. Signal efficiency 𝜅𝑍′ for different 𝑍′ masses, and
background level 𝐵 as a function of the choice of bound
on 𝑝out. The background is extracted from data (see Sec.
VII) and the signal efficiencies from MC. The events are ex-
tracted assuming calibration trigger configuration and MIP-
compatible behaviour.

The signal region is defined by minimizing the num-
ber of background event 𝐵 < 1, while maximizing the
signal efficiency 𝜅𝑍′ . The optimal bound value on 𝑝out
is found to be < 80 GeV/c, and obtained by studying
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the 𝑍 ′ differential energy spectrum given through Eq.
(14), and simulating the trigger acceptance as shown in
Sec. IVB. The background yield is studied through ex-
trapolation from calibration trigger muon data (see Sec.
VII). Results for different choices of 𝑝out are shown in Ta-
ble II.The bound on 𝐸CAL is obtained by isolating and
summing the muon MIP contributions in each of the sub-
detectors contributing to the total energy deposit in the
calorimeters and found to be 𝐸CAL, box < 12 GeV.

Appropriate selection criteria are imposed on the
data sample, to both minimize the expected background
sources and maximize the likelihood of observing the ex-
pected signal signature defined in Sec. II. Having blinded
the signal region, no bias is introduced towards the search
of 𝑍 ′ → invisible. The main cuts are defined as follows,

(i) There must be one and only one incoming muon
track, with momentum falling within the window
𝑝in ∈ [140, 180] GeV/c. Additionally, appropri-
ate quality cuts are applied on the reconstructed
tracks’ underlying 𝑝−value distribution. This cut
forces the selection before the interaction point of
well-defined primary muons from the core of the
beam (see Sec. IVB).

(ii) One and only one scattered muon track should be
reconstructed in the second magnet spectrometer

(𝑝out in MS2), with at most a single hit in the track-
ing detectors MM5−7 and ST1 (multiplicity≤1).
Additionally, the tracklet associated with those
trackers is extrapolated to the HCAL’s face and it
is verified that the energy deposit in the cell is com-
patible with that of a MIP. This criterion enforces
the selection of a single outgoing muon with no en-
ergetic enough secondaries from upstream ECAL
interactions.

(iii) The energy deposit in both the electromagnetic and
hadronic calorimeters should be compatible with
that of a MIP. In addition, there should be no activ-
ity in the VHCAL, and no energy deposit in VETO
different than that of a MIP.

For proper identification of incoming and outgoing
tracks, it is further required that all hits are in-time,
falling within the individual tracker time resolutions de-
fined in Table I, with an in-time requirement of a 𝛿𝑡 ∼ 25
ns time window. The distribution of events from 𝜇𝑁 →
𝜇 + anything is shown in Fig. 10 [51] for both physical
trigger configurations 1 and 2, for one and only one muon
traversing the whole set-up (selection criteria (i+ii)) and
for the whole set of cuts (i-iii). Four distinct regions are
highlighted in the hermeticity plane (𝑝out, 𝐸CAL).
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Figure 10. Event distribution in the hermeticity plane defined by the reconstructed momentum after the ECAL target, 𝑝out,
and the sum of energy deposit in the calorimeters, 𝐸CAL = 𝐸ECAL +𝐸VHCAL +𝐸HCAL [51]. The sample of events corresponds
to the sum of both physical trigger configurations 1+2, with 𝑁MOT = (1.98± 0.02)× 1010. The signal region is blinded (green
right-hashed box). Left: Events distribution after applying selection criteria (i-ii) to select a single-track-compatible event with
a muon traversing the whole set-up. For completeness, different regions of the phase space are highlighted, with regions 𝐴 and
𝐵 used as control regions for background extrapolation (see text). Right: Event distribution after additionally requiring a MIP
in the calorimeters and no activity in the VHCAL and VETO (criteria (i-iii)).

Region 𝐴 is inherent to MIP-compatible events traversing
the whole set-up while being nearly undeflected within
MS2. This relates to the condition 𝑝in ≃ 𝑝out ≃ 160
GeV/c, with interactions in the ECAL and the detec-
tors downstream of the target compatible with that of a
MIP. While by design, most of those events do not pass

the physical trigger condition defined by (12), sufficiently
energetic residual electrons, 𝜇𝑁 → 𝜇𝑁 + 𝛿𝑒, from inter-
actions in MM7, the ST1 planes, or the last HCAL layer,
do clinch a trigger coincidence with S4 and S𝜇. Region
𝐵 corresponds to hard scattering/bremsstrahlung events,
𝜇𝑁 → 𝜇𝑁 + 𝑋, with a soft muon in the final state,
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and a large energy deposit either in the ECAL target of
the HCAL modules. Because of the shift of the trigger
counters along the deflection axis past MS2, events with
hard bremsstrahlung, 𝜇𝑁 → 𝜇𝑁 + 𝛾, and small final-
state muon scattering angle, 𝜓′

𝜇 ≪ 10−2 rad, do not pass
the physical trigger, thus resulting in a small number of
events populating the momentum range 𝑝out ∈ [50, 100]
GeV/c. In the event of a quasi-full energy deposit of the
final-state muon solely in the HCAL modules through
muon nuclear interactions, events accumulate along the
horizontal axis from region 𝐴 to 𝐶. Finally, because
of the limited detector acceptance of the HCAL mod-
ules, events with muon nuclear interactions in the ECAL,
𝜇𝑁 → 𝜇𝑁+𝑋, populate region 𝐷. For such events, 𝑋 is
typically any combination of mesons or baryons such as 𝜋
and 𝐾, or protons and neutrons (𝑝 and 𝑛), accompanied
by a low-momentum final-state muon and low-energetic
charged hadrons being deflected away in MS2, thus miss-
ing the HCAL modules.

VI. MONTE CARLO VALIDATION

The data analysis strongly relies on the accuracy of the
MC simulation, in particular in the estimate of the signal
yield and efficiency (see Secs. IVA and VIII). To assert
the reliability of the simulation framework presented in
Sec. IV, and evaluate the systematics associated with the
signal, the MC is benchmarked against data. As the re-
action Eq. (8) is associated with a single deflected muon
in the final-state, both the track propagation through the

magnetic fields and the MIP signatures in the calorime-
ters are compared.

A. Track deflection

The reconstruction of the muon initial- and final-state
momenta is performed within the following constraints:
(i) an 80-meter-long magnet spectrometer (MS1) with
(ii) complex non-uniform magnetic fields due to the mul-
tiple quadrupoles, (iii) a large beam spread in space due
to the FODO configuration of the upstream part of the
experiment and (iv) a non-trivial hit multiplicity due to
upstream interactions with the beam material and halo
muons. The event reconstruction pipeline consists of ded-
icated digitization of each of the tracking detectors’ hits,
followed by a cellular-automaton-based track finding al-
gorithm (CAT) implemented following the work of [87]
to cope with constraints (iii-iv). The resulting track
candidates are weighted (pre-fitted) based on a singu-
lar value decomposition (SVD) scheme and fitted using a
deterministic annealing filter (DAF) implemented within
the GenFit package [84]. The OPERA [88] output of the
individual magnetic field maps (ii) is embedded within
the track reconstruction sequence through a fourth-order
finite difference method for field value interpolation in
space. A complete overview of the track reconstruction
scheme can be found in [86] and a snapshot of such events
shown in Fig. 11.
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Figure 11. GenFit-based [84] track reconstruction through the whole experimental set-up.
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Figure 12. Distribution of single-track muon events deflection
past MS2, defined as 𝛿𝑥 = (MM7)𝑥−(GEM1)𝑥, for both data
(blue triangle) and MC (solid magenta line) in the calibration
trigger configuration.

Using the aforementioned pipeline, the reconstructed
trajectories of both MC and data events are compared in
Fig. 12 to assess the effect of the fields to deflect muons,
of particular importance for the estimate of the signal
yield efficiency (see Sec. IX). Samples of well-defined
incoming muons satisfying selection criterion (i), with a
MIP in the ECAL, are selected both from MC and data,
and the typical deflection in MS2 is inferred. It is found
that both spectra agree well, with a relative error ≤ 2%
on the mean deflected position ⟨𝛿𝑥⟩ ≃ −12 mm, between
MM7 and GEM1.
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B. The ECAL and HCAL energy spectra

The agreement between MC and data is also inferred
in the detector in terms of energy deposit around the
muon MIP peak. This value is found to be 𝐸𝜇

ECAL ≃
0.8 GeV and 𝐸𝜇

HCAL ≃ 2.5 GeV respectively for a single
electromagnetic and hadronic calorimeter module. As
shown in Fig. 13, those are well reproduced by the MC
with a relative error ≤ 1%. Additionally, both MC and
data distributions are integrated around the MIP peak,
resulting in a ratio of integrated events ≃ 1.03.
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Figure 13. Distributions of energy deposited around the MIP
peak compatible with a muon for both data (blue triangle)
and MC (solid magenta line) in the calibration trigger config-
uration. Left: The ECAL module. Right: The whole HCAL
module (first and second HCAL modules). The spectra are
normalized to a similar number of events.

While the behavior of single muons energy loss through
ionization is well reproduced within the detector, the
simulation is further validated using as a benchmark
process hard muon nuclear interaction in the ECAL,
𝜇𝑁 → 𝜇 + 𝑋, where 𝑋 escape the target and propa-
gate downstream of the target (see Secs. V and VII).
𝑋 is associated with either secondary hadrons, with a
leading high-energetic hadron in the final state (𝐸ℎ ≥ 80
GeV, see Sec. VII), or a highly energetic photon pro-

duced through muon-bremsstrahlung in the last layer of
the ECAL (see Sec. IVB). In both scenarios, the final-
state muon has low momentum. A sample from both
data and MC in physics trigger configuration 1 is se-
lected, requiring (i) a muon having a momentum past
ECAL 𝑝out ≤ 80 GeV/c, (ii) no activity in the VHCAL,
(iii) an energy deposit in the HCAL 𝐸HCAL ≥ 50 GeV,
and (iv) most of the energy being absorbed in the first
HCAL module (HCAL0). The resulting HCAL0 distribu-
tions are shown in Fig. 14. While the bulk of the spectra
are in good agreement, small discrepancies between the
data and MC appear in the tails. Those are dominated
by the alignment of the trigger counters S4 and S𝜇 (see
Fig. 8 and Sec. IX).
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Figure 14. First HCAL module energy distribution for a sam-
ple of muon interacting in the ECAL, 𝜇𝑁 → 𝜇+𝑋, with high
energetic secondaries escaping the detector and propagating
through MS2. Both data (blue triangle) and MC (solid ma-
genta line) correspond to the physics trigger configuration 1.
The spectra are normalized to a similar number of events. See
text for more details.

VII. BACKGROUND

The background sources associated with the search for
𝑍 ′ → invisible require a careful treatment to identify the
single muon trajectory through the set-up. The level at
which those events are expected is estimated per MOT
from both detailed MC simulations and data. The MC
study of the background level is based on our previous
work [55].

(i) Single-hadron punch-through. Missing energy
events can originate from highly energetic leading
hadrons, ℎ, produced in the ECAL target through
muon nuclear interaction, 𝜇𝑁 → 𝜇 + 𝑋 + ℎ. In
such a background process, the leading hadron car-
ries away a significant fraction of the muon en-
ergy, 𝐸ℎ ≥ 80 GeV, and leaks through the de-
tectors downstream of the target with two possi-
ble scenarios: (i) shall ℎ be charged, it can be ac-
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companied, while depositing a MIP-compatible en-
ergy in the HCALs, by a low energetic outgoing
muon being poorly detected or (ii) shall ℎ be neu-
tral, it can traverse the HCAL modules undetected
while the outgoing muon is reconstructed with low
energy (𝑝out ≤ 80 GeV/c). This background is
evaluated by combining both MC and data. The
probability to produce a leading hadron, 𝑃ℎ, is ex-
tracted from simulations of hard muon interactions
in the ECAL and is found to be respectively 𝑃 0

ℎ =
(6.90±0.11)×10−7 and 𝑃±

ℎ = (2.61±0.07)×10−7

per MOT for neutral and charged hadrons, such
that 𝑃ℎ ≃ 10−6 conservatively. Similarly, the prob-
ability to punch-through a single HCAL module

with 7.5𝜆int, 𝑃
(1)
pt is estimated as ≲ 10−3 per MOT,

while for two modules 𝑃
(2)
pt ≲ 10−6. Those re-

sults are compared with the punch-through proba-
bility computed from the available data [89, 90] on
the measurement of the hadronic absorption cross-
sections 𝜎𝑎, such that 𝑃𝑝𝑡 = exp{−𝑑/𝜆𝑎}, with 𝑑
the distance within the HCAL module, and 𝜆𝑎 the
absorption length. The overall probability to ob-
serve a background event 𝑛ℎbkg is thus estimated as

𝑛ℎbkg =
∑︁
𝑡=1,2

𝑃ℎ × 𝑃
(2)
pt × 𝜅S0S1

×𝑁 𝑡
MOT, (16)

with 𝜅S0S1
≃ 0.55 the efficiency of track reconstruc-

tion extracted from data. For the full sample of
events, it is found that 𝑛ℎbkg = (2.8± 0.1)× 10−3.

(ii) Dimuons production. Besides muon nuclear inter-
actions in the target, potential background from
muon electromagnetic processes in the ECAL can
contribute to mimicking signal events, especially
in the visible search for 𝑍 ′ → 𝜇+𝜇−. Dileptons
events with a muon pair in the final state are as-
sociated with dimuons production through (i) the
emission of a real photon (Bethe-Heitler mecha-
nism [59, 74]), 𝜇𝑁 → 𝜇𝑁 + 𝛾; 𝛾 → 𝜇+𝜇−, (ii)
the conversion of a virtual photon (Trident process
[58]), 𝛾* → 𝜇+𝜇− and (iii) sufficiently energetic
knock-on electrons yielding a bremsstrahlung-like
dimuon production, 𝛿𝑒𝑁 → 𝛿𝑒𝑁 + 𝛾; 𝛾 → 𝜇+𝜇−

[91]. The yield for such events is obtained through
simulations and found to be ∼ 10−7 per MOT, sup-
pressed by a factor (𝑚𝑒/𝑚𝜇)

5 with respect to the
electron bremsstrahlung. For the set of cuts de-
fined in Sec. V, double- and triple-MIP events in
the calorimeters are efficiently rejected, as well as
events with muons emitted at large angles leaving
a signature in VETO and VHCAL, not passing cri-
terium (iii). Similarly, track multiplicity strongly
suppresses dimuons events, following selection cri-
teria (ii). For the full statistics of 1.98×1010 MOT,

it is found from simulations that 𝑛2𝜇bkg ≪ 0.1 after

applying all selection criteria (i-iii).

(iii) Detectors non-hermeticity. The level of non-
hermeticity, i.e. of energy leakage from the detec-

tors due to lack of acceptance, is inferred within the
plane defined by (𝑝out, 𝐸CAL) (see Fig. 10) and the
control regions 𝐵 and 𝐴. A sample of events from
both trigger 1 and 2 configurations is chosen, un-
der the assumption (i+ii), and selecting only MIP-
compatible events within the target as to isolate
events downstream of MS2 leaking within the sig-
nal box (suppression of region 𝐷 events). The en-
ergy distribution associated with region 𝐵 is then
projected on the 𝐸CAL axis and the tails are extrap-
olated towards the upper limit of the signal region,
𝐸CAL, box = 12 GeV. Similarly, as in the previous
point, the estimated background for the full statis-
tics is found to be 𝑛CAL

bkg < 0.01.

(iv) Hadron in-flight decays. Hadrons contaminating
the M2 beam line and their subsequent (semi-
)leptonic in-flight decays to final states with muons,
ℎ → 𝜇 + 𝑋, contribute to events with large miss-
ing energy. In the case of decays within the region
spanning from the end of the MS1 magnet and the
start of the ECAL target, such events can mimic
the signature (8), in particular for 𝑋 being asso-
ciated with neutrinos, carrying a large fraction of
the available energy of the hadron, 𝑝in. Since the
dominant hadronic component of the beam is asso-
ciated with 𝜋 and 𝐾, the muon spectra from beam
hadron decays, ℎ → 𝜇+𝑋, with ℎ = 𝜋,𝐾, is sim-
ulated within the framework described in Sec. IV.
The corresponding muon energy distributions are
shown in Fig. 15, for which it is found that muons
from 𝜋 → 𝜇 + 𝑋 do not enter the final-state mo-
mentum upper limit of the signal box defined in
Sec. V. The probability for charged kaons to decay,
𝐾 → 𝜇+ 𝜈𝜇, before the ECAL target is estimated
analytically through Eq. (17), such that

𝑃 (𝑑; 𝐾 → 𝜇+ 𝜈𝜇) = Br(𝐾 → 𝜇+ 𝜈𝜇)

×
∫︁ 𝐸max

𝐸min

𝑑𝐸 𝑓(𝐸;𝜇, 𝜎)

[︂
1− exp

(︂
− 𝑑

𝛾𝛽𝑐𝜏𝐾

)︂]︂
,

(17)

with Br(𝐾 → 𝜇 + 𝜈𝜇) ≃ 0.64 [92], 𝐸min and 𝐸max

the energy bounds of the kaons, 𝑓(𝐸;𝜇, 𝜎) the un-
derlying kaon energy PDF with 𝜇 = 160 GeV/c,
𝜎 = 3 GeV/c, 𝑙𝜏 = 𝛾𝛽𝑐𝜏𝐾 the proper decay length,
and 𝑑 = 20 m. As such, given the hadron con-
tamination 𝑃𝑐 and kaons-to-pions ratio, 𝑃𝐾/𝜋, dis-
cussed in Sec. III, the expected number of decays
per MOT is 𝑃 = 𝑃𝑐 × 𝑃𝐾/𝜋 × Br𝜇+𝜈𝜇 × 𝑃𝐾→𝑋 ≃
1.6 × 10−8, with 𝑃𝐾→𝑋 ≃ 0.017. Integrating
the 𝐾 → 𝜇 + 𝑋 spectrum from Fig. 15 up to
𝑝out, box = 80 GeV/c, and isolating the neutrinos
component, this probability reduces to 5.6 × 10−9

per MOT. The final background estimate is fur-
ther assessed through a detailed MC study of the
signature of such final-state decay muons in the ex-
perimental setup. In addition to the analytical esti-
mate, this in particular accounts for both the beam
divergence and decay angle at the level of ECAL,
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as well as the effects of applying the full set of cuts
discussed in Sec. V. Considering both trigger con-
figurations 𝑡 = 1, 2, and the track reconstruction
efficiency extracted from data, the expected num-
ber of events results in (8.7 ± 0.7) × 10−3 for the
full statistics.
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Figure 15. Final-state muon energy distributions for both
pions (green line) and kaons (blue line) decays, 𝜋,𝐾 → 𝜇 +
𝑋, as extracted from a dedicated GEANT4 simulation of the
process within the experimental set-up.

(v) Momentum mis-reconstruction. The background
originating from fake low-momentum tracks is as-
sociated with the misidentification of the scattered
muon after the ECAL. As such, it is associated
with an event with a well-defined incoming muon,
𝑝in ≃ 160 GeV/c, while its final-state post the in-
teraction point is reconstructed with energy ≤ 80
GeV/c, while it truly was ∼ 160 GeV/c. This
estimate is performed by selecting a sample of
events, 𝑁sample, within the calibration trigger con-
figuration with selection criteria (iii) and (i), fur-
ther shrinking the initial momentum window to be
𝑝in = 160± 10 GeV/c . The low-energy tail of the
distribution of 𝑝out corresponding to this sample
is then fitted and extrapolated towards the upper
limit of the signal box, 𝑝out, box = 80 GeV/c (see
Fig. 16), similarly as in our previous work [54]. As
such the background level is given by

𝑛𝑝out

bkg =
∑︁
𝑡=1,2

𝑁≤80

𝑁sample
×𝑁 𝑡

MOT, 𝑁≤80 =

∫︁ 80

0

𝑑𝑝 𝑓(𝑝),

(18)

with 𝑓(𝑝) the underlying fit function. In order
to account for the systematics associated with the
choice of the fit, both an exponential and a Crys-
tal Ball functions are applied to the tails of the
distribution. For the full physical statistics, the
resulting background level is found to be 𝑛𝑝out

bkg =

0.045± 0.031 (stats) ± 0.012 (sys).
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Figure 16. Exponential (dashed magenta line) and Crystal
Ball (dashed green line) fits of the low-energy tails of the scat-
tered muon momentum distribution, after applying selection
criteria (iii) and (i), with 𝑝in = 160± 10 GeV/c, on a sample
of events extracted from the calibration trigger configuration.

The estimated background level is given in Table III as
the sum of the contributions from the dominant back-
ground sources estimated using both MC and data.
Adding those sources through quadrature it is found
that for a total statistics of 1.98 × 1010 MOT, 𝑛bkg =
0.07± 0.03, with the main contribution being associated
with momentum mis-reconstruction.

Background source Background, 𝑛bkg

(i) Single-hadron punch-through ≪ 0.01

(ii) Dimuons production ≪ 0.01

(iii) Detectors non-hermeticity < 0.01

(iv) Hadron in-flight decays 0.010± 0.001

(v) Momentum mis-reconstruction 0.045± 0.033

Total (conservatively) 𝑛bkg 0.07± 0.03

Table III. Expected background for a total of 1.98 × 1010

MOT. The uncertainties are added through quadrature.

VIII. SIGNAL YIELD

The signal yield is computed by combining both data
and MC such that

𝒩𝑍′ = 𝑁MOT × 𝜅S1S0𝜅𝑍′ ×
(︂
10−4

𝜖𝑍′

)︂2

×𝑁. (19)

The first two terms of Eq. (19) are extracted from data,
with 𝑁MOT being obtained by translating the number
of recorded spills to equivalent MOT. The upstream effi-
ciency, 𝜅S1S0

, is extracted from calibration runs with trig-
ger conditions S0×S1×V0 to properly take into account
the track reconstruction efficiency before the interaction
point in the ECAL, given that signal is solely generated
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in the downstream part of the experiment. The signal ef-
ficiency, 𝜅𝑍′ , is extracted from individual simulations of
𝑍 ′ mediator production and propagation within the set-
up, each with different mass 𝑚𝑍′ parameters to under-
line the dependence on the production cross-sections and
muon emission angle depicted in respectively Eqs. (14)
and (15) (see Fig. 17). The cumulative signal efficiency
after applying all selection criteria is given in Table IV for
different mass points. Because of the mixing strength 𝜖𝑍′

appearing as a multiplicative factor in Eq. (14), the sim-
ulations are performed for a fixed value of 10−4. Finally,
since a bias in the production cross-section is introduced
to observe signal events at a reasonable rate, an overall
multiplicative factor 𝑁 is applied to the signal yield for
proper normalization.
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Figure 17. Effect of the geometrical acceptance associated
with trigger 1 (S4 and S𝜇 shifted respectively 65 mm and 152
mm along the magnetic deflection direction) on the signal
efficiency computed as a function of the mass. The track
reconstruction efficiency is also considered.

𝑚𝑍′ 𝜅
(1)

𝑍′ (%) 𝜅
(2)

𝑍′ (%) 𝑁

10 MeV 1.3 1.3 6.4× 10−10

100 MeV 5.8 5.9 9.9× 10−11

500 MeV 9.1 9.3 6.8× 10−12

1 GeV 7.1 7.6 1.1× 10−12

Table IV. Cumulative efficiencies (after all cuts) for different
mass points in trigger 1 and 2 configurations. The norm 𝑁 is
also given for the benchmark 𝜖𝑍′ value 10−4.

IX. SIGNAL SYSTEMATICS

The signal systematics are determined to prop-
erly normalize the signal yield associated with the
bremsstrahlung-like production of 𝑍 ′. Those are mostly
related to the underlying 𝑍 ′ production mechanism, and
the difference in the detectors’ response between MC and

data. The main systematics are summarized in Table V
and reported in detail below

(i) Counting MOT. The uncertainty on the number of
MOT, entering in the signal yield estimate defined
in Eq. (19), is dominated by the VERSA Module
Euro (VME) card scaler used to record the trig-
ger coincidences, as the high level of purity of the
M2 beam line makes the contribution of hadron
and 𝑒± admixtures negligible [61]. Because of the
high accuracy of ∼100 MHz counting rate of the
VME scaler, the probability of miscount can be ne-
glected given a counting rate < 1 MHz (see Sec.
III). On the other hand, missing information from
the VME scaler can be associated with DAQ system
crash and abnormal termination of the recorded
run. This is conservatively estimated to be ≤ 1%.

(ii) The 𝑍 ′ physics. The simulation of the 𝑍 ′ produc-
tion defined in Secs. II and IVA depends on the
chosen WW approach of the computations. From
previous works, [52, 53], the uncertainty of the
WW phase space approximation can be estimated
to be ≤ 2% with respect to the ETL. Addition-
ally, systematics shifts on the ETL originate from
both the running of 𝛼 and QED higher orders cor-
rections related to soft photon emissions. In the
former case, the contribution of 𝛼(𝑄2), with 𝑄2

some energy scale, can be extracted from the ETL
vertex factors of the Feynman diagram associated
with 𝜇𝑁 → 𝜇𝑁𝑍 ′. The vertex of the 𝑍 ′ boson
coupling to muons contributes as 𝑔𝑍′ , while the
muon-nucleon vertices contribute respectively as 𝑒
and 𝑒𝑍, resulting in a signal yield 𝒩𝑍′ ∼ 𝛼2𝑍2𝑔2𝑍′ .
Given the running of 𝛼

𝛼(𝑄2) ≃ 𝛼(0)(︀
1− 𝛼(0)

3𝜋 log 𝑄2

𝑚2
𝑒

)︀ , (20)

with 𝑚𝑒 the mass of the electron, 𝛼(0) = 1/137,
and for an upper bound on 𝑄2 ≃ 𝑚2

𝑍′ ∼
𝒪(1 GeV2), the associated systematic shift con-
tributes as a positive 2.4% corrections to the signal
yield, 𝒩𝑍′ . The systematics associated with higher
order corrections can be extracted from [93], for
which both the contribution of virtual and real pho-
tons from the scattering process 𝑝→ 𝑝′+

∑︀
𝑛 𝑝𝛾 are

considered. In particular, the probability of emit-
ting photons with energy below the photon detector
threshold

∑︀
𝑛 𝑝𝛾 < 𝐸𝛾 is given by

(𝑑𝜎)meas. =

(𝑑𝜎)ETL exp
(︀
− 𝛼

𝜋
log

−𝑞2
𝑚2

𝑒

log
−𝑞2
𝐸2

𝛾

)︀
,

(21)

with 𝑞2 = 𝑝− 𝑝′ and −𝑞2 ≫ 𝑚2
𝑒. For −𝑞2 = 𝑚2

𝑍′ ∼
𝒪(1 GeV2), 𝑚𝑒 = 𝑚𝜇 and 𝐸𝛾 = 500 MeV, the
associated systematic shifts is given by a negative
Sudakov correction of 1.4%. Finally, because of
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the dependence of the signal yield on the target
material, 𝑍2, small systematics are associated with
the purity of the ECAL absorber layers (Pb plates),
conservatively estimated to be ≤ 1%. As such, the
total uncertainty on the signal yield associated with
the 𝑍 ′ physics is obtained through a quadratic sum
of the above to be ≤ 4%.

(iii) Detectors’ response. Different detectors’ responses
between MC and data, such as energy scales, im-
pact the signal efficiency 𝜅𝑍′ , especially through
the corresponding choice of energy threshold. The
associated systematics are evaluated around the
MIP-compatible peak in both the ECAL and
HCAL distributions for MC and data (see Sec.
VIB), through spectra integration and peak ratio.
It is found to be ∼ 3% for the individual calorime-
ter, thus yielding a cumulative systematic of 4%.

(iv) Alignment effects. The method of search for 𝑍 ′ →
invisible strongly relies on momentum reconstruc-
tion, for which the final-state muon momentum,
and thus deflection, is closely correlated with the
trigger configuration, and signal efficiency 𝜅𝑍′ . The
associated systematics are estimated both by com-
paring the expected deflection past MS2 in MC
and data and by quantifying the effects of misalign-
ment of the trigger counters S4 and S𝜇. In the for-
mer case, the uncertainty is extracted from a data
sample of well-defined MIP-compatible 160 GeV/c
muons following selection criteria (i-ii), passing the
calibration trigger condition, and compared with
MC (see Fig. 12, where the distributions are fit-
ted under the Gaussian hypothesis, with a mean
displacement ⟨𝛿𝑥⟩ ≃ −12.1 mm). By additionally
comparing the distributions in the transverse direc-
tion to the deflection, it is found an uncertainty of
∼ 1% between data and MC. In the second case, the
systematics from the large trigger counters’ align-
ment are computed by varying the positions of S4
and S𝜇 by 𝒪(±2 mm) along the axis of deflection
and observe the change in the signal yield for dif-
ferent 𝑍 ′ masses. The largest uncertainty is asso-
ciated with masses 𝑚𝑍′ < 100 MeV, since the trig-
ger acceptance window corresponds to the tails of
the distribution of the final-state muons momen-
tum and angle [52, 53]. This maximum value is
conservatively chosen and found to be 5%.

To obtain the final systematic uncertainty on the sig-
nal yield 𝒩Z’, the contributions (i-iv) are added through
quadrature, yielding a conservative total systematic of
8%. This estimate results in a 4% uncertainty in the
prediction of the bound on the coupling constant 𝑔𝑍′ .

Uncertainty source Contribution

(i) Counting MOT ≤ 0.01

(ii) 𝑍′ physics ≤ 0.04

(iii) Detectors’ response ≤ 0.04

(iv) Alignment effects ≤ 0.05

Total (conservatively) ≤ 0.08

Table V. Main sources of uncertainty contributing to the sys-
tematics on the signal yield. The uncertainties are added
through quadrature.

X. RESULTS

The sensitivity to New Physics of the NA64 experiment
running in muon mode is based on the computation of
the upper limits on, among other scenarios, the 𝑍 ′ pro-
duction. Those are computed at 90% confidence levels
(C.L.) following the modified frequentist approach [94],
using the RooFit/RooStats [95–97] profile likelihood ra-
tio statistical test in the asymptotic approximation [98].
This procedure is encompassed in the CMS [99] combine
[100] analysis software. The total number of signal events
falling within the signal box is estimated from Eq. (19)
from the sum of the two trigger configurations (one for
each bin), such that [51]

𝒩𝑍′ =
∑︁
𝑡=1,2

𝒩 𝑡
𝑍′ =

∑︁
𝑡=1,2

𝑁 𝑡
MOT × 𝜅𝑡tot × 𝑛𝑡𝑍′(𝑚𝑍′ , 𝑔𝑍′),

(22)
with 𝑁 𝑡

MOT the number of MOT for trigger configuration
𝑡, 𝜅𝑡tot = 𝜅S1S0𝜅

𝑡
𝑍′ the total signal efficiency and 𝑛𝑡𝑍′ the

mass- and coupling-dependent number of 𝑍 ′ produced in
the ECAL target per MOT. These values are extracted
from both data and MC as described in Secs. IV, V and
VIII, to properly reproduce the two trigger configurations
running conditions. Additionally, both the background
estimate and its uncertainty, as well as the signal sys-
tematics described in Secs. VII and IX, are taken into
account when computing the upper limits.

A. Constraints on the muon (𝑔 − 2)𝜇

The upper limits for the 𝑍 ′ vector boson from the
vanilla 𝐿𝜇 − 𝐿𝜏 model are computed in the parameter
space compatible with the muon (𝑔 − 2)𝜇 anomaly. The
purely invisible decay channel 𝑍 ′ → 𝜈𝜈 is assumed, con-
sidering the proper branching ratio for visibly decaying
events, 𝑍 ′ → 𝜇+𝜇−, above 2𝑚𝜇 (see Eq. (3)). The 𝑔− 2
band is computed based on Eq. (7), within 2𝜎, using as
reference value for 𝑎𝜇(Exp) = 116 592 059(22) × 10−11

the latest results from the Muon 𝑔 − 2 collaboration at
Fermilab [32], and the Muon 𝑔− 2 Theory Initiative rec-
ommended value for 𝑎𝜇(SM) = 116 591 810(43)× 10−11

[33].
After unblinding, no event compatible with 𝑍 ′ →
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invisible is observed within the signal box (see Fig. 18,
left), setting the most stringent limits on the 𝑍 ′ as an
explanation to the muon (𝑔− 2)𝜇 in the parameter space
𝑚𝑍′ ≳ 0.01 GeV and 𝑚𝑍′ ≤ 2𝑚𝜇 with 𝑔𝑍′ ≥ 5 × 10−4

[51]. As a comparison, constraints from previous experi-
ments such as neutrino trident searches 𝜈𝑁 → 𝜈𝑁𝜇+𝜇−

with the CCFR experiment [44, 101] are shown. Addi-
tional limits with a 𝑍 ′ mediator behaving as an inter-
mediate virtual vector boson in neutrinos scattering off
electrons, 𝜈𝜇 − 𝑒 or 𝜈𝜏 − 𝑒, are plotted for the BOREX-

INO detector [43, 102, 103], setting constraints on masses
smaller than a few MeVs. In the higher mass range, the
BaBar experiment sets limits [104] on the visible searches
for 𝑍 ′ → 𝜇+𝜇− produced in electron-positron annihila-
tion, 𝑒+𝑒− → 𝑍 ′𝜇+𝜇−. The constraints from the latest
Belle II results [105] are also shown for direct electron-
positron annihilation. For completeness, the recent lim-
its on the vanilla 𝑍 ′ scenario searches with the electron
program of the NA64 experiment, 𝑒−𝑁 → 𝑒−𝑁𝑍 ′, are
shown [106].
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Figure 18. The NA64𝜇 90% C.L. exclusion limits in the parameter space compatible with a light boson as an explanation for
the muon (𝑔 − 2)𝜇. Left: The 𝑍′ vector boson parameter space (𝑚𝑍′ , 𝑔𝑍′) together with existing constraints from neutrino
experiments such as BOREXINO [43, 102, 103] and CCFR [44, 101], visible searches in electron-positron annihilation with
BaBar [104], Belle II constraints [105] and the NA64 electron program limits [107]. Projections for the pre-LS3, pre-LS4, and
post-LS4 phases of the muon program are shown together with the 𝑀3 missing momentum searches [108]. Right: The 𝑆 scalar
boson parameter space (𝑚𝑆 , 𝑔𝑆) together with existing constraints from BaBar and projections for the pre-LS3, pre-LS4, and
post-LS4 phases of the muon program, as well as ATLAS HL-LHC [109] and 𝑀3.

In addition, the projected sensitivities of the NA64 muon
program are shown for both the LHC Run 3 (prior to the
CERN Long Shutdown 3 (LS3)) and LHC Run 4 (after
LS3). For completeness, the expected limits for the post-
LS4 phase, LHC Run 5, are also computed. Those com-
putations are based on the foreseen detectors’ upgrade to
cope with (i) higher beam intensity up to 108 𝜇/spill to
optimally exploit the M2 beam-line capabilities, as well
as (ii) reducing the background levels discussed in Sec.
VII. In the former case, this is achieved through an up-
grade of the trigger system. In the second case, the mo-
mentum mis-reconstruction is reduced by the addition of
a third magnet spectrometer upstream of the interaction
point within the ECAL, effectively reducing the magnet
lever-arm to ≃ 6 m with respect to MS1 (BEND6) to
better reconstruct 𝑝in. The associated reduction of back-
ground can be extracted from the preliminary analysis of
the 2023 data [110] with a factor < 10−2. This additional

magnet spectrometer also reduces the background from
in-flight kaons decays given a shorter distance to the tar-
get by a factor ∼ 10−1. It is worth noting that this back-
ground could be further reduced and controlled by proper
identification of kaons along the beam-line through the
use of Cherenkov counter with achromatic ring focus
(CEDAR) [111]. Finally, the computations of the pro-
jected limits assume a reduction of the background re-
lated to non-hermeticity of the detectors’. The associ-
ated factor is estimated through a detailed MC study of
the addition of a second prototype VHCAL to further
reduce large-angle scattered secondaries from upstream
interactions and is found to be ≤ 10−1. The sensitivi-
ties are thus computed and shown in Fig. 18 assuming
a total statistics of respectively 3 × 1011, 2 × 1013 and
1014 MOT for the periods corresponding to LHC Runs
3, 4 and 5 (referred to pre-LS3, pre-LS4 and post-LS4 in
this work), and a gain in efficiency ≃ 4 as extracted from
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data [110]. In the latter case, the accumulated statistics
stands just below the irreducible background associated
with the neutrino fog due to quasi-elastic charged cur-
rent (CCQE) scattering on nucleon, estimated from [108]
to be ≃ 3 × 10−15 per MOT. The projections for LHC
Runs 3 and 4 co-exist with the estimated limits from the
𝑀3 experiment at Fermilab (FNAL) [108] in the search
for 𝑍 ′ → invisible through the bremsstrahlung-like reac-
tion 𝜇𝑁 → 𝜇𝑁𝑍 ′, with both its phases 1 and 2 foreseen
to accumulate respectively 1010 and 1013 MOT. With a
statistics of ≤ 1011, NA64𝜇 is expected to fully cover the
parameter space compatible with a light 𝑍 ′ vector boson
as an explanation for the muon 𝑔− 2. For completeness,
it is worth noting that projections in the search for a light
𝑈(1) 𝐿𝜇 − 𝐿𝜏 𝑍

′ vector boson as an explanation for the
muon (𝑔−2)𝜇 have been made by the DUNE experiment
[112, 113] through neutrino-electron scattering, 𝜈 − 𝑒, or
direct production, 𝜈𝜇 → 𝜈𝜇𝜇

+𝜇−.
Similar limits are obtained for the sensitivity of the

NA64 muon program to a light muon-philic scalar as
an explanation to the (𝑔 − 2)𝜇. The simulated sig-
nal yield is estimated in the WW approximation of the
bremsstrahlung-like production process 𝜇𝑁 → 𝜇𝑁𝑆 [53],
using a similar simulation framework as the one described
in Sec. IV. Within this model, the one-loop order contri-
bution is obtained through the Yukawa-like interaction
such that [114–116]

∆𝑎𝑆𝜇 =
𝑔2𝑆
8𝜋2

∫︁ 1

0

𝑑𝑥
𝑚2

𝜇(1− 𝑥)(1− 𝑥2)

𝑚2
𝜇(1− 𝑥)2 +𝑚2

𝑆𝑥
, (23)

with 𝑔𝑆 the coupling to SM muons, 𝑚𝑆 the mass of
the scalar mediator. The 90% C.L. upper limits are
shown in Fig. 18, right, together with the preferred
(𝑔 − 2) ± 2𝜎 band. Because of the difference in the
amplitudes squared of the underlying production cross-
sections between a scalar and vector particle [52, 53], the
NA64 experiment is not sensitive to the (𝑔− 2)𝜇 param-
eter space yet, as shown for the existing BaBar limits
for 𝑚𝑆 below 1 GeV for visible 𝑍 ′ events, but is ex-
pected to fully cover this parameter space by the pre-LS3
phase. Projections for the Belle II experiment in search
of 4𝜇 events are shown [104], together with the sensitiv-
ity of the𝑀3 experiment [108]. Further projections from
searches for 𝑆 with the High-Luminosity Large Hadron
Collider (HL-LHC) project are shown using the ATLAS
calorimeters as a muon fixed-target experiment [109] for

a luminosity ℒLHC = 3 ab−1. This complements the
projected sensitivities of the FASER experiment in the
process 𝜇𝑁 → 𝜇𝑁𝑆 for ℒLHC = 250 fb−1 and ℒLHC = 3
ab−1 (FASER𝜈 and FASER𝜈2) [117].

B. Constraints on light thermal Dark Matter

As discussed in Sec. I, DS present predictive scenar-
ios for light thermal DM (LTDM) below the weak scale,
in the vicinity of the GeV scale. In the following, we
present exclusion limits for invisibly decaying mediators
with mass hierarchy 𝑚MED > 2𝑚𝜒, in the parameter
space spanned by the dimensionless interaction strength
𝑦 and 𝑚𝜒 as shown in Eq. (5).

1. The charged 𝑈(1) 𝐿𝜇 − 𝐿𝜏 model

The 90% C.L. upper limits in the 𝑚𝜒 − 𝑦 parameter
space for an invisibly decaying 𝑍 ′ vector boson are shown
in Fig. 19 for the choice of parameters 𝑚𝑍′/𝑚𝜒 = 3
and the dark couplings 𝑔𝜒 = 5 × 10−2 (left) and 𝑔𝜒 = 1
(right), close to the perturbative limit. In the former
case, the choice of mass ratio 𝑚𝑍′/𝑚𝜒 is well-motivated
to allow for on-shell decays of 𝑍 ′ → DM, while staying
away from the resonant enhancement of the annihilation
rate in the Early Universe at𝑚𝑍′ ≃ 2𝑚𝜒 [24]. The choice
of 𝑔𝜒 = 1 is chosen to illustrate the weakest bound on the
model [108]. For completeness, the favored parameters
for the thermal targets of complex scalar, (pseudo-)Dirac,
or Majorana LTDM scenarios relic abundance are shown.
Those are extracted from the integration of the under-
lying Boltzmann equation containing the corresponding
annihilation cross-sections [24]. Our results cover an ad-
ditional portion of the thermal parameter space, com-
plementing the CCFR experiment’s bounds [101] below
masses 𝑚𝜒 ≤ 0.3 GeV, and further constraining a freeze-
out parameter 𝑦 ≲ 6 × 10−12 for the common choice of
𝑔𝜒 = 5 × 10−2. For completeness, the projections for
the pre-LS3, pre-LS4, and post-LS4 phases are shown,
together with the expected bounds from the 𝑀3 experi-
mental program’s phases 1 and 2 [108]. For the choice of
parameter 𝑔𝜒 = 5× 10−2, the LTDM parameter space is
expected to be fully probed through the pre-LS4 period.
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Figure 19. The NA64𝜇 90% C.L. exclusion limits in the LTDM parameter space 𝑦−𝑚𝜒 compatible with an invisibly decaying
𝑍′ → DM with (left) 𝑔𝜒 = 5× 10−2 and (right) 𝑔𝜒 = 1 and mass ratio 𝑚𝜒/𝑚𝑍′ = 3. The existing constraints from the CCFR
experiment [44, 101] are compared, and the thermal targets for complex scalar, (pseudo-)Dirac and Majorana thermal relics
plotted [24]. Projections for the pre-LS3, pre-LS4, and post-LS4 periods of the muon program are shown together with the 𝑀3

missing momentum searches [108]. The NA64 electron program limits are plotted for completeness [107].

2. The dark photon 𝐴′ scenario

The physics program of the NA64 experiment running
in muon mode also aims at complementing [118] the other
beam dump modes with electrons [85] and positions [119].
Both modes study, among others, the bremsstrahlung-
like production of the dark photon, 𝐴′, for which the
mixing with photons, 𝛾−𝐴′, leads to a non-zero interac-
tion with electrically charged SM particles, with charge
𝜖𝑒, and interaction Lagrangian

ℒ = 𝜖𝑒𝐴′
𝜇𝐽

𝜇
EM, (24)

with 𝑒 the electric charge, 𝐴′
𝜇 the massive vector field

associated with the dark photon, and 𝐽𝜇
EM the electro-

magnetic current. While 𝐴′ has been ruled out as an
explanation for the muon (𝑔 − 2)𝜇 (see e.g. [120]), the
NA64𝜇 limits are illustratively shown in Fig. 20, com-
pared to the latest NA64 results with a total accumulated
statistics of 9.37 × 1011 electrons on target (EOT) and
1.01×1010 positrons on target (𝑒+OT), for fermionic DM
with 𝛼𝐷 = 0.1, as well as existing constraints from BaBar
[121]. Those are obtained at 90% C.L. using the WW ap-
proximation [122] for the computations of the 𝐴′ signal
yield, properly substituting 𝑔𝑍′ → 𝑔𝑍′/𝑒. For complete-
ness, the projections with 3 × 1010, 2 × 1013 and 1014

MOT are plotted to illustrate complementarity at high
𝑚𝐴′ .
NA64𝜇 limits in probing LTDM relic abundance in

the scenario 𝐴′ → invisible are shown in Fig. 21,
left and right, in the parameter space 𝑦 − 𝑚𝜒, with
(𝑔𝜒𝑔𝑍′)2 → 𝜖2𝛼𝐷 in Eq. (5), for the common choice

of parameters 𝑚𝐴′/𝑚𝜒 = 3 and 𝛼𝐷 = 0.1, 𝛼𝐷 = 0.5
respectively [123, 124]. As shown from the projections,
the complementarity to the NA64 𝑒− and 𝑒+ modes in
probing the thermal targets is achieved with more statis-
tics in the high 𝑚𝜒 masses region and fully probes the
relic abundance through both the pre-LS3, pre-LS4, and
post-LS4 phases for a choice of 𝛼𝐷 = 0.1.
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Figure 21. The NA64𝜇 90% C.L. exclusion limits on the dark photon scenario, 𝐴′ → invisible in the (𝑚𝜒, 𝑦) parameter
space, together with the DM target relic abundance for scalar, (pseudo-)Dirac and Majorana scenarios [24]. Left: Scenario
with 𝛼𝐷 = 0.1. Right: Scenario with 𝛼𝐷 = 0.5. Projections for the pre-LS3, pre-LS4, and post-LS4 periods are shown for
completeness. The combined projected limits (green dashed curve) for NA64𝑒−, 𝑒+, 𝜇 are plotted, using the projections for
1013 EOT and 1011 𝑒+OT.

3. Light spin-0 mediators

Constraints on lepto-philic DM are derived in the case
of spin-0 muon-philic scalar mediator decaying invisibly,
𝑆 → invisible. The NA64𝜇 90% C.L. upper limits on
light DM are shown in Fig. 22 for the mass range of 𝑚𝑆

above a few hundred MeVs up to 3 GeV.
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Figure 22. The NA64𝜇 90% C.L. exclusion limits on invisibly
decaying spin-0 scalar mediator, 𝑆 → invisible. The thermal
targets for light DM are shown for respectively 𝑚𝑆/𝑚𝜒 = 3
and 𝑚𝑆/𝑚𝜒 = 2.1 with 𝑔𝜒 = 1, and extracted from [125].
Projections for 3× 1011, 2× 1013 and 1014 MOT are plotted.

The choice of parameters is the dark coupling 𝑔𝜒 =

1 and the mass ratios 𝑚𝑆/𝑚𝜒 = 3 and 𝑚𝑆/𝑚𝜒 = 2.1
in the near-resonant regime for Dirac DM. The thermal
targets are extracted from [125]. With a total statistic of
1.98 × 1010 MOT, the corresponding values of coupling
𝑔𝑆 ≥ 10−3 and mass 𝑚𝑆 ≤ 0.15 GeV and 𝑚𝑆 ≤ 0.30
GeV for respectively 𝑚𝑆 = 2.1𝑚𝜒 and 𝑚𝑆 = 3𝑚𝜒 are
excluded.

XI. CONCLUSION

This work has presented in detail the first results in
the search for DS through the missing energy/momentum
technique at the CERN SPS. Having analyzed the full
data sample of the 2022 run with a total statistics of
(1.98 ± 0.02) × 1010 MOT, no evidence for the exis-
tence of a light 𝑍 ′ → invisible was found for the mass
range ≤ 1 GeV. These results were obtained based on
detailed computations of the single-differential and total
production cross-sections in the Weiszäcker-Williams ap-
proximation [52], reproducing well the exact tree-level
results up to a precision of ≤ 5%. Those were sub-
sequently implemented in a computer-based program,
DMG4 [72], to study both the signal event signature and
yield within the whole GEANT4-based simulation of the
experimental set-up. Based on previous MC-based stud-
ies [55], the trigger system was improved to compen-
sate for the low production yield at high 𝑍 ′ masses,
𝜎𝑍′

2→3 ∼ 𝑔2𝑍′𝛼2𝑍2/𝑚2
𝑍′ , through the typical final-state

muon emission angle, 𝜓𝜇 ∼ 𝑚𝑍′/𝐸𝜇. The simulations
of both signal and SM events were validated with data,
notably including a good agreement in the trigger rate
(0.026± 0.004)% that of calibration trigger, energy spec-
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tra in the ECAL and HCAL, and typical particle tra-
jectory through the bending magnets. Having estimated
both the total background level and signal systematics,
constraints on the parameter space compatible with a
light 𝑍 ′ vector boson as an explanation for the muon
(𝑔 − 2)𝜇 were set through the 90% C.L. upper limits
on 𝑔𝑍′ ≥ 5 × 10−4 for masses 𝑚𝑍′ ≳ 0.01 MeV up
to 2𝑚𝜇, complementing existing constraints from BaBar
and CCFR. Besides, new limits on the (𝑚𝑆 , 𝑔𝑆) parame-
ter space associated with a scalar boson, 𝑆, were derived
in the context of (𝑔 − 2)𝜇.

The previous results of the NA64 muon program [51]
on the parameter space associated with the dimensionless
variable 𝑦, corresponding to the DM annihilation cross-
section parameter, in the case where 𝑍 ′ → 𝜒𝜒, were
extended to a scenario involving a light spin−0 scalar
boson. For the choice of parameters 𝑚𝑆 = 3𝑚𝜒, and
close to the resonance, 𝑚𝑆 = 2.1𝑚𝜒, those are found
to constrain respectively masses 𝑚𝑆 ≤ 0.15 GeV and
𝑚𝑆 ≤ 0.30 GeV for the coupling 𝑔𝑆 ≥ 10−3.

To illustrate the complementarity of the NA64 muon
program, the 90% C.L. upper limits on the minimal dark
photon scenario, 𝐴′ → invisible were computed, and
compared to the latest NA64 results for both the elec-
tron and positron modes. Although not covering new
values of both parameter spaces (𝑚𝐴′ , 𝜖) and (𝑚𝜒, 𝑦)
for the current statistics, the results indicate the possi-
bility for additional coverage at high mass values due to
the underlying cross-section behavior. In this regard, the
projected sensitivities of NA64𝜇 to the aforementioned
DS scenarios are extracted for the estimated total statis-

tics for the pre-LS3, pre-LS4, and post-LS4 periods with
respectively 3× 1011, 2× 1013 and 1014 MOT. These re-
sults assume improvements in the experimental set-up,
in particular with the trigger system to run at higher
beam intensity, as well as with additional detectors such
as a third magnet spectrometer in front of the ECAL tar-
get. With an increased coverage in the search for DM,
NA64𝜇 complement the worldwide effort for DS searches
[126–129] through experimental program results such as
those from Belle II [46], SHiP [130] and FASER [117],
and future projected sensitivities from 𝑀3 [108]. It also
paves the way to explore additional scenarios involving
𝜇 → 𝜏 or 𝜇 → 𝑒 lepton flavour conversion [131–133] or
millicharged particles [134].
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