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Abstract

In high-energy collisions, the spatio-temporal size of the particle production region can be
measured using the Bose-Einstein correlations of identical bosons at low relative momen-
tum. The source radii are typically extracted using two-pion correlations, and characterize
the system at the last stage of interaction, called kinetic freeze-out. In low-multiplicity
collisions, unlike in high-multiplicity collisions, two-pion correlations are substantially al-
tered by background correlations, e.g. mini-jets. Such correlations can be suppressed using
three-pion cumulant correlations. We present the first measurements of the size of the sys-
tem at freeze-out extracted from three-pion cumulant correlations in pp, p–Pb and Pb–Pb
collisions at the LHC with ALICE. At similar multiplicity, the invariant radii extracted in
p–Pb collisions are found to be 5–15% larger than those in pp, while those in Pb–Pb are
35–55% larger than those in p–Pb. Our measurements disfavor models which incorporate
substantially stronger collective expansion in p–Pb as compared to pp collisions at similar
multiplicity.

∗See Appendix A for the list of collaboration members
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1 Introduction
The role of initial and final-state effects in interpreting differences between Pb–Pb and pp col-
lisions is expected to be clarified with p–Pb collisions [1]. However, the results obtained from
p–Pb collisions at

√
sNN = 5.02 TeV [2–10] have not been conclusive since they can be ex-

plained assuming either a hydrodynamic phase during the evolution of the system [11–13] or
the formation of a Color Glass Condensate (CGC) in the initial state [14, 15].

As in Pb–Pb collisions, the presence of a hydrodynamic phase in high-multiplicity p–Pb col-
lisions is expected to lead to a factor of 1.5–2 larger freeze-out radii than in pp collisions at
similar multiplicity [16]. In contrast, a CGC initial state model (IP-Glasma), without a hydro-
dynamic phase, predicts similar freeze-out radii in p–Pb and pp collisions [17]. A measurement
of the freeze-out radii in the two systems will thus lead to additional experimental constraints
on the interpretation of the p–Pb data.

The extraction of freeze-out radii can be achieved using identical boson correlations at low rel-
ative momentum, which are dominated by quantum statistics (QS) and final-state Coulomb and
strong interactions (FSIs). Both FSIs and QS correlations encode information about the fem-
toscopic space-time structure of the particle emitting source at kinetic freeze-out [18–20]. The
calculation of FSI correlations allows for the isolation of QS correlations. Typically, two-pion
QS correlations are used to extract the characteristic radius of the source [21–27]. However,
higher-order QS correlations can be used as well [28, 29]. The novel features of higher-order
QS correlations are extracted using the cumulant for which all lower order correlations are re-
moved [30, 31]. The maximum of the three-pion cumulant QS correlation is a factor of two
larger than for two-pion QS correlations [30–33]. In addition to the increased signal, three-pion
cumulants also remove contributions from two-particle background correlations unrelated to
QS (e.g. from mini-jets [24, 26]). The combined effect of an increased signal and decreased
background is advantageous in low multiplicity systems where a substantial background exists.

In this letter, we present the first measurements of freeze-out radii extracted using three-pion
cumulant QS correlations. The invariant radii are extracted in intervals of multiplicity and triplet
momentum in pp (

√
s= 7 TeV), p–Pb (

√
sNN = 5.02 TeV) and Pb–Pb (

√
sNN = 2.76 TeV) which

allows for a comparison of the various systems. The radii extracted from three-pion cumulants
are also compared to those from two-pion correlations.

The letter is organized into 5 remaining sections: Section 2 explains the experimental setup
and event selection. Section 3 describes the identification of pions, as well as the measurement
of the event multiplicity. Section 4 explains the three-pion cumulant analysis technique used
to extract the source radii. Section 5 presents the measured source radii. Finally, Section 6
summarizes the results reported in the letter.

2 Experimental setup and event selection
Data from pp, p–Pb and Pb–Pb collisions at the LHC recorded with ALICE [34] are analyzed.
The data for pp collisions were taken during the 2010 pp run at

√
s = 7 TeV, for p–Pb collisions

during the 2013 run at
√

sNN = 5.02 TeV, and for Pb–Pb during the 2010 and 2011 runs at√
sNN = 2.76 TeV. For p–Pb, the proton beam energy was 4 TeV while for the lead beam it was

1.58 TeV per nucleon. Thus, the nucleon–nucleon center-of-mass system moved with respect to
the ALICE laboratory system with a rapidity of−0.465, i.e. in the direction of the proton beam.
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The pseudorapidity in the laboratory system is denoted with η throughout this letter, which for
the pp and Pb–Pb systems coincides with the pseudorapidity in the center-of-mass system.

The trigger conditions are slightly different for each of the three collision systems. For pp colli-
sions, the VZERO detectors [35] located in the forward and backward regions of the detector, as
well as the Silicon Pixel Detector (SPD) at mid-rapidity are used to form a minimum-bias trig-
ger by requiring at least one hit in the SPD or either of the VZERO detectors [36]. For Pb–Pb
and p–Pb collisions, the trigger is formed by requiring simultaneous hits in both VZERO de-
tectors. In addition, high-multiplicity triggers in pp and p–Pb collisions based on the SPD are
used. Two additional triggers in Pb–Pb are used based on the VZERO signal amplitude which
enhanced the statistics for central and semi-central collisions [35]. Approximately 164, 115,
and 52 million events are used for pp, p–Pb, and Pb–Pb collisions, respectively. For pp and
p–Pb, the high multiplicity triggers account for less than 3% of the collected events. For Pb–Pb,
the central and semi-central triggers account for about 40% and 52% of the collected events,
respectively.

The Inner Tracking System (ITS) and Time Projection Chamber (TPC) located at mid-rapidity
are used for particle tracking [37]. The ITS consists of 6 layers of silicon detectors: silicon pixel
(layers 1,2), silicon drift (layers 3,4), and silicon strip (layers 5,6) detectors. The ITS provides
high spatial resolution of the primary vertex. The TPC alone is used for momentum and charge
determination of particles via their curvature in the 0.5 T longitudinal magnetic field, since
cluster sharing within the ITS causes a small momentum bias for particle pairs at low relative
momentum.

The TPC additionally provides particle identification capabilities through the specific ionization
energy loss (dE/dx). The Time Of Flight (TOF) detector is also used to select particles at higher
momenta. To ensure uniform tracking, the z-coordinate of the primary vertex is required to be
within a distance of 10 cm from the detector center. Events with less than three reconstructed
charged pions are rejected, which removes about 25% and 10% of the low-multiplicity events
in pp and p–Pb, respectively.

3 Track selection and multiplicity intervals
Tracks with total momentum less than 1.0 GeV/c are used to ensure good particle identification.
We also require transverse momentum pT > 0.16 GeV/c, and pseudorapidity |η |< 0.8. To
ensure good momentum resolution a minimum of 70 tracking points in the TPC are required.
Charged pions are selected if they are within 2 standard deviations (σ ) of the expected pion
dE/dx value [38]. For momenta greater than 0.6 GeV/c, high purity is maintained with TOF
by selecting particles within 2σ of the expected pion time-of-flight. Additionally, tracks which
are within 2σ of the expected kaon or proton dE/dx or time-of-flight values are rejected. The
effects of track merging and splitting are minimized based on the spatial separation of tracks in
the TPC as described in [39]. For three-pion correlations the pair cuts are applied to each of the
three pairs in the triplet.

Similar as in [10], the analysis is performed in intervals of multiplicity which are defined by
the reconstructed number of charged pions, Nrec

pions, in the above-mentioned kinematic range.
For each multiplicity interval, the corresponding mean acceptance and efficiency corrected
value of the total charged-pion multiplicity,

〈
Npions

〉
, and the total charged-particle multiplic-

ity, 〈Nch〉, are determined using detector simulations with PYTHIA [40], DPMJET [41], and
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Pb–Pb data p–Pb data pp data
Nrec

pions 〈Cent〉
〈
Npions

〉
〈Nch〉 Fraction

〈
Npions

〉
〈Nch〉 Fraction

〈
Npions

〉
〈Nch〉

[3,5) - - - 0.10 - - 0.23 4.0 4.6
[5,10) - - - 0.20 8.5 9.8 0.31 7.7 8.6
[10,15) - - - 0.18 15 17 0.12 13 15
[15,20) - - - 0.14 20 23 0.05 18 20
[20,30) 77% 26 36 0.17 29 33 0.03 24 27
[30,40) 73% 37 50 0.07 40 45 0.003 34 37
[40,50) 70% 49 64 0.03 51 57 1×10−4 44 47
[50,70) 66% 66 84 0.01 63 71 - - -
[70,100) 60% 95 118 - - - - - -
[100,150) 53% 142 172 - - - - - -
[150,200) 48% 213 253 - - - - - -
[200,260) 43% 276 326 - - - - - -
[260,320) 38% 343 403 - - - - - -
[320,400) 33% 426 498 - - - - - -
[400,500) 28% 534 622 - - - - - -
[500,600) 22% 654 760 - - - - - -
[600,700) 18% 777 901 - - - - - -
[700,850) 13% 931 1076 - - - - - -
[850,1050) 7.4% 1225 1413 - - - - - -
[1050,2000) 2.6% 1590 1830 - - - - - -

Table 1: Multiplicity intervals as determined by the reconstructed number of charged pions, Nrec
pions,

with all of the track selection cuts (p < 1.0 GeV/c, pT > 0.16 GeV/c, |η |< 0.8).
〈
Npions

〉
stands for the

acceptance corrected average number of charged pions, and 〈Nch〉 for corresponding acceptance corrected
number of charged particles in the same kinematic range. The uncertainties on 〈Nch〉 are about 5%.
The RMS width of the 〈Nch〉 distribution in each interval ranges from 10% to 35% for the highest and
lowest multiplicity intervals, respectively. The average centrality for Pb–Pb in percentiles, as well as the
fractional cross-sections of the multiplicity intervals for p–Pb and pp are also given. The RMS widths
for the centralities range from about 2 to 4 percentiles for central and peripheral collisions, respectively.

HIJING [42] event generators. The systematic uncertainty of 〈Nch〉 and
〈
Npions

〉
is determined

by comparing PYTHIA to PHOJET (pp) [43], DPMJET to HIJING (p–Pb), and HIJING to
AMPT (Pb–Pb) [44], and amounts to about 5%. The multiplicity intervals,

〈
Npions

〉
, 〈Nch〉, as

well as the average centrality in Pb–Pb and fractional cross sections in pp and p–Pb are given in
Table 1. The collision centrality in Pb–Pb is determined using the charged-particle multiplicity
in the VZERO detectors [35]. As mentioned above, the center-of-mass reference frame for p–Pb
collisions does not coincide with the laboratory frame, where 〈Nch〉 is measured. However, from
studies using DPMJET and HIJING at the generator level, the difference to 〈Nch〉 measured in
the center-of-mass is expected to be smaller than 3%.

4 Analysis technique
To extract the source radii, one can measure two- and three-particle correlation functions as in
Ref [39]. The two-particle correlation function

C2(p1, p2) = α2
N2(p1, p2)

N1(p1)N1(p2)
(1)

is constructed using the momenta pi, and is defined as the ratio of the inclusive two-particle
spectrum over the product of the inclusive single-particle spectra. Both are projected onto

4



Freeze-out radii in pp, p–Pb and Pb–Pb from three-pion cumulants ALICE Collaboration

the Lorentz invariant relative momentum q =
√
−(p1− p2)µ(p1− p2)µ and the average pion

transverse momentum kT = |~pT,1+~pT,2|/2. The numerator of the correlation function is formed
by all pairs of particles from the same event. The denominator is formed by taking one particle
from one event and the second particle from another event within the same multiplicity interval.
The normalization factor, α2, is determined such that the correlation function equals unity in a
certain interval of relative momentum q. The location of the interval is sufficiently above the
dominant region of QS+FSI correlations and sufficiently narrow to avoid the influence of non-
femtoscopic correlations at large relative momentum. As the width of QS+FSI correlations is
different in all three collision systems, our choice for the normalization interval depends on the
multiplicity interval. For Pb–Pb, the normalization intervals are 0.15 < q < 0.175 GeV/c for
Nrec

pions ≥ 400 and 0.3 < q < 0.35 GeV/c for Nrec
pions < 400. For pp and p–Pb the normalization

interval is 1.0 < q < 1.2 GeV/c.

Following [45, 46], the two-particle QS distributions, NQS
2 , and correlations, CQS

2 , are extracted
from the measured distributions in intervals of kT assuming

C2(q) = N [(1− f 2
c )+ f 2

c K2(q)CQS
2 (q)]B(q) . (2)

The parameter f 2
c characterizes the combined dilution effect of weak decays and long-lived

resonance decays in the “core/halo” picture [47, 48]. In Pb–Pb, it was estimated to be 0.7±0.05
with mixed-charge two-pion correlations [39]. The same procedure performed in pp and p–
Pb data results in compatible values. The FSI correlation is given by K2(q), which includes
Coulomb and strong interactions. For low multiplicities (Nrec

pions < 150), K2(q) is calculated
iteratively using the Fourier transform of the FSI corrected correlation functions. For higher
multiplicities (Nrec

pions ≥ 150), K2(q) is calculated as in Ref. [39] using the THERMINATOR2
model [49, 50]. B(q) represents the non-femtoscopic background correlation, and is taken from
PYTHIA and DPMJET for pp and p–Pb, respectively [24, 26]. It is set equal to unity for Pb–Pb,
where no significant background is expected. In Eq. 2, N is the residual normalization of the
fit which typically differs from unity by 0.01.

The same-charge two-pion QS correlation can be parametrized by

CQS
2 (q) = 1+λ E2

w(Rinv q)e−R2
inv q2

(3)

Ew(Rinv q) = 1+
∞

∑
n=3

κn

n!(
√

2)n
Hn(Rinv q) , (4)

where Ew(Rinvq) is the Edgeworth expansion characterizing deviations from Gaussian behavior,
Hn are the Hermite polynomials, and κn are the Edgeworth coefficients [51]. The first two
relevant Edgeworth coefficients (κ3,κ4) are found to be sufficient to describe the non-Gaussian
features at low relative momentum. The Gaussian functional form is obtained with Ew = 1 (κn =
0) in Eq. 3. The parameter λ characterizes an apparent suppression from an incorrectly assumed
functional form of CQS

2 and the suppression due to possible pion coherence [52]. The parameter
Rinv is the characteristic radius from two-particle correlations evaluated in the pair-rest frame.
The effective intercept parameter is given by λe = λ E2

w(0) [51]. The effective intercept can
be below the chaotic limit of 1.0 for partially coherent emission [33, 39, 52]. The extracted
effective intercept parameter is found to strongly depend on the assumed functional form of
CQS

2 .

5



Freeze-out radii in pp, p–Pb and Pb–Pb from three-pion cumulants ALICE Collaboration

The three-particle correlation function

C3(p1, p2, p3) = α3
N3(p1, p2, p3)

N1(p1)N1(p2)N1(p3)
(5)

is defined as the ratio of the inclusive three-particle spectrum over the product of the inclusive
single-particle spectra. In analogy to the two-pion case, it is projected onto the Lorentz invariant

Q3 =
√

q2
12 +q2

31 +q2
23 and the average pion transverse momentum KT,3 =

|~pT,1+~pT,2+~pT,3|
3 . The

numerator of C3 is formed by taking three particles from the same event. The denominator is
formed by taking each of the three particles from different events. The normalization factor, α3,
is determined such that the correlation function equals unity in the interval of Q3 where each
pair qi j lies in the same interval given before for two-pion correlations.

The extraction of the full three-pion QS distribution, NQS
3 , in intervals of KT,3 is done as in

Ref [39] by measuring

N3(p1, p2, p3) = f1 N1(p1)N1(p2)N1(p3)

+ f2 [N2(p1, p2)N1(p3)+N2(p3, p1)N1(p2)+N2(p2, p3)N1(p1)]

+ f3 K3(q12,q31,q23)NQS
3 (p1, p2, p3) , (6)

where the fractions f1 = (1− fc)
3 + 3 fc(1− fc)

2− 3(1− fc)(1− f 2
c ) = −0.08, f2 = 1− fc =

0.16, and f3 = f 3
c = 0.59 using f 2

c = 0.7 as in the two-pion case. The term N2(pi, p j)N1(pk)
is formed by taking two particles from the same event and the third particle from a mixed
event. All three-particle distributions are normalized to each other in the same way as for
α3. K3(q12,q31,q23) denotes the three-pion FSI correlation, which in the generalized River-
side (GRS) approach [39, 53, 54] is approximated by K2(q12)K2(q31)K2(q23). It was found to
describe the π±π±π∓ three-body FSI correlation to the few percent level [39]. From Eq. 6 one
can extract NQS

3 and construct the three-pion QS cumulant correlation

c3(p1, p2, p3) = N3 [1+[2N1(p1)N1(p2)N1(p3)

− NQS
2 (p1, p2)N1(p3)−NQS

2 (p3, p1)N1(p2)−NQS
2 (p2, p3)N1(p1)

+ NQS
3 (p1, p2, p3)]/N1(p1)N1(p2)N1(p3) ], (7)

where NQS
2 (pi, p j)N1(pk)= [N2(pi, p j)N1(pk)−N1(pi)N1(p j)N1(pk)(1− f 2

c )]/( f 2
c K2). In Eq. 7,

all two-pion QS correlations are explicitly subtracted [31]. The QS cumulant in this form has
FSIs removed before its construction. N3 is the residual normalization of the fit which typically
differs from unity by 0.02. The three-pion same-charge cumulant correlations are then projected
onto 3D pair relative momenta and fit according to an Edgeworth expansion [51]

c3(q12,q31,q23) = 1+λ3 Ew(Rinv,3 q12)Ew(Rinv,3 q31)Ew(Rinv,3 q23)e−R2
inv,3 Q2

3/2. (8)

Rinv,3 and λe,3 = λ3 E3
w(0) are the invariant radius and effective intercept parameter extracted

from three-pion cumulant correlations, respectively. For an exact functional form of c3, λe,3
reaches a maximum of 2.0 for fully chaotic pion emission. Deviations below and above 2.0
can further be caused by incorrect representations of c3, e.g. Gaussian. Equation 8 neglects the
effect of the three-pion phase [30] which was found to be consistent with zero for Pb–Pb central
and mid-central collisions [39].
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Fig. 1: Demonstration of the removal of the K0
s decay from three-pion cumulants. Mixed-charge three-

pion correlations are projected against the relative momentum of a mixed-charge pair (q±∓31 ). The K0
s

decay into a π++π− pair is visible as expected around 0.4 GeV/c. The FSI enhancement of the mixed-
charge pair “31" is also visible at low q±∓31 . FSI corrections are not applied. Systematic uncertainties are
shown by shaded boxes.

The measured correlation functions need to be corrected for finite track momentum resolution
of the TPC which causes a slight broadening of the correlation functions and leads to a slight de-
crease of the extracted radii. PYTHIA (pp), DPMJET (p–Pb) and HIJING (Pb–Pb) simulations
are used to estimate the effect on the fit parameters. After the correction, both fit parameters
increase by about 2% (5%) for the lowest (highest) multiplicity interval. The relative systematic
uncertainty of this correction is conservatively taken to be 1%. The pion purity is estimated to
be about 96%. Muons are found to be the dominant source of contamination, for which we
apply corrections to the correlation functions as described in Ref. [39]. The correction typically
increases the radius (intercept) fit parameters by less than 1% (5%). The corresponding system-
atic uncertainty is included in the comparison of the mixed-charged correlation with unity (see
below).

5 Results
The absence of two-particle correlations in the three-pion cumulant can be demonstrated via
the removal of known two-body effects such as the decay of K0

s into a π++π− pair (Fig. 1).
The mixed-charge three-pion correlation function (C±±∓3 ) projected onto the invariant relative
momentum of one of the mixed-charge pairs in the triplet exhibits the K0

s peak as expected
around q±∓ = 0.4 GeV/c, while it is removed in the cumulant.

In Fig. 2 we present three-pion correlation functions for same-charge (top panels) and mixed-
charge (bottom panels) triplets in pp, p–Pb, and Pb–Pb collision systems in three sample mul-
tiplicity intervals. For same-charge triplets, the three-pion cumulant QS correlation (c±±±3 ) is
clearly visible. For mixed-charge triplets the three-pion cumulant correlation function (c±±∓3 )
is consistent with unity, as expected when FSIs are removed. Gaussian as well as Edgeworth
fits are performed in three dimensions (q12,q31,q23). Concerning Edgeworth fits, different val-
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Fig. 2: Three-pion correlation functions versus Q3 for 0.16 < KT,3 < 0.3 GeV/c in pp, p–Pb and Pb–Pb
collision data compared to PYTHIA, DPMJET and HIJING generator-level calculations. Top panels are
for same-charge triplets, while bottom panels are for mixed-charge triplets.

ues of the κ coefficients correspond to different spatial freeze-out profiles. In order to make a
meaningful comparison of the characteristic radii across all multiplicity intervals and collision
systems, we fix κ3 = 0.1 and κ4 = 0.5. The values are determined from the average of free fits to
c±±±3 for all multiplicity intervals, KT,3 intervals and systems. The RMS of both κ3 and κ4 dis-
tributions is 0.1. Also shown in Fig. 2 are model calculations of c3 in PYTHIA (pp), DPMJET
(p–Pb) and HIJING (Pb–Pb), which do not contain QS+FSI correlations and demonstrate that
three-pion cumulants, in contrast to two-pion correlations [24, 26], do not contain a significant
non-femtoscopic background, even for low multiplicities.

The systematic uncertainties on C3 are conservatively estimated to be 1% by comparing π+ to
π− correlation functions and by tightening the track merging and splitting cuts. The systematic
uncertainty on c±±±3 is estimated by the residual correlation observed with c±±∓3 relative to
unity. The residual correlation leads to a 4% uncertainty on λe,3 while having a negligible effect
on Rinv,3. The uncertainty on fc leads to an additional 10% uncertainty on c3−1 and λe,3. We
also investigated the effect of setting fc = 1 and thus f1 = 0, f2 = 0, f3 = 1.0 in Eq. 6 and found
a negligible effect on Rinv,3, while significantly reducing λe,3 as expected when the dilution is
not adequately taken into account.

Figures 3(a) and 3(b) show the three-pion Gaussian fit parameters for low and high KT,3 inter-
vals, respectively. The 〈kT〉 values for low (high) kT are 0.25 (0.43) GeV/c. The resulting pair kT
distributions in the triplet KT,3 intervals have RMS widths for the low (high) KT,3 of 0.12 (0.14)
in pp and p–Pb and 0.04 (0.09) GeV/c in Pb–Pb collisions. The 〈kT〉 values for low (high) KT,3
are 0.24 (0.39) GeV/c. We also show the fit parameters extracted from two-pion correlations in
order to compare to those extracted from three-pion cumulants. For Pb–Pb, the Gaussian radii
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(a) Low kT and KT,3 (b) High kT and KT,3

Fig. 3: Two- and three-pion Gaussian fit parameters versus 〈Nch〉 in pp, p–Pb and Pb–Pb collision systems
for low and high kT and KT,3 intervals. Top panels show the Gaussian radii RG

inv and RG
inv,3 and bottom

panels show the effective Gaussian intercept parameters λ G
e and λ G

e,3. The systematic uncertainties are
dominated by fit range variations and are shown by bounding lines and shaded boxes for two- and three-
particle parameters, respectively. The dashed and dash-dotted lines represent the chaotic limits for λ G

e
and λ G

e,3, respectively.

extracted from three-pion correlations are about 10% smaller than those extracted from two-
pion correlations, which may be due to the non-Gaussian features of the correlation function.
A clear suppression below the chaotic limit is observed for the effective intercept parameters
in all multiplicity intervals. The suppression may be caused by non-Gaussian features of the
correlation function and also by a finite coherent component of pion emission [33, 39, 52].

The systematic uncertainties on the fit parameters are dominated by fit-range variations, espe-
cially in the case of Gaussian fits to non-Gaussian correlation functions. The chosen fit range
for c3 varies smoothly between Q3 = 0.5 and 0.1 GeV/c from the lowest multiplicity pp to the
highest multiplicity Pb–Pb intervals. For C2, the fit ranges are chosen to be

√
2 times narrower.

The characteristic width of Gaussian three-pion cumulant QS correlations projected against Q3
is a factor of

√
2 times that of Gaussian two-pion QS correlations projected against q [32, 33].

As a variation we change the upper bound of the fit range by ±30% for three-pion correlations
and two-pion correlations in Pb–Pb. For pp and p–Pb, owing to the larger background present
for two-pion correlations, we extend the fit range to q = 1.2 GeV/c for the upper variation. The
non-femtoscopic background in Eq. 2 has a non-negligible effect on the extracted radii in the
extended fit range. The resulting systematic uncertainties are fully correlated for three-pion fit
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(a) Low kT and KT,3 (b) High kT and KT,3

Fig. 4: Two- and three-pion Edgeworth fit parameters versus 〈Nch〉 in pp, p–Pb and Pb–Pb collision
systems for low and high kT and KT,3 intervals. Top panels show the Edgeworth radii REw

inv and REw
inv,3 and

bottom panels show the effective intercept parameters λ
Ew
e and λ

Ew
e,3 . As described in the text, κ3 and κ4

are fixed to 0.1 and 0.5, respectively. The systematic uncertainties are dominated by fit-range variations
and are shown by bounding lines and shaded boxes for two- and three-particle parameters, respectively.
The dashed and dash-dotted lines represent the chaotic limits for λ

Ew
e and λ

Ew
e,3 , respectively.

parameters for each collision system, since the fit-range variations have the same effect in each
multiplicity interval. The systematic uncertainties for the two-pion fit parameters are largely
correlated and are asymmetric due to the different fit-range variations. We note that the radii
in pp collisions at

√
s = 7 TeV from our previous two-pion measurement [26] are about 25%

smaller than the central values extracted in this analysis. The large difference is attributed to the
narrower fit range in this analysis. In [24, 26] the chosen Gaussian fit range was q < 1.4 GeV/c,
while here it is q < 0.35 GeV/c for the lowest multiplicity interval. The narrower fit range is
chosen based on observations made with three-pion cumulants for which two-pion background
correlations are removed. It is observed in Fig. 2 that even for low multiplicities, the dominant
QS correlation is well below Q3 = 0.5 GeV/c. The presence of the non-femtoscopic back-
grounds can also bias the radii from two-pion correlations in wide fit ranges and is suppressed
with three-pion cumulant correlations.

To further address the non-Gaussian features of the correlation functions, we also extract the
fit parameters from an Edgeworth parametrization with κ3 = 0.1 and κ4 = 0.5 as shown in
Figs. 4(a) and 4(b). We observe that the Edgeworth radii in Pb–Pb are significantly larger than
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(a) p–Pb compared to pp (b) p–Pb compared to Pb–Pb

Fig. 5: Comparisons of same-charge three-pion cumulant correlation functions at similar multiplicity for
0.16 < KT,3 < 0.3 GeV/c.

the Gaussian radii. However, they should not be directly compared as they correspond to differ-
ent source profiles. Compared to the Gaussian radii, the Edgeworth radii extracted from two-
and three-pion correlations are in much better agreement. This suggests that the discrepancy
between two- and three-pion Gaussian radii are indeed caused by non-Gaussian features of the
correlation function. Concerning the effective intercepts, we observe a substantial increase as
compared to the Gaussian case. The qualities of the Gaussian and Edgeworth fits for three-
pion cumulant correlations vary depending on the multiplicity interval. The χ2/NDF for the
Gaussian (Edgeworth) fit in the highest multiplicity Pb–Pb interval is 30 (16). The χ2/NDF
decreases significantly for lower multiplicity intervals to about 3 for peripheral Pb–Pb, as well
as all pp and p–Pb multiplicity intervals, for both Gaussian and Edgeworth fits. The Edgeworth
χ2/NDF is a few percent smaller than for Gaussian fits in low multiplicity intervals.

Due to the asymmetry of the p–Pb colliding system, the extracted fit parameters in −0.8 < η <
−0.4 and 0.4 < η < 0.8 pseudorapidity intervals are compared. The radii and the effective
intercept parameters in both intervals are consistent within statistical uncertainties.

The extracted radii in each multiplicity interval and system correspond to different 〈Nch〉 values.
To compare the radii in pp and p–Pb at the same 〈Nch〉 value, we perform a linear fit to the
pp three-pion Edgeworth radii as a function of 〈Nch〉1/3. We then compare the extracted p–Pb
three-pion Edgeworth radii to the value of the pp fit evaluated at the same 〈Nch〉. We find that the
Edgeworth radii in p–Pb are on average 10±5% larger than for pp in the region of overlapping
multiplicity. The comparison of Pb–Pb to p–Pb radii is done similarly where the fit is performed
to p–Pb data and compared to the two-pion Pb–Pb Edgeworth radii. The Edgeworth radii in
Pb–Pb are found to be on average 45± 10% larger than for p–Pb in the region of overlapping
multiplicity. The ratio comparison as it is done exploits the cancellation of the largely correlated
systematic uncertainties.

To be independent of the assumed functional form for c3, the same-charge three-pion cumulant
correlation functions are directly compared between two collision systems at similar multiplic-
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ity. Fig. 5(a) shows that while the three-pion correlation functions in pp and p–Pb collisions
are different, their characteristic widths are similar. It is therefore the λe,3 values which differ
the most between the two systems. Fig. 5(b) shows that the correlation functions in p–Pb and
Pb–Pb collisions are generally quite different.

6 Summary
Three-pion correlations of same- and mixed-charge pions have been presented for pp (

√
s = 7

TeV), p–Pb (
√

sNN = 5.02 TeV) and Pb–Pb (
√

sNN = 2.76 TeV) collisions at the LHC, measured
with ALICE. For the first time, freeze-out radii using Gaussian and Edgeworth fits have been
extracted from the three-pion cumulant QS correlation and presented in intervals of multiplicity
and triplet momentum. Compared to the radii from two-pion correlations, the radii from three-
pion cumulant correlations are less susceptible to non-femtoscopic background correlations due
to the increased QS signal and the removal of two-pion backgrounds.

The deviation of Gaussian fits below the observed correlations at low Q3 clearly demonstrates
the importance of non-Gaussian features of the correlation functions. The effective intercept
parameters from Gaussian fits are significantly below the chaotic limits, while the corresponding
Edgeworth effective intercepts are much closer to the chaotic limit.

At similar multiplicity, the invariant radii extracted from Edgeworth fits in p–Pb collisions are
found to be 5–15% larger than those in pp, while those in Pb–Pb are 35–55% larger than those
in p–Pb. Hence, models which incorporate substantially stronger collective expansion in p–Pb
than pp collisions at similar multiplicity are disfavored. The comparability of the extracted radii
in pp and p–Pb collisions at similar multiplicity is consistent with expectations from CGC initial
conditions (IP-Glasma) without a hydrodynamic phase [17]. The smaller radii in p–Pb as com-
pared to Pb–Pb collisions may demonstrate the importance of different initial conditions on the
final-state, or indicate significant collective expansion already in peripheral Pb–Pb collisions.
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R. Sahoo45 , P.K. Sahu57 , J. Saini126 , S. Sakai68 ,70 , C.A. Salgado16 , J. Salzwedel19 , S. Sambyal86 ,
V. Samsonov81 , X. Sanchez Castro51 , F.J. Sánchez Rodríguez114 , L. Šándor55 , A. Sandoval60 ,
M. Sano122 , G. Santagati27 , D. Sarkar126 , E. Scapparone101 , F. Scarlassara28 , R.P. Scharenberg91 ,
C. Schiaua74 , R. Schicker89 , C. Schmidt93 , H.R. Schmidt33 , S. Schuchmann49 , J. Schukraft34 ,
M. Schulc37 , T. Schuster131 , Y. Schutz109 ,34 , K. Schwarz93 , K. Schweda93 , G. Scioli26 ,
E. Scomparin107 , R. Scott120 , G. Segato28 , J.E. Seger82 , I. Selyuzhenkov93 , J. Seo92 ,
E. Serradilla10 ,60 , A. Sevcenco58 , A. Shabetai109 , G. Shabratova62 , R. Shahoyan34 , A. Shangaraev108 ,
N. Sharma120 ,57 , S. Sharma86 , K. Shigaki43 , K. Shtejer25 , Y. Sibiriak96 , S. Siddhanta102 ,
T. Siemiarczuk73 , D. Silvermyr80 , C. Silvestre67 , G. Simatovic123 , R. Singaraju126 , R. Singh86 ,
S. Singha75 ,126 , V. Singhal126 , B.C. Sinha126 , T. Sinha97 , B. Sitar36 , M. Sitta30 , T.B. Skaali21 ,
K. Skjerdal17 , N. Smirnov131 , R.J.M. Snellings53 , C. Søgaard32 , R. Soltz71 , J. Song92 , M. Song132 ,
F. Soramel28 , S. Sorensen120 , M. Spacek37 , I. Sputowska112 , M. Spyropoulou-Stassinaki84 ,
B.K. Srivastava91 , J. Stachel89 , I. Stan58 , G. Stefanek73 , M. Steinpreis19 , E. Stenlund32 , G. Steyn61 ,
J.H. Stiller89 , D. Stocco109 , M. Stolpovskiy108 , P. Strmen36 , A.A.P. Suaide115 , T. Sugitate43 ,
C. Suire47 , M. Suleymanov15 , R. Sultanov54 , M. Šumbera79 , T. Susa94 , T.J.M. Symons70 ,
A. Szabo36 , A. Szanto de Toledo115 , I. Szarka36 , A. Szczepankiewicz34 , M. Szymanski128 ,
J. Takahashi116 , M.A. Tangaro31 , J.D. Tapia Takaki,viii,47 , A. Tarantola Peloni49 ,
A. Tarazona Martinez34 , M.G. Tarzila74 , A. Tauro34 , G. Tejeda Muñoz2 , A. Telesca34 , C. Terrevoli23 ,
J. Thäder93 , D. Thomas53 , R. Tieulent124 , A.R. Timmins117 , A. Toia104 ,49 , H. Torii121 ,
V. Trubnikov3 , W.H. Trzaska118 , T. Tsuji121 , A. Tumkin95 , R. Turrisi104 , T.S. Tveter21 , J. Ulery49 ,
K. Ullaland17 , A. Uras124 , G.L. Usai23 , M. Vajzer79 , M. Vala55 ,62 , L. Valencia Palomo66 ,47 ,
S. Vallero25 ,89 , P. Vande Vyvre34 , L. Vannucci69 , J. Van Der Maarel53 , J.W. Van Hoorne34 ,
M. van Leeuwen53 , A. Vargas2 , M. Vargyas118 , R. Varma44 , M. Vasileiou84 , A. Vasiliev96 ,
V. Vechernin125 , M. Veldhoen53 , A. Velure17 , M. Venaruzzo24 ,69 , E. Vercellin25 , S. Vergara Limón2 ,
R. Vernet8 , L. Vickovic111 , G. Viesti28 , J. Viinikainen118 , Z. Vilakazi61 , O. Villalobos Baillie98 ,
A. Vinogradov96 , L. Vinogradov125 , Y. Vinogradov95 , T. Virgili29 , V. Vislavicius32 , Y.P. Viyogi126 ,
A. Vodopyanov62 , M.A. Völkl89 , K. Voloshin54 , S.A. Voloshin129 , G. Volpe34 , B. von Haller34 ,
I. Vorobyev125 , D. Vranic93 ,34 , J. Vrláková38 , B. Vulpescu66 , A. Vyushin95 , B. Wagner17 ,
J. Wagner93 , V. Wagner37 , M. Wang7 ,109 , Y. Wang89 , D. Watanabe122 , M. Weber34 ,117 ,
S.G. Weber93 , J.P. Wessels50 , U. Westerhoff50 , J. Wiechula33 , J. Wikne21 , M. Wilde50 , G. Wilk73 ,
J. Wilkinson89 , M.C.S. Williams101 , B. Windelband89 , M. Winn89 , C. Xiang7 , C.G. Yaldo129 ,

19



Freeze-out radii in pp, p–Pb and Pb–Pb from three-pion cumulants ALICE Collaboration

Y. Yamaguchi121 , H. Yang53 , P. Yang7 , S. Yang17 , S. Yano43 , S. Yasnopolskiy96 , J. Yi92 , Z. Yin7 ,
I.-K. Yoo92 , I. Yushmanov96 , V. Zaccolo76 , C. Zach37 , A. Zaman15 , C. Zampolli101 ,
S. Zaporozhets62 , A. Zarochentsev125 , P. Závada56 , N. Zaviyalov95 , H. Zbroszczyk128 , I.S. Zgura58 ,
M. Zhalov81 , H. Zhang7 , X. Zhang70 ,7 , Y. Zhang7 , C. Zhao21 , N. Zhigareva54 , D. Zhou7 , F. Zhou7 ,
Y. Zhou53 , Zhou, Zhuo17 , H. Zhu7 , J. Zhu109 ,7 , X. Zhu7 , A. Zichichi26 ,12 , A. Zimmermann89 ,
M.B. Zimmermann34 ,50 , G. Zinovjev3 , Y. Zoccarato124 , M. Zyzak49 ,39

Affiliation notes
i Deceased

ii Also at: St. Petersburg State Polytechnical University
iii Also at: Department of Applied Physics, Aligarh Muslim University, Aligarh, India
iv Also at: M.V. Lomonosov Moscow State University, D.V. Skobeltsyn Institute of Nuclear

Physics, Moscow, Russia
v Also at: University of Belgrade, Faculty of Physics and "Vinča" Institute of Nuclear Sciences,
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